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PREFACE 

Wind energy is clean and sustainable. It is one of the fastest growing renewable energy 
resources. The conversion of wind kinetic energy into electric energy is of a multidis-
ciplinary nature, involving aerodynamics, mechanical systems, electric machines, 
power electronics, control theory, and power systems. In the past, a number of books 
have addressed some of these subjects. This book explores the power conversion and 
control of wind energy conversion systems (WECS) from the electrical engineering 
perspective. It provides a comprehensive and in-depth analysis of wind generators, 
system configurations, power converters, control schemes, and dynamic/steady-state 
performance of various practical wind energy systems. 

The book contains nine chapters. Chapter 1 provides a market survey and an 
overview of wind turbine technology, wind energy system classifications, costs, and 
grid codes for wind power integration. Chapter 2 introduces the fundamentals and con-
trol principles of wind energy systems, including wind turbine components, aerody-
namics, stall and pitch controls, and maximum power point tracking schemes. Chapter 
3 presents commonly used wind generators, including squirrel cage induction genera-
tors, doubly fed induction generators, and synchronous generators. The dynamic and 
steady-state models of these generators are also derived to facilitate the analysis of 
wind energy systems in the subsequent chapters. 

Chapter 4 discusses various power converters and PWM schemes used in wind en-
ergy systems. Both voltage and current source converters are presented with an em-
phasis on high-power wind energy system. Chapter 5 presents a general overview of 
configurations and characteristics of major practical WECS. Chapter 6 focuses on 
fixed-speed, inductor generator based wind energy systems; important issues such as 
grid connection, two-speed operation, and reactive power compensation are discussed. 

Chapter 7 deals with wind energy systems with variable-speed, squirrel cage induc-
tion generators (SCIG), in which typical system configurations and advanced control 
schemes such as field oriented controls (FOC) and direct torque control (DTC) are 
elaborated. Chapter 8 discusses doubly fed induction generator (DFIG) systems, where 
the subsynchronous and supersynchronous modes of operation are investigated. Chap-
ter 9 is dedicated to variable-speed, synchronous generator wind systems, in which 
various control schemes, including zero d-axis current (ZDC) control, maximum 

xi 
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XII PREFACE 

torque per ampere (MTPA) control, and unity power factor (UPF) control, are ana-
lyzed in detail. 

To help the reader understand the principle and operation of various wind energy 
conversion systems, we have developed more than 30 case studies in the body of the 
book and more than 100 solved problems in Appendix C—Problems and Solutions. 
Therefore, this book is not only for academic researchers and practicing engineers as a 
reference book, but also suitable for graduate students and final-year undergraduate 
students as a textbook. 

We would like to express our sincere appreciation to Mr. Venkata Yaramasu, our 
Ph.D. student in the Laboratory for Electric Drive Applications and Research 
(LEDAR) at Ryerson University, for his great assistance in preparing the appendices 
and the first three sections of Chapter 4. We would like to thank our postdoctoral fel-
lows and graduate students in LEDAR, in particular, Dr. Victor F. Liu, Dr. Moya J. 
Dai, Mr. Ning Zhu, and Mr. Ehsan Al-Nabi, for their kind assistance in preparing the 
manuscript. Our special thanks go to Wiley/IEEE Press editors for their great help and 
support. We also wish to acknowledge the support and inspiration of our families dur-
ing the preparation of this book. 

BINWU 

YONGQIANG LANG 

NAVID ZARGARI 

SAMIR KOURO 

Toronto, Ontario, Canada 
January 2011 
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INTRODUCTION 

1.1 INTRODUCTION 

Over the last twenty years, renewable energy sources have been attracting great atten-
tion due to the cost increase, limited reserves, and adverse environmental impact of 
fossil fuels. In the meantime, technological advancements, cost reduction, and govern-
mental incentives have made some renewable energy sources more competitive in the 
market. Among them, wind energy is one of the fastest growing renewable energy 
sources [1]. 

Wind energy has been used for hundreds of years for milling grains, pumping wa-
ter, and sailing the seas. The use of windmills to generate electricity can be traced back 
to the late nineteenth century with the development of a 12 kW DC windmill generator 
[2]. It is, however, only since the 1980s that the technology has become sufficiently 
mature to produce electricity efficiently and reliably. Over the past two decades, a va-
riety of wind power technologies have been developed, which have improved the con-
version efficiency of and reduced the costs for wind energy production. The size of 
wind turbines has increased from a few kilowatts to several megawatts each. In addi-
tion to on-land installations, larger wind turbines have been pushed to offshore loca-
tions to harvest more energy and reduce their impact on land use and landscape. 

This chapter provides an overview of wind energy conversion systems (WECS) and 
their related technologies. The aim of the chapter is to provide a background on sever-

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 1 
© 2011 the Institute of Electrical and Electronics Engineers, Inc. Published 2011 by John Wiley & Sons, Inc. 

www.EngineeringEBooksPdf.com



2 INTRODUCTION 

al aspects related to this exciting technology and market trends such as installed capac-
ity, growth rate, and costs. The details of turbine components, system configurations, 
and control schemes are analyzed in depth in the subsequent chapters. 

1.2 OVERVIEW OF WIND ENERGY CONVERSION SYSTEMS 

1.2.1 Installed Capacity and Growth Rate 

Installed wind power capacity has been progressively growing over the last two 
decades. Figure 1-1 shows the evolution of cumulative installed capacity worldwide as 
of 2009 [3]. The installed capacity of global wind power has increased exponentially 
from approximately 6 GW in 1996 to 158 GW by 2009. The wind industry has 
achieved an average growth rate of over 25% since 2000, and is expected to continue 
this trend in the coming years. This impressive growth has been spurred by the contin-
uous cost increase of classic energy sources, cost reduction of wind turbines, govern-
mental incentive programs, and public demand for cleaner energy sources. 

Figure 1-2 shows the cumulative installed wind power capacity of the top ten coun-
tries in the world as of 2009 [3]. Although Europe has maintained its role as the largest 
wind power producer as a region, the Unites States has surpassed the long-time world 
leader Germany by increasing its installed capacity of almost 50% in just two years. It 
has now an installed capacity of 35 GW, equivalent to 22.3% of the global installed ca-
pacity. Asian countries are catching up, mainly driven by the markets in China and In-
dia. In fact, China doubled its installed capacity in one year, and is expected to contin-
ue to grow at a fast pace in the next few years. 

Although this sustained growth is impressive, the real challenge is to increase the 
share of wind power in relation to total power generation. For example, Germany gen-
erated 6.4% of its total power demand from the wind in 2009, whereas in the United 
States this ratio is only 1.8%. In contrast, Demark, Portugal, and Spain lead in this as-
pect, with over 20%, 15%, and 13% of wind power penetration, respectively. 

Figure 1-1. Global annual and cumulative installed wind power capacity. 
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Figure 1 -2. Top ten countries in cumulative installed wind power capacity as of 2009. 

1.2.2 Small and Large Wind Turbines 

Wind turbines range from a few kilowatts for residential or commercial use to several 
megawatts in large wind farms. Small-to-medium-size wind turbines are normally be-
low 300 kW, and can be installed at homes, farms, and businesses to offset the con-
sumption of utility power. Small wind power units can be used in combination with 
other energy sources such as photovoltaic power and diesel generators to form a stand-
alone/off-grid generation system for remote areas, where access to the power grid is 
difficult or costly. 

On the other hand, the size of large wind turbines has steadily increased over the 
years. The evolution in turbine size can be clearly appreciated in Figure 1-3. Starting 
with a 50 kW power rating and a 15 m rotor radius in the early 1980s, wind turbines 
can be found today up to 7.5 MW with a rotor diameter of 126 m. It is expected that a 
10 MW wind turbine will be developed in the future with a turbine rotor diameter of 
145 m, which is approximately twice the length of a Boeing 747 airplane. 

The increase in wind turbine size implies more power output since the energy cap-
tured is a function of the square of the rotor radius. This can be observed by correlating 
the rotor diameter and tower height to the power rating of the wind turbines shown in 
Figure 1-3. Larger wind turbines often result in reduced cost since their production, in-
stallation, and maintenance costs are lower than the sum of smaller wind turbines 
achieving the same power output. 

1.2.3 Stand-Alone and Grid-Connected Applications 

The wind turbines can operate as stand-alone units of small power capacity to power 
villages, farms, and islands where access to the utility grid is remote or costly. Since 
the power generated from the wind is not constant, other energy sources are normally 
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Figure 1 -3. Evolution of wind turbine size (0: rotor diameter; H: tower height). 

required in stand-alone systems. It is common that a stand-alone wind energy system 
operates with diesel generators, photovoltaic energy systems, or energy storage sys-
tems to form a more reliable distributed generation (DG) system [4]. Due to its limited 
applications, stand-alone wind power constitutes only a small fraction of the total in-
stalled wind capacity in the world. 

The majority of wind turbines operating in the field are grid-connected, and the 
power generated is directly uploaded to the grid. As most generators operate at a few 
hundred volts (typically 690 V), transformers are used to increase the generator volt-
age to tens of kilovolts, for example, 35 kV, for wind farm substations. This voltage is 
stepped up further by the substation transformer, which connects the wind farm to the 
grid as shown in Figure 1-4. 

1.2.4 On-Land and Offshore Applications 

Large capacity wind farms have traditionally been placed on land for several reasons: 
easy construction, low maintenance cost, and proximity to transmission lines. On the 
other hand, offshore wind farms are also commercially viable. One of the main rea-
sons for the offshore wind farm development is the lack of suitable wind resources 
on land. This is particularly the case in densely populated areas such as in some 
European countries. Another important reason is that the offshore wind speed is of-
ten significantly higher and steadier than that on land. Considering that the energy 
obtained by wind turbines is proportional to the cube of the wind speed, the turbines 
can capture more energy when operating offshore. Moreover, the environmental im-
pact, such as audible noise and visual impact, is minimal in offshore applications. 
These factors are the primary drivers for the development of offshore wind turbine 
technology. 

www.EngineeringEBooksPdf.com



1.2 OVERVIEW OF WIND ENERGY CONVERSION SYSTEMS 5 

I Wind farm 

1̂V 
Grid 

35kV 

690V VQD-

690V K£> 

690V U2> 

<2> 
Wind Farm 
Substation 

Figure 1-4. Example of a grid-connected wind farm. 

Although offshore turbine prototypes can be found around the world, only a limited 
number of countries (mostly in Europe) have operational offshore wind farms. The 
biggest players in this area are the United Kingdom, Denmark, and the Netherlands, as 
shown in Figure 1-5 [5]. Although the total European offshore capacity of 2056 MW 
as of 2009 accounts for only 1.3% of total installed wind power capacity, offshore 
wind energy is a fast-growing market, as shown in Figure 1-6 [5]. The installed capac-
ity increased from less than 0.1 GW in 2000 to more than 2 GW in 2009. 

In addition, offshore wind resources are enormous. For instance, the offshore wind 
resources in Europe are several times the total European electricity consumption [6]. 
Some offshore wind farms scheduled to be commissioned in the near future will reach 
a capacity of more than 1 GW each. Examples of on-land and offshore wind farms are 
given in Tables 1-1 and 1-2, respectively, where the location, number of turbines, tur-
bine size, suppliers, and production dates are provided. The photographs of some of 
these wind farms are shown in Figure 1-7. 

Figure 1-5. Installed European offshore wind power capacity as of 2009. 
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Figure 1-6. Annual and cumulative installed European offshore wind power capacity. 

Table 1-1. Examples of on-land wind farms 

Parameter 

Location 

Number of turbines 
Power rating 
Area 
Turbine model/supplier 

Production date 

Roscoe 

Texas, USA 

627 
781.5 MW 
404.7 km2 

Mitsubishi 1000 A, 
GE, and Siemens 

2009 

Whitelee 

Glasgow, Scotland 

140 
322 MW 

72.52 km2 

Siemens 2.3 MW 

2009 

Bowbeat 

Moorfoot Hills, 
Scotland 

24 
31.2MW 

Nordex N60 

2002 

Table 1-2. Examples of offshore wind farms 

Parameter London Array Horns Rev Nysted/Rodsand I 

Location 
Distance from shore 
Number of turbines 
Power rating 
Area 
Internal bus voltage 
Turbine model/supplier 
Transmission line 
Offshore substations 
Production date 

London, UK 
20 km 

341 
1GW 

245 km2 

33 kV 
Siemens SWT-3.6 

150 kV subsea cable 
Two 

2012 (expected) 

Jutland, Denmark 
14-24 km 

80 
160 MW 
20 km2 

34 kV 
Vestas V80 2MW 

150 kV subsea cable 
One 
2002 

Lolland, Denmark 
10.8 km 

72 
166 MW 
26 km2 

33 kV 
Siemens SWT-2.3 

132 kV subsea cable 
One 
2003 
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(a) Bowbeat wind farm 
(photo courtesy E.ON) 

(b) Rodsand I wind farm 
(photo courtesy E.ON) 

Figure 1-7. Examples of on-land and offshore wind farms. 

The increase of turbine power capacity and reduction of maintenance costs are cru-
cial for offshore wind farms. The average power rating of installed offshore wind tur-
bines was around 2.9 MW as of 2009 [5], and the power rating of the generators for 
offshore applications is expected to increase in the next decade. To reduce the mainte-
nance cost, direct-driven wind turbines using low-speed permanent magnet synchro-
nous generators (PMSGs) is a viable technology. The maintenance costs for these tur-
bines are reduced due to elimination of the gearbox and brushes. For offshore wind 
farms, the foundation and transmission cable add significantly to the total project 
costs. A comparison summary of on-land and offshore farms is given in Table 1-3. The 
wind resources, capital/maintenance costs, and energy production are the critical fac-
tors to be considered in the development of offshore wind farms. 

Table 1 -3. Comparison between offshore and on-land wind turbines 

Resources 

Power transmission 

Environmental impact 

Operation 

Description 

Wind speed 

Limits in available 
land/area 

HVDC/HVAC 

Visual impact 
Acoustic noise 

Access 
Erosion 
Capital cost 
Maintenance cost 
Energy production 

On-land 

Adequate 

Yes 

Location dependent 

Yes for nearby residents 
Yes for nearby residents 

Convenient 
Low 
Low 
Low 
Good 

Offshore 

Higher and 
steadier 

No 

Required 

No 
No 

Inconvenient 
High 
High 
High 
Better 
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1.2.5 Costs of Wind Energy Conversion Systems 

The cost of electricity from wind power has declined steadily over the past two 
decades. When the first utility-scale turbines were installed in the early 1980s, wind-
generated electricity cost $0.3 per kWh. Today, wind power plants can generate elec-
tricity for $0.07 to $0.12 per kWh [7]. Compared with other clean energy resources, 
such as photovoltaic (PV) energy and solar thermal energy, wind energy is one of the 
most economically viable renewable energy resources, as illustrated in Figure 1-8 [8], 
Note that for a given energy source, the cost for energy production is not constant, but 
varies with the power rating, operating condition, location, and technology used. 

Table 1-4 gives the cost breakdown of a typical 2 MW wind turbine [9]. Around 
75% of the total cost is directly related to the turbine, which includes rotor blades, 
gearbox, generator, power converters, nacelle, and tower. The other costs include grid 
connection, foundation construction, land rent, electric installation, and road construc-
tion. 

One of the most effective methods for reduction in cost of per installed kilowatt is 
to increase the turbine size. As the swept area covered by the rotor blades grows pro-
portionally to the square of the blade length, there is a favorable nonlinearity between 
the blade length and the captured wind power. A clear example has been given in Fig-
ure 1-3, in which a 50 kW wind turbine in 1980 had a rotor diameter of 15 m, and the 
turbine size was increased to 7.5 MW in 2010 with a rotor diameter of 126 m. The tur-
bine rotor diameter and the power rating have been increased by 8.4 and 150 times, re-
spectively. The increase in the power rating is also facilitated by the increase in tower 
height for larger turbines. 

Table 1-5 gives typical costs for 10 kW, 50 kW, and 1.7 MW wind turbines in-
stalled in the mid-2000s [10]. The cost per installed kilowatt for these turbines was 

Figure 1-8. Cost range of different energy sources. 
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Table 1 -4. Cost breakdown of a typical 2 MW 
wind turbine 

Component Share of total cost, % 

Turbine 75.6 
Grid connection 8.9 
Foundation 6.5 
Land rent 3.9 
Electric installation 1.5 
Consultancy 1.2 
Financial costs 1.2 
Road construction 0.9 
Control systems 0.3 

$5760, $3300, and $1680, respectively. Obviously, the larger the wind turbines, the 
lower the cost per kilowatt installed. This also explains the rapid development of large 
megawatt turbine technology in the past years. 

The total cost of wind energy systems is also affected by the location of wind tur-
bines. Offshore wind turbines are normally more costly than on-land turbines mainly 
due to higher turbine installation and power transmission costs. Figure 1-9 gives an es-
timated cost of offshore and on-land turbines from year 2000 to 2020 [11]. With the 
technological advancements, total cost of both offshore and on-land turbines will de-
crease in the coming years. Although the offshore wind turbines cost more than the on-
land turbines, the greater energy output of offshore turbines can compensate for the 
higher initial costs. This is one of the reasons making offshore wind power generation 
attractive. 

1.3 WIND TURBINE TECHNOLOGY 

The wind turbine is one of the most important elements in wind energy conversion sys-
tems. Over the years, different types of wind turbines have been developed [12]. This 
section provides an overview of wind turbine technologies, including horizontal/ 
vertical-axis turbines and fixed/variable-speed turbines. 

Table 1 -5. Costs of small and large wind turbines installed in the mid-2000s 

Item 

Rated output power 
Turbine cost 
Installation 
Total installed cost 
Total cost per kW installed 

Small wind turbine 

10 kW 
$32,500 
$25,100 
$57,600 

$5,760 

50 kW 
$110,000 
$55,000 

$165,000 
$3,300 

Large wind turbine 

1.7 MW 
$2,074,000 

$782,000 
$2,856,000 

$1,680 
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Figure 1 -9. Comparison of total installed costs for on-land and offshore wind energy systems. 

1.3.1 Horizontal- and Vertical-Axis Wind Turbines 

Wind turbines can be categorized based on the orientation of their spin axis into hori-
zontal-axis wind turbines (HAWT) and vertical-axis wind turbines (VAWT) [12], as 
shown in Figure 1-10. 

In horizontal-axis wind turbines, the orientation of the spin axis is parallel to the 
ground as shown in Figure 1-10a. The tower elevates the nacelle to provide sufficient 

Figure 1-10. Horizontal- and vertical-axis wind turbines. 
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space for the rotor blade rotation and to reach better wind conditions. The nacelle sup-
ports the rotor hub that holds the rotor blades and also houses the gearbox, generator, 
and, in some designs, power converters. The industry standard HAWT uses a three-
blade rotor positioned in front of the nacelle, which is known as upwind configuration. 
However, downwind configurations with the blades at the back can also be found in 
practical applications. Turbines with one, two, or more than three blades can also be 
seen in wind farms. 

In vertical-axis wind turbines, the orientation of the spin axis is perpendicular to the 
ground. The turbine rotor uses curved vertically mounted airfoils. The generator and 
gearbox are normally placed in the base of the turbine on the ground, as shown in Fig-
ure l-10b. The rotor blades of the VAWT have a variety of designs with different 
shapes and number of blades. The design given in the figure is one of the popular de-
signs. The VAWT normally needs guide wires to keep the rotor shaft in a fixed posi-
tion and minimize possible mechanical vibrations. 

A comparison between the horizontal- and vertical-axis turbine technologies is 
summarized in Table 1-6. The HAWT features higher wind energy conversion effi-
ciency due to the blade design and access to stronger wind, but it needs a stronger tow-
er to support the heavy weight of the nacelle and its installation cost is higher. On the 
contrary, the VAWT has the advantage of lower installation costs and easier mainte-
nance due to the ground-level gearbox and generator installation, but its wind energy 
conversion efficiency is lower due to the weaker wind on the lower portion of the 
blades and limited aerodynamic performance of the blades. In addition, the rotor shaft 
is long, making it prone to mechanical vibrations. It is these disadvantages that hinder 
the practical application of vertical-axis turbines for large-scale wind energy conver-
sion. Horizontal-axis turbines dominate today's wind market, especially in large com-
mercial wind farms. 

Table 1 -6. Comparison between horizontal- and vertical-axis wind turbines 

Turbine type Advantages Disadvantages 

HAWT • Higher wind energy conversion 
efficiency 

• Access to stronger wind due to 
high tower 

• Power regulation by stall and 
pitch angle control at high wind 
speeds 

• Higher installation cost, stronger 
tower to support heavy weight of 
nacelle 

• Longer cable from the top of tower 
to ground 

• Orientation required (yaw control) 

VAWT • Lower installation cost and easier 
maintenance due to the ground-level 
gearbox and generator 

• Operation independent of wind 
direction 

• Suitable for rooftops (stronger wind 
without need of tower) 

Lower wind energy conversion 
efficiency 
Higher torque fluctuations and 
prone to mechanical vibrations 
Limited options for power 
regulation at high wind speeds 
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1.3.2 Fixed- and Variable-Speed Turbines 

Wind turbines can also be classified into fixed-speed and variable-speed turbines [13]. 
As the name suggests, fixed-speed wind turbines rotate at almost a constant speed, 
which is determined by the gear ratio, the grid frequency, and the number of poles of 
the generator. The maximum conversion efficiency can be achieved only at a given 
wind speed, and the system efficiency degrades at other wind speeds. The turbine is 
protected by aerodynamic control of the blades from possible damage caused by high 
wind gusts. The fixed-speed turbine generates highly fluctuating output power to the 
grid, causing disturbances to the power system. This type of turbine also requires a 
sturdy mechanical design to absorb high mechanical stresses [14]. 

On the other hand, variable-speed wind turbines can achieve maximum energy con-
version efficiency over a wide range of wind speeds. The turbine can continuously ad-
just its rotational speed according to the wind speed. In doing so, the tip speed ratio, 
which is the ratio of the blade tip speed to the wind speed, can be kept at an optimal val-
ue to achieve the maximum power conversion efficiency at different wind speeds [12]. 

To make the turbine speed adjustable, the wind turbine generator is normally con-
nected to the utility grid through a power converter system [13]. The converter system 
enables the control of the speed of the generator that is mechanically coupled to the ro-
tor (blades) of the wind turbine. As shown in Table 1-7, the main advantages of the 
variable-speed turbine include increased wind energy output, improved power quality, 
and reduced mechanical stress [14]. The main drawbacks are the increased manufac-
turing cost and power losses due to the use of power converters. Nevertheless, the ad-
ditional cost and power losses are compensated for by the higher energy production. 

Furthermore, the smoother operation provided by the controlled generator reduces 
mechanical stress on the turbine, the drive train and the supporting structure. This has 
enabled manufacturers to develop larger wind turbines that are more cost-effective. 
Due to the above reasons, variable-speed turbines dominate the present market. 

1.3.3 Stall and Pitch Aerodynamic Power Controls 

Turbine blades are aerodynamically optimized to capture the maximum power from 
the wind in normal operation with a wind speed in the range of about 3 to 15 m/s. In 

Table 1 -7. Advantages and drawbacks of fixed- and variable-speed wind turbines 

Speed mode Advantages Disadvantages 

Fixed speed • Simple, robust, reliable • Relatively low energy-conversion 
• Low cost and maintenance efficiency 

• High mechanical stress 
• High power fluctuations to the grid 

Variable speed • High-energy conversion efficiency • Additional cost and losses due to 
• Improved power quality use of converters 
• Reduced mechanical stress • More complex control system 
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1.4 WIND ENERGY CONVERSION SYSTEM CONFIGURATIONS 13 

order to avoid damage to the turbine at a high wind speed of approximately 15 to 25 
m/s, aerodynamic power control of the turbine is required. There are a number of dif-
ferent ways to control aerodynamic forces on the turbine blades, the most commonly 
used methods being pitch and stall controls [2]. 

The simplest control method is the passive stall control, in which the blades of the 
turbine are designed such that when the wind speed exceeds the rated wind speed of 
about 15 m/s, air turbulence is generated on the blade surface that is not facing the 
wind. The turbulence reduces the lift force on the blade, resulting in a reduction in cap-
tured power, which prevents turbine damage. Since there are no mechanical actuators, 
sensors, or controllers, the power control by passive stall is robust and cost-effective. 
The main disadvantage of this method is the reduction in power-conversion efficiency 
at low wind speeds. Passive stall is normally used in small-to-medium-size WECS. 

Pitch control is normally used for large wind turbines. During normal operating 
conditions with the wind speed in the range from 3 to 15m/s, the pitch angle is set at its 
optimal value to capture the maximum power from the wind. When the wind speed be-
comes higher than the rated value, the blade is turned out of the wind direction to re-
duce the captured power [12]. The blades are turned in their longitudinal axis, chang-
ing the pitch angle through a hydraulic or electromechanical device located in the rotor 
hub attached to a gear system at the base of each blade. As a result, the power captured 
by the turbine is kept close to the rated value of the turbine. 

In cases in which the wind speed is higher than the limit of about 25 m/s, the blades 
are pitched completely out of the wind (fully pitched or feathered), and thus no power 
is captured. This method is effective in protecting the turbine and the supporting struc-
ture from damage caused by strong wind gusts. When the blades are fully pitched, the 
rotor is locked by a mechanical brake, and the turbine is in the parking mode. The ma-
jor disadvantages of pitch control include the extra complexity and cost due to the 
pitch mechanism, and the power fluctuations during strong wind gusts due to slow 
pitch-control dynamics. 

Another aerodynamic power control method is active stall control, which is essen-
tially a pitch-control mechanism with the difference that the angle of attack of the 
blade is turned into the wind, causing stall (turbulence on the back of the blade), in-
stead of being turned out of the wind. Active stall mechanism is an improvement over 
the passive stall, and can improve the power conversion efficiency at low wind speeds 
and limit the maximum captured power in high wind gusts. However, as with pitch-
controlled WECS, it is a complex system. Active stall methods are normally used in 
medium-to-large-size WECS. 

1.4 WIND ENERGY CONVERSION SYSTEM CONFIGURATIONS 

The generator and power converter in a wind energy conversion system are the two 
main electrical components. Different designs and combinations of these two compo-
nents lead to a wide variety of WECS configurations [13], which can be classified into 
three groups: (1) fixed-speed WECS without power converter interface, (2) WECS us-
ing reduced-capacity converters, and (3) full-capacity converter operated WECS. 
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1.4.1 Fixed-Speed WECS without Power Converter Interface 

A typical configuration of WECS without a power converter interface is illustrated in 
Figure 1-11, where the generator is connected to the grid through a transformer. A 
squirrel cage induction generator (SCIG) is exclusively used in this type of WECS, 
and its rotational speed is determined by the grid frequency and the number of poles of 
the stator winding. For a four-pole megawatt generator connected to a grid of 60 Hz, 
the generator operates at a speed slightly higher than 1800 rpm. At different wind 
speeds, the generator speed varies within 1% of its rated speed. The speed range of the 
generator is so small that this system is often known as a fixed-speed WECS, as men-
tioned earlier. 

A gearbox is normally required to match the speed difference between the turbine 
and generator such that the generator can deliver its rated power at the rated wind 
speed. This configuration requires a soft starter to limit high inrush currents during 
system start-up, but the soft starter is bypassed by a switch after the system is started. 
During normal operation, the system does not need any power converter. A three-
phase capacitor bank is usually required to compensate for the reactive power drawn 
by the induction generator. 

This wind energy system features simplicity, low manufacturing/maintenance costs, 
and reliable operation. The main drawbacks include: (1) the system delivers the rated 
power to the grid only at a given wind speed, leading to low energy conversion effi-
ciency at other wind speeds; and (2) the power delivered to the grid fluctuates with the 
wind speed, causing disturbances to the grid. Despite its disadvantages, this wind ener-
gy system is still widely accepted in industry with a power rating up to a couple of 
megawatts. Examples of practical fixed-speed WECS are given in Table 1-8. 

1.4.2 Variable-Speed Systems with Reduced-Capacity 
Converters 

Variable-speed operation has a series of advantages over fixed-speed wind systems. It 
increases the energy conversion efficiency and reduces mechanical stress caused by 
wind gusts. The latter has a positive impact on the design of the structure and mechan-
ical parts of the turbine and enables the construction of larger wind turbines. It also re-

Figure 1-11. Wind energy conversion system without power converter interface. 
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Table 1 -8. Example of commercial fixed-speed WECS 

Parameter Vestas V82-1.65 

Power rating 1.65 MW 
Turbine diameter 82 m 
Numbers of blades 3 
Turbine speed 14.4 rpm 
Wind speed (cut-in/rated/cut-out) 3.5/13/20 m/s 
Generator SCIG 
Gearbox Planetary/helical stages 
Pitch/stall mechanism Active stall 

Photo courtesy Vestas Wind Systems A/S. 

duces the wear and tear on the gearbox and bearings, expanding the life cycle and re-
ducing the maintenance requirements. The main drawback of variable-speed WECS is 
the need for a power converter interface to control the generator speed, which adds 
cost and complexity to the system. However, the power converter decouples the gener-
ator from the grid, which enables the control of the grid-side active and reactive power 
[13]. 

Variable-speed WECS can be further divided into two types based on the power rat-
ing of the converter with respect to the total power of the system: reduced-capacity 
power converter and full-capacity power converter. The variable-speed WECS with re-
duced-capacity converters are only feasible with wound-rotor induction generators 
(WRIG) since variable-speed operation can be achieved by controlling the rotor cur-
rents without the need to process the total power of the system. There are two designs 
for the WRIG configurations: one with a converter-controlled variable resistance, and 
the other with a four-quadrant power converter system. 

Wound Rotor Induction Generator with Variable Rotor Resistance. 
Figure 1-12 shows a typical block diagram of the WRIG wind energy system with a 
variable resistance in the rotor circuit. The change in the rotor resistance affects the 
torque/speed characteristic of the generator, enabling variable-speed operation of the 
turbine. The rotor resistance is normally made adjustable by a power converter. The 
speed adjustment range is typically limited to about 10% above the synchronous speed 
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Figure 1-12. Variable-speed configuration with variable rotor resistance. 

of the generator [15]. With variable-speed operation, the system can capture more 
power from the wind, but also has energy losses in the rotor resistance. This configura-
tion also requires a soft starter and reactive power compensation. The WRIG with vari-
able rotor resistance has been in the market since the mid 1990s with a power rating up 
to a couple of megawatts. A practical example of this configuration and its respective 
parameters are given in Table 1-9. 

Doubly Fed Induction Generator with Rotor Converter. A typical block 
diagram of the doubly fed induction generator (DFIG) wind energy system is shown in 

Table 1-9. Example of commercial WECS with variable 
rotor resistance 

Parameter Vestas V80-1.8US 

Power rating 1.8 MW 
Turbine diameter 80 m 
Turbine speed 15.5 or 16.8 rpm 
Wind speed (cut-in/rated/cut-out) 4/15/25 m/s 
Generator WRIG 
Gearbox Planetary/parallel axle 
Pitch/stall mechanism Pitch 

Photo courtesy Vestas Wind Systems A/S. 
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Figure 1-13. Variable-speed configuration with reduced-capacity converters. 

Figure 1-13. The configuration of this system is the same as that of the WRIG system 
except that (1) the variable resistance in the rotor circuit is replaced by a grid-connect-
ed power converter system, and (2) there is no need for the soft starter or reactive pow-
er compensation. The power factor of the system can be adjusted by the power con-
verters. The converters only have to process the slip power in the rotor circuits, which 
is approximately 30% of the rated power of the generator, resulting in reduced con-
verter cost in comparison to the wind energy systems using full-capacity converters 
[13]. Examples of this configuration are given in Table 1-10. 

The use of the converters also allows bidirectional power flow in the rotor circuit 
and increases the speed range of the generator. This system features improved overall 
power conversion efficiency, extended generator speed range (±30%), and enhanced 
dynamic performance as compared to the fixed-speed WECS and the variable resis-
tance configuration. These features have made the DFIG wind energy system widely 
accepted in today's market. 

1.4.3 Variable-Speed Systems with Full-Capacity Power 
Converters 

The performance of the wind energy system can be greatly enhanced with the use of a 
full-capacity power converter. Figure 1-14 shows such a system in which the generator 
is connected to the grid via a full-capacity converter system [13]. Squirrel cage induc-
tion generators, wound rotor synchronous generators, and permanent magnet synchro-
nous generators (PMSG) have all found applications in this type of configuration with 
a power rating up to several megawatts. The power rating of the converter is normally 
the same as that of the generator. With the use of the power converter, the generator is 
fully decoupled from the grid, and can operate in full speed range. This also enables 
the system to perform reactive power compensation and smooth the grid connection. 
The main drawback is a more complex system with increased costs. 

It is noted that the wind energy system can operate without the need for a gearbox if 
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Table 1-10. Examples of commercial DFIG WECS 

Model 

Parameter NordexNIOO Vestas V90 Repower 5M 

Power rating 
Turbine diameter 
Turbine speed 
Wind speed 

(cut-in/rated/cut-out) 
Generator 
Gearbox 
Pitch/stall mechanism 

2.5 MW 
100 m 

9.6 ~ 14.9 rpm 
3/13/20 m/s 

3MW 
9 0m 

8.6- 18.4 rpm 
3.5/15/25 m/s 

5MW 
126 m 

7.7-12.1 rpm 
3.5/14/25 m/s 

6-pole WRIG 4-pole WRIG 6-pole WRIG 
Planetary/spur stages Planetary/helical stages Planetary/spur stages 

Pitch Pitch Pitch 

Photos courtesy (from left to right) Nordex, Vestas Wind Systems A/S, and REpower Systems AG. 

Figure 1-14. Variable-speed configurations with full-capacity converters. 

a low-speed synchronous generator with a large number of poles is used. The elimina-
tion of the gearbox improves the efficiency of the system and reduces initial costs and 
maintenance. However, a low-speed generator has a substantially larger diameter to 
accommodate the large number of poles on the perimeter, which may lead to an in-
crease in generator and installation costs. 

Examples of commercial full-capacity power converter operated WECS with 
geared and gearless designs are listed in Table 1-11, where the system power rating, 
turbine speed, generator type, and power converter topology are provided. Some of the 
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Table 1-11. Examples of variable-speed configurations with full-capacity converters 

Parameter 

Power rating 
Turbine diameter 
Turbine speed 
Wind speed (cut-in/ 

rated/cut-out) 
Gearbox 
Generator 
Converter system 
Pitch/stall 

mechanism 

Enercon E-82E3 

3MW 
82 m 

6 ~ 18.5 rpm 
na/na/28-34 m/s 

Gearless (direct drive) 
Multipole WRSG 

Diode + boost + 2L-VSC 
Pitch 

Model 

Vestas V-l 12 

3MW 
112m 

4 ~ 17.7 rpm 
3/12/25 m/s 

Planetary/spur stages 
PMSG 

na 
Pitch 

Avantis AV928 

2.5 MW 
93.2 m 

6 ~ 18 rpm 
3/11.3/25-30 m/s 

Gearless (direct drive) 
120-pole PMSG 

4-quadrant 2L-VSC 
Pitch 

Parameter Clipper Liberty 2.5 Siemens SWT 3.0-101 Goldwind 2.5 PMDD 

Power rating 
Turbine diameter 
Turbine speed 
Wind speed (cut-in/ 

rated/cut-out) 
Gearbox 
Generator 
Converter system 
VSC 
Pitch/stall 

mechanism 

2.5 MW 
100 m (C-100 model) 

9 .6- 15.5 rpm 
4/na/25 m/s 

Distributed gearbox 
4 x PMSG 

4 x diode + 2L-VSC 

Pitch 

3MW 
101 m 

6 ~ 16 rpm 
3/13/25 m/s 

Gearless (direct drive) 
Multipole PMSG 

4-quadrant 

Pitch 

2.5 MW 
99.8 m 

6.5 ~ 14.5 rpm 
3/13.5/25 m/s 

Gearless (direct drive) 
Multipole PMSG 

diode + boost + 2L 

Pitch 

Photos courtesy (left to right, top to bottom) ENERCON GmbH, Vestas Wind Systems A/S, Avantis, Clip-
per Windpower Inc., Siemens Wind Power A/S, and Goldwind. 
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most common converter topologies used for this type of WECS include two-level volt-
age source converter (2L-VSC) in back-to-back configuration, diode-bridge rectifier 
plus DC-DC boost stage and 2L-VSC, and three-level neutral point clamped converter 
(3L-NPC) in back-to-back configuration. 

1.5 GRID CODE 

Grid codes have been developed and enforced in many countries for many years. They 
ensure applications of uniform standards for power systems and provide a framework 
for manufacturers to develop their equipment. Grid codes are usually based on the ex-
perience acquired through the operation of power systems and may vary from one util-
ity to another. Differences in various grid codes also stem from regional and geograph-
ical conditions. However, the key elements in the different grid codes remain similar 
across the globe since their ultimate goal is to ensure safe, reliable, and economic oper-
ation of the power system. 

Due to the rapid development of renewable energies and their integration into the 
grid, the grid codes in many countries have been updated to address issues related to 
renewable energy power generation [16]. According to the updated grid codes, wind 
farms tend to be considered as power generation plants, which should perform in a 
similar manner to conventional power-generation plants. The main elements in the 
grid codes include fault ride-through requirements, active/reactive power control, fre-
quency/voltage regulation, power quality, and system protection. The following sub-
section only provides a brief overview of fault ride-through requirements and reactive 
power control. 

1.5.1 Fault Ride-Through Requirements 

Grid disturbances such as severe voltage dips caused by short-circuit faults can lead to 
power-generating units disconnected from the grid, which may cause instability in the 
grid. To avoid this, the grid code requires power-generating units to remain connected and 
continuously operated even if the voltage dips reaches very low values. The depth and du-
ration of the voltage dips are usually defined by a voltage-time diagram. Figure 1-15 
shows an example of low-voltage ride-through (LVRT) requirements during grid faults, 
where VN is the nominal voltage of the grid [17]. Above the limit line, a power-generat-
ing system must remain connected during the fault even when the grid voltage falls to 
zero with duration of less than 150 ms. The system is allowed to be disconnected from 
the grid only when the voltage dips are in the area below the limit line. The grid codes 
also require the system to supply a certain amount of reactive current to support the grid 
voltage during the fault [18]. It is noted that the limits and ranges for the LVRT require-
ments vary with the grid operators in different countries, but they all share a common 
background and purpose. Most WECS equipped with full-capacity converters are capa-
ble of meeting the requirements. 

www.EngineeringEBooksPdf.com



1.5 GRID CODE 21 

Figure 1-15. Example of grid requirements for low-voltage ride-through. 

1.5.2 Reactive Power Control 

Like the conventional power plants, wind turbines or wind farms are required to pro-
vide reactive power to the grid. Figure 1-16 shows an example of the range of the reac-
tive power versus the active power for a power-generating unit [16]. Take a large 
megawatt wind turbine as an example. When the wind turbine deliveries the rated ac-
tive power (1 pu) to the grid, it should be able to produce a maximum reactive power 
of ±0.33 pu to support the grid voltage. This corresponds to a 0.95 lagging and leading 

PIP, rated (pu) 
k PF 

^0 .95 lead 

. . PF 
^-0.835 lead 

- ¿33 

PF 
0.95 lag -M 

PF 
0.835 lag^x 

/ '■ ó. 33 

1.0 

0.8 

0.6 

0.5 

0.4 

0.2 

0 
-0.4 -0.3 -0.2 -0.1 0 0.1 0.2 0.3 QIPrated (pu) 

Figure 1-16. Example of reactive power requirements during system normal operation. 
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power factor, respectively. Similarly, when the wind turbine produces an active power 
of 0.5 pu, it should be capable of providing a reactive power up to ±0.33 pu, which 
corresponds to a 0.835 lagging and leading power factor, respectively. This require-
ment can be fulfilled by a properly designed variable-speed WECS. Note that the reac-
tive power requirements given in Figure 1-16 are only examples, and different require-
ments may be specified in various grid codes across the globe. 

1.6 SUMMARY 

This chapter provided an overview of wind energy conversion systems. The basic 
concepts, facts, current state, and market trends of wind power technology were pre-
sented. The fundamentals of wind energy systems were discussed, including stand-
alone and grid-connected operations, on-land and offshore applications, horizontal-
and vertical-axis wind turbines, fixed- and variable-speed operations, stall and pitch 
angle controls, and grid codes. The technical background provided in this chapter 
complements the in-depth analysis of wind energy systems covered in the other chap-
ters of the book. 
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2 

FUNDAMENTALS OF WIND 
EVERGY CONVERSION 

SYSTEM CONTROL 

2.1 INTRODUCTION 

A wind energy conversion system (WECS) transforms wind kinetic energy to mechan-
ical energy by using rotor blades. This energy is then transformed into electric energy 
by a generator. The system is made up of several components, participating directly in 
the energy conversion process. There are also other components that assist the system 
to achieve this task in a controlled, reliable, and efficient way. In order to better under-
stand the process of wind energy conversion, descriptions of the major parts of a wind 
turbine are given in this chapter. 

Since the energy source for a WECS is wind kinetic energy, wind speed plays a 
key role in several aspects of the conversion process, especially in relation to the 
maximum power output. Therefore, this chapter introduces basic concepts of and re-
lations between wind speed and power captured by the blades. This provides the nec-
essary insight to explain how the power output of a wind turbine can be regulated by 
adjusting the blade pitch angle or by controlling the generator's torque or speed. 
These power control methods are essential to ensure a maximum power output over 
a wide range of wind speeds. They also enable reliable and safe operation, protecting 
the mechanical and structural parts of the wind turbine from damage during strong 
wind gusts. 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 2 5 
© 2011 the Institute of Electrical and Electronics Engineers, Inc. Published 2011 by John Wiley & Sons, Inc. 
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26 FUNDAMENTALS OF WIND ENERGY CONVERSION SYSTEM CONTROL 

This chapter provides a brief overview of wind turbines, blade aerodynamic power 
control, and maximum power tracking schemes. The basic concepts introduced in this 
chapter lay the background for better understanding of materials in the subsequent 
chapters. 

2.2 WIND TURBINE COMPONENTS 

A wind turbine is composed of several parts to achieve kinetic-to-electric energy con-
version. The side view of a typical wind turbine is shown in Figure 2-1. There are sev-
eral variants to this layout of components, particularly for direct-drive (gearless) wind 
turbines. Nonetheless, the figure serves as a general reference to locate and describe 
the different parts in modern wind turbines. 

The wind kinetic energy is converted to mechanical energy by the blades mounted 
on the rotor hub. The rotor hub is installed on the main shaft, also known as the low-
speed shaft. The mechanical energy is transmitted through the drive train (shafts, bear-
ings, and gearbox) to the generator, which converts mechanical energy into electric en-
ergy. This conversion is usually assisted by a power converter system which delivers 
the power from the generator to the grid. Most of the wind turbine components are en-
closed in a nacelle on top of the tower. 

There are other parts that are not directly involved in the power conversion but are 
important to ensure the proper, efficient, and reliable operation of the system. Exam-
ples include the pitch system, yaw system, mechanical brake, wind speed and direction 

Figure 2-1. Main components of a wind turbine (photo courtesy Bosch Rexroth AG). 
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sensors, power distribution cables, heat dissipation/exchange system, lightning protec-
tion system, and structural components such as the tower, foundation, and nacelle en-
closure. Large wind turbines are also equipped with an uninterruptable power supply 
or backup energy system that ensures uninterrupted operation of essential parts such as 
the control system, pitch drive, and brakes. 

In direct-drive (gearless) turbines, the absence of the gearbox and high-speed shaft 
leads to a more compact drive train and, hence, a shorter nacelle. However, the wider 
diameter of low-speed generators requires a taller nacelle structure. This phenomenon 
is more evident in wound rotor synchronous generators than permanent-magnet syn-
chronous generators. 

2.2.1 Turbine Blade 

The blade is the most distinctive and visible component of a wind turbine. It is also re-
sponsible for carrying out one of the most essential tasks of the energy conversion 
process: transforming the wind kinetic energy into rotational mechanical energy. 
Blades have greatly evolved in aerodynamic design and materials from the early wind-
mill blades made of wood and cloth. Modern blades are commonly made of aluminum, 
fiberglass, or carbon-fiber composites that provide the necessary strength-to-weight ra-
tio, fatigue life, and stiffness while minimizing the weight [1]. 

Although single- and two-bladed wind turbines have found practical applications, 
the three-blade rotor is considered the industry standard for large wind turbines. Tur-
bines with fewer blades operate at higher rotational speeds. This is an advantage from 
the drive train point of view since they require a gearbox with a lower gear ratio, which 
translates into lower cost. In addition, fewer blades imply lower costs. However, 
acoustic noise increases proportionally to the blade tip speed. Therefore, acoustic noise 
is considerably higher for single- and two-bladed turbines, which is considered an im-
portant problem, particularly in populated areas. 

Singe-blade turbines have an asymmetrical mechanical load distribution. The tur-
bine rotors are aerodynamically unbalanced, which can cause mechanical vibrations. 
Moreover, higher rotational speed imposes more mechanical stress on the blade, tur-
bine structure, and other components, such as bearings and gearbox, leading to more 
design challenges and lower life span. 

Rotors with more than three blades are not common since they are more expensive 
(more blades). Operating at lower rotational speeds requires a higher gear ratio. The 
lagging wind turbulence of one blade can affect the other blades since they are closer 
to each other. Hence, the three-blade rotor presents the best trade-off between mechan-
ical stress, acoustic noise, cost, and rotational speed for large wind turbines. 

The aerodynamic operating principle of the turbine blade is similar to the wings of 
an airplane. It can be explained by Bernoulli's principle, which states that as the speed 
of a moving fluid (liquid or gas) increases, the pressure within the fluid decreases [2]. 
The curved shape of the blade creates a difference between the wind speed above (vwl) 
and below (vw2) the blade, as illustrated in Figure 2-2. The airflow above the blade is 
faster than the one below (vwi > vw2), which, according to the Bernoulli's principle, has 
the inverse effect on the pressure (pw2

 >pw\)- The pressure difference between the top 
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Figure 2-2. Wind turbine blade aerodynamics and angle of attack. 

and bottom of the blade results in a net lift force Fw on the blade. The force applied at a 
certain distance of a pivot (the turbine shaft) produces torque, which creates the rota-
tional movement of the wind turbine. 

One of the important parameters for controlling the lift force of the blade is the an-
gle of attack a, which is defined as the angle between the direction of the wind speed 
vw and the cord line of the blade as shown in Figure 2-2. For a given blade, its lift force 
Fw can be adjusted by a. When this angle is equal to zero, no lift force or torque will be 
produced, which often occurs when the wind turbine is stopped (parked) for mainte-
nance or repair. 

The power of an air mass flowing at speed vw through an area/i can be caldulated by 

Pw=\pAvl (2.1) 

where p is the air density in kg/m3, A is the sweep area in m2, and vw is the wind speed 
in m/s. The air density p is a function of air pressure and air temperature. At sea level 
and temperature of 15°C, air has a density of approximately 1.2 kg/m3. 

The wind power captured by the blade and converted into mechanical power can be 
calculated by 

PM=\pAvlCp (2.2) 

where Cp is the power coefficient of the blade. This coefficient has a theoretical maxi-
mum value of 0.59 according to the Betz limit. With today's technology, the power co-
efficient of a modern turbine usually ranges from 0.2 to 0.5, which is a function of ro-
tational speed and number of blades. For a three-blade turbine with a rotor diameter of 
82 m and power coefficient of Cp = 0.36, the captured power is 2 MW at a wind speed 
of 12 m/s and air density of p = 1.225 kg/m3. 

As can be observed from Equation (2.2), there are three possibilities for increasing 
the power captured by a wind turbine: the wind speed vw, the power coefficient Cp, and 
the sweep area A. Since wind speed cannot be controlled, the only way to increase 
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wind speed is to locate the turbines in regions with higher average wind speeds. An ex-
ample is the offshore wind farm, where the wind speed is usually higher and steadier 
than that on land. The captured power is a cubic function of the wind speed. Doubling 
the average wind speed would increase the wind power by eight times. 

Second, the wind turbine can be designed with larger sweep area (i.e., longer 
blades) to capture more power. The sweep area is given by A = TTP, where / is the blade 
length. An increase in the blade length has a quadratic effect on the sweep area and the 
captured power. This explains the trend of increasing the rotor diameter experienced 
during the last decade. Finally, the third way of increasing the captured power is by 
improving the power coefficient of the blade through a better aerodynamic design. 

Additional blade requirements, such as lightning protection, audible noise reduc-
tion, transportation, optimum shape and weight, as well as manufacturability, make the 
blade design a challenging task. Blade manufacturing is a tedious process and requires 
careful planning and large factory space. It is a combination of automated and manual 
processes. Considering that the blade length of a 5 MW wind turbine is as long as a 
Boeing 747, as shown in Figure 1-3, one can appreciate the complexity and potential 
manufacturing issues. The blade transportation and installation are other great chal-
lenges. The transportation and related costs are one of the reasons why the size of the 
blade are expected to increase at a slower pace in the future compared to the rapid de-
velopments experienced in the last decade. 

2.2.2 Pitch Mechanism 

The pitch mechanism in large wind turbines enables the rotation of the blades on their 
longitudinal axis. It can change the angle of attack of the blades with respect to the 
wind, by which the aerodynamic characteristics of the blade can be adjusted. This pro-
vides a degree of control over the captured power to improve conversion efficiency or 
to protect the turbine. When the wind speed is at or below its rated value, the angle of 
attack of the blades is kept at an optimal value, at which the turbine can capture the 
maximum power available from the wind. When the wind speed exceeds the rated val-
ue, the pitch mechanism is activated to regulate and limit the output power, thus keep-
ing the power output within the designed capability. For this purpose, a pitch range of 
around 20 to 25 degrees is usually sufficient. When the wind speed increases further 
and reaches the limit of the turbine, the blades are completely pitched out of the wind 
(fully pitched or feathering), and no power will be captured by the blades. The wind 
turbine is then shut down and protected. 

The pitch mechanism can be either hydraulic or electric. Electric pitch actuators are 
more common nowadays since they are simpler and require less maintenance. Tradi-
tionally, all blades on the rotor hub are pitched simultaneously by one pitch mecha-
nism. Modern wind turbines are often designed to pitch each blade individually, allow-
ing an independent control of the blades and offering more flexibility. The pitch 
system is usually placed in the rotor hub together with a backup energy storage system 
for safety purposes (an accumulator for the hydraulic type or a battery for the electric 
type). An electric pitch mechanism is shown in Figure 2-3, where the three motor dri-
ves and pitch gears can be seen inside the rotor hub. 
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Figure 2-3, Blade pitch system with three pitch drives and gears (photo courtesy Bosch 
Rexroth AG). 

2.2.3 Gearbox 

The rotor of a large three-blade wind turbine usually operates in a speed range from 
6-20 rpm. This is much slower than a standard 4- or 6-pole wind generator with a rat-
ed speed of 1500 or 1000 rpm for a 50 Hz stator frequency and 1800 or 1200 rpm for a 
60 Hz stator frequency. Therefore, a gearbox is necessary to adapt the low speed of the 
turbine rotor to the high speed of the generator. 

The gearbox conversion ratio (rgb), also known as the gear ratio, is designed to 
match the high-speed generator with the low-speed turbine blades. For a given rated 
speed of the generator and turbine, the gearbox ratio can be determined by 

nm ( l - j ) - 6 0 - / t 
r«*=T = J~n ( 3) 

where nm and nM are the generator and turbine rated speeds in rpm, s is the rated s\ip,fs 

is the rated stator frequency in Hz, and P is the number of pole pairs of the generator. 
The rated slip is usually less than 1% for large induction generators, and zero for syn-
chronous generators. Considering the rated slip of 1% for an induction generator, the 
gear ratio as a function of the rated turbine speed is given in Figure 2-4 for different 
pole numbers and rated stator frequencies. 

The wind turbine gearboxes normally have multiple stages to achieve the high con-
version ratio needed to couple the turbine rotor and generator. For example, with a rat-
ed turbine rotor speed of 15 rpm and a 4-pole, 50 Hz induction generator, a gear ratio 
of 100 is needed according to Figure 2-4, which is difficult to achieve by one gear 
stage. Among the type of gear stages are the planetary, helical, parallel shaft, spur, and 
worm types. Two or more gear types may be combined in multiple stages. The gear-
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Figure 2-4. Gear ratio versus the rated turbine speed. 

boxes are generally made of superior quality aluminum alloys, stainless steel, and cast 
iron. An example of a multistage gearbox is shown in Figure 2-5, which has two plan-
etary stages and one parallel shaft stage with a gear ratio of 78:1 or 136:1 designed for 
a megawatt wind turbine. 

The gearbox usually generates a high level of audible noise. The noise mainly aris-
es from the meshing of individual teeth. The efficiency of the gearbox normally varies 
between 95% and 98%. The gearbox is a major contributor to the cost of the wind tur-
bine in terms of initial investment and maintenance. 

Random changes in wind speed and strong wind gusts result in sudden load varia-
tions on the gearbox. These sudden changes produce wear and tear on the gearbox, re-
ducing its life span. As a result, the gearbox needs regular maintenance. The elimina-
tion of the gearbox contributes to reliability improvements and cost reduction. In order 
to eliminate the gearbox, a generator with the same rated rotational speed of the tur-

Fiqure 2-5. Gearbox of a large wind turbine (photo courtesy GE Drivetrain Technologies). 
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bine rotor is required. This can be achieved by a low-speed generator. Gearless config-
urations have been adopted by several manufacturers due to the reduced cost, mainte-
nance, audible noise, and power losses. 

Single-stage gearboxes have also been used in practical wind turbines. This is 
achieved by using a special medium-speed generator that has a proper number of poles 
and operates at certain stator frequencies. Compared with the multistage gearbox, the 
single-stage gearbox is more reliable and costs less. 

2.2.4 Rotor Mechanical Brake 

A mechanical brake is normally placed on the high-speed shaft between the gearbox and 
the generator, as shown in Figure 2-1, but there are some turbines in which the brake is 
mounted on the low-speed shaft between the turbine and gearbox. The main advantage 
of placing the brake on the high-speed shaft is that it handles much lower braking torque. 
The brake is normally used to aid the aerodynamic power control (stall or pitch) to stop 
the turbine during high speed winds or to lock the turbine into a parking mode during 
maintenance. Hydraulic and electromechanical disc brakes are often used [2]. Figure 2-
6 illustrates an electromechanical disc brake used on a high-speed shaft. 

To minimize the wear and tear on the brake and reduce the stress on drive train dur-
ing the braking process, most large wind turbines use the aerodynamic power control 
to reduce the turbine speed to a certain level or zero, and then the mechanical brake to 
stop or lock the wind turbine. However, the mechanical brake should be able to bring 

Figure 2-6. Electromechanical disc brake for high-speed shaft (photo courtesy Hanning & 
Kahl). 
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the turbine rotor to a complete stop at any wind speeds, as required by some standards 
such as IEC61400-1. 

2.2.5 Generator 

The conversion of rotational mechanical energy to electric energy is performed by the 
generator. Different generator types have been used in wind energy systems over the 
years. These include the squirrel cage induction generator (SCIG), doubly fed induc-
tion generator (DFIG), and synchronous generator (SG) (wound rotor and permanent 
magnet) with power ratings from a few kilowatts to several megawatts [4]. The operat-
ing principles, characteristics, and mathematical models of these generators will be 
presented in Chapter 3. 

The SCIG is simple and rugged in construction. It is relatively inexpensive and re-
quires minimum maintenance. Traditional direct grid-connected wind energy systems 
are still available in today's market. All these turbines use SCIGs and operate at a 
fixed speed. Two-speed SCIGs are also commercially available, in which a tapped sta-
tor winding can be adapted to change the pole pairs to allow two-speed operation. An 
example of a 2 MW two-speed SCIG with 6/4 poles rated at 1000/1500 rpm is shown 
in Figure 2-7a. The SCIGs are also employed in variable-speed wind energy systems. 
To date, the largest SCIG wind energy systems are around 3.5 MW in offshore wind 
farms. 

The DFIG is the current workhorse of the wind energy industry. The stator of the 
generator is connected to the grid directly, while the rotor is interfaced with the grid 
through a power converter system with reduced power capacity. The DFIG typically 
operates about 30% above and below synchronous speed, sufficient for most wind 
speed conditions. It also enables generator-side active power control and grid-side re-
active power control. The reduced-capacity converter is less expensive and requires 
less space, which makes the DFIG WECS popular in today's market. An example of a 
large DFIG is shown in Figure 2-7b. 

The synchronous generator is very well suited for direct-drive wind turbines. 
Wound rotor synchronous generators (WRSGs) and permanent magnet synchronous 
generators (PMSGs) are used in wind energy systems with a maximum power rating 
up to 7.5 MW. Permanent magnet generators have higher efficiency and power density 
as compared to wound rotor generators. Recent trends indicate a move toward direct-
drive turbines with PMSG. Although most SG-based turbines are direct driven, some 
manufacturers have developed SG turbines with gearbox drive trains. Examples are 
given in Figure 2-7 c and d for 4-pole and 120-pole PMSGs, respectively. A multipole 
WRSG for a direct-drive WECS is shown in Figure 2-7e. 

2.2.6 Yaw Drive 

The main function of the yaw drive is to maximize the captured wind energy by keep-
ing the turbine facing into the wind. It usually consists of more than one electric motor 
drive, yaw gear, gear rim, and bearing, as can be observed in Figure 2-8, where a four-
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(a) SCIG (photo courtesy ABB) (b) DFIG (photo courtesy ABB 

(c) Low-pole number PMSG (d) High-pole number PMSG 
(photo courtesy ABB) (photo courtesy Avantis) 

(e) High-pole number WRSG (photo courtesy Enercon GmbH) 

Figure 2-7. Induction and synchronous generators used in modern wind turbines. 

drive yaw system is illustrated. A set of yaw brakes are disposed around the yaw rim to 
lock the position of the turbine when facing the wind or during maintenance. The yaw 
drive uses a planetary gear to lower the rotating speed of the yaw gear. All the motors 
are commanded by the same signals and lock after turning the wind turbine into the de-
sired position. The yaw system typically needs to generate torque from 10,000 to 
70,000 Nm to turn the nacelle. 
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Figure 2-8. Yaw drive system of a large wind turbine (source Nordex). 

In older wind turbines, the yaw control is also used for power regulation. For exam-
ple, to limit the power captured by the turbine during high wind gusts, the turbine can 
be horizontally turned out of the wind. However, this technology is no longer in use 
since the power regulation by means of yaw control is very limited for three reasons. 
First, the large moment of inertia of the nacelle and turbine rotor along the yaw axis re-
duces the speed of response of the yaw system. Second, the cosine relationship be-
tween the component of the wind speed perpendicular to the rotor disc and the yaw an-
gle makes the power capture insensitive to the yaw angle. For example, 15 degrees of 
yaw change only brings power reduction of a few percent. Third, yaw control imposes 
mechanical stress on different parts of the turbine, causing vibrations that could reduce 
the life span of the turbine. 

2.2.7 Tower and Foundation 

The main function of the tower is to support the nacelle and the turbine rotor, and pro-
vide the rotor with the necessary elevation to reach better wind conditions. Most tow-
ers for wind turbines are made of steel. Concrete towers or towers with a concrete base 
and steel upper sections are sometimes used as well. The height of the tower increases 
with the turbine power rating and rotor diameter. In addition, the tower must be at least 
25 to 30 m high to avoid turbulence caused by trees and buildings. Small wind turbines 
have towers as high as a few blade rotor diameters. However, the towers of medium 
and large turbines are approximately equal to the turbine rotor diameter as shown in 
Figure 1-3 in Chapter 1. The highest tower to date is a 160 m steel lattice tower for a 
2.5 MW wind turbine. 

The tower also houses the power cables connecting the generator or power convert-
ers to the transformer located at the base of the tower. In some cases, the transformer is 
also included in the nacelle and the cables connect the transformer to the wind farm 
substation. In large multimegawatt turbines, the power converters may be located at 
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Figure 2-9. Foundations for offshore wind turbines. 

the base of tower to reduce the weight and size of the nacelle. The stairs to the nacelle 
for maintenance are often attached along the inner wall of the tower in large wind tur-
bines. 

Special attention should be given to the structural dynamics in order to avoid vibra-
tion caused by the mechanical resonance modes of the wind turbine. The top head 
mass (THM) of the nacelle and the turbine rotor has a significant bearing on the dy-
namics of the tower and foundation. In practice, low THM is generally a measure of 
design for reduction of manufacturing and installation costs. 

The wind-turbine foundation is also a major component in a wind energy system. The 
types of foundations commonly used for on-land wind turbines include slab, multipile, 
and monopile types. Foundations for offshore wind turbines are particularly challenging 
since they are located at variable water depths and in different soil types. They have to 
withstand harsh conditions as well. This explains the wide variety of foundations devel-
oped over the years for offshore turbines, some more proven than others. Figure 2-9 
shows the most commonly adopted foundations for different water depths [2]. The grav-
ity foundation and monopile foundation are more common in shallow waters. The tri-
pod, tripue, and jacket foundations can reach greater depths, and are usually located far-
ther away from the coastline. New technologies such as the floating (anchored) 
foundation are currently under development for more challenging water depths. 

2.2.8 Wind Sensors (Anemometers) 

The pitch/stall and yaw control systems require wind speed and direction measure-
ments, respectively. The pitch/stall control needs the wind speed to determine the an-
gle of attack of the blade for optimal operation. The yaw control requires the wind di-
rection to face the turbine into the wind for maximum wind power capture. In addition, 
in variable speed turbines, the wind speed is needed to determine the generator speed 
for maximum power extraction. 

Most large wind turbines are equipped with sensors, also referred to as anemome-
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Figure 2-10. Ultrasonic anemometer wind speed sensor (photo courtesy Clipperwind). 

ters, for wind data collection and processing. The wind speed sensor is usually made of 
a three-cup vertical-axis microturbine driving an optoelectronic rotational speed trans-
ducer. The wind direction is measured by a wind vane connected to an optoelectronic 
angle transducer. These are the main components of a wind measurement system, and 
are usually located on the top back part of the nacelle. More than one sensor system 
may be used in a wind turbine for more reliable and accurate measurements. 

Ultrasonic anemometers are also used in practical wind turbines. They measure the 
wind speed by emitting and receiving acoustic signals through the air and monitoring 
the transmission time. Several emitters and receptors are disposed in such a way that a 
three-dimensional measurement can be made. The transmission time is affected by 
both wind speed and direction. With a given physical distribution of the sensors, the 
wind speed and direction can be computed from the propagation times. The ultrasonic 
anemometers are more accurate and reliable than the mechanical ones with moving 
parts. However, they are more expensive. Figure 2-10 shows an ultrasonic anemometer 
on the top of the nacelle of a modern wind turbine. 

2.3 WIND TURBINE AERODYNAMICS 

The aerodynamic design of the turbine blade has a significant influence on the amount 
of energy captured from the wind. The design should consider the means to limit the 
power and rotating speed of the turbine rotor for wind speeds above the rated value in 
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order to keep the forces on the mechanical components (blade, gearbox, shaft, etc.) and 
the output power of the generator within the safety margins. This becomes critical for 
larger turbines as they would have narrower safety margins due to cost and size con-
straints. 

2.3.1 Power Characteristic of a Wind Turbine 

The power characteristics of a wind turbine are defined by the power curve, which re-
lates the mechanical power of the turbine to the wind speed. The power curve is a wind 
turbine's certificate of performance that is guaranteed by the manufacturer. The Inter-
national Energy Association (IEA) has developed recommendations for the definition 
of the power curve. The recommendations have been continuously improved and 
adopted by the International Electrotechnical Commission (IEC). The standard, 
IEC61400-12, is generally accepted as a basis for defining and measuring the power 
curve. 

A typical power curve is characterized by three wind speeds: cut-in wind speed, rat-
ed wind speed, and cut-out wind speed, as described in Figure 2-11, where PM is the 
mechanical power generated by the turbine and vw is the wind speed. The cut-in wind 
speed, as the name suggests, is the wind speed at which the turbine starts to operate 
and deliver power. The blade should be able to capture enough power to compensate 
for the turbine power losses. The rated wind speed is the speed at which the system 
produces nominal power, which is also the rated output power of the generator. The 
cut-out wind speed is the highest wind speed at which the turbine is allowed to operate 
before it is shut down. For wind speeds above the cut-out speed, the turbine must be 
stopped, preventing damage from excessive wind. 

As can be seen from Figure 2-11, the wind turbine starts to capture power at the cut-
in wind speed. The power captured by the blades is a cubic function of wind speed [see 
Equation (2.2)] until the wind speed reaches its rated value. To deliver captured power 
to the grid at different wind speeds, the wind generator should be properly controlled 
with variable speed operation. As the wind speed increases beyond the rated speed, 

Rated 
power 

Min 
power 

Cut-in Rated Cut-out vw(m/s) 

Figure 2-11. Qualitative turbine mechanical power versus wind speed curve. 
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aerodynamic power control of blades is required to keep the power at the rated value. 
This task is performed by three main techniques: passive stall, active stall, and pitch 
control [3]. The wind turbine should stop generating power and be shut down when the 
speed is higher than the cut-out wind speed. Note that the theoretical curve of Figure 2-
11 has an abrupt transition from the cubic characteristic to the constant power opera-
tion at higher speeds. However, practical turbines do not exhibit this behavior, and the 
transition is smoother [2]. 

2.3.2 Aerodynamic Power Control: Passive Stall, Active Stall, 
and Pitch Control 

As discussed at the beginning of the chapter, the aerodynamics of wind turbines are 
very similar to that of airplanes. The blade rotates in the wind because the air flowing 
along the surface that is not facing the wind moves faster than that on the surface 
against the wind. This creates a lift force to pull the blade to rotate. The angle of attack 
of the blade plays a critical role in determining the amount of force and torque generat-
ed by the turbine. Therefore, it is an effective means to control the amount of captured 
power. There are three aerodynamic methods to control the capture of power for large 
wind turbines: passive stall, active stall, and pitch control. 

Passive-Stall Control. In passive-stall-controlled wind turbines, the blade is 
fixed onto the rotor hub at an optimal (rated) angle of attack. When the wind speed is 
below or at the rated value, the turbine blades with the rated angle of attack can capture 
the maximum possible power from the wind. With the wind speed exceeding the rated 
value, the strong wind can cause turbulence on the surface of the blade not facing the 
wind. As a result, the lifting force will be reduced and eventually disappear with the in-
crease of the wind speed, slowing down the turbine rotational speed. This phenomenon 
is called stall. The stall phenomenon is undesirable for airplanes, but it provides an ef-
fective means to limit the power capture to prevent turbine damage. The operating 
principle of the passive-stall control is illustrated in Figure 2-12, where the lift force 
produced by higher than rated wind, which is the stall lifting force FWiStaii, is lower than 
the rated force Fw¡nxe¿ [2]. 

Cord line 
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Figure 2-12 . Passive stall with rated and above rated wind speeds. 
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The blade profile is aerodynamically designed to ensure that stall occurs only when 
the wind speed exceeds the rated value. To ensure that the blade stall occurs gradually 
rather than abruptly, the blades for large wind turbines are usually twisted along the 
longitudinal axis by a couple of degrees. The passive-stall-controlled wind turbines do 
not need complex pitch mechanisms, but the blades require a complex aerodynamic 
design. The passive stall may not be able to keep the captured power PM at a constant 
value, as shown in Figure 12-13a. It may exceed the rated power at some wind speeds, 
which is not a desirable feature. 

Active-Stall Control. In active-stall turbines, the stall phenomenon can be in-
duced not only by higher wind speeds, but also by increasing the angle of attack of the 
blade. Thus, active-stall wind turbines have adjustable blades with a pitch control 
mechanism. When the wind speed exceeds the rated value, the blades are controlled to 
turn more into the wind, leading to the reduction of captured power. The captured 
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Figure 2 -13 . Typical turbine mechanical power versus wind speed curves with stall and pitch 
control. 
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Figure 2-14. Active-stall control with rated and above-rated wind speeds. 

power can, therefore, be maintained at the rated value by adjusting the blade angle of 
attack [2]. 

A qualitative example of the active-stall principle is illustrated in Figure 2-14. 
When the blade is turned completely into the wind, as shown in the dashed blade, the 
blade loses all interaction with the wind and causes the rotor to stop. This operating 
condition can be used above the cut-out wind speed to stop the turbine and protect it 
from damage. 

With active-stall control, it is possible to maintain the rated power above the rated 
wind speed, as can be appreciated in Figure 2-13b. Active-stall controlled large 
megawatt wind turbines are commercially available. 

Pitch Control. Similar to the active-stall control, pitch-controlled wind turbines 
have adjustable blades on the rotor hub. When the wind speed exceeds the rated value, 
the pitch controller will reduce the angle of attack, turning the blades (pitching) gradu-
ally out of the wind. The pressure difference in front and on the back of the blade is re-
duced, leading to a reduction in the lifting force on the blade. 

The operating principle of the pitch control is illustrated in Figure 2-15. When the 
wind is below or at the rated speed, the blade angle of attack is kept at its rated (opti-
mal) value aR. With higher than the rated wind, the angle of attack of the blade is re-
duced, causing a reduction in lift force, Fwpitch. When the blade is fully pitched, the 
blade angle of attack is aligned with the wind, as shown by the dashed blade in Figure 
2-15b, and no lift force will be produced. The turbine will stop rotating and then be 
locked by the mechanical brake for protection. The performance of the pitch control is 
given in Figure 2-15b, where the mechanical power of the turbine operating at above 
the rated wind speed can be tightly controlled. 

Both pitch and active-stall controls are based on rotating actions on the blade, but 
the pitch control turns the blade out of the wind, leading to a reduction in lift force, 
whereas the active-stall control turns the blades into the wind, causing turbulences that 
reduce the lift force. Pictures of wind turbines with fully-stalled and fully-pitched 
blades are shown in Figure 2-16. 

The passive-stall technology was mainly used in the early fixed-speed wind tur-
bines. This technology was further developed into the active-stall technology. The 
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Figure 2-15. Aerodynamic pitch-control principle. 

pitch control reacts faster than the active-stall control and provides better controllabili-
ty. It is widely adopted in today's large wind energy systems. 

2.3.3 Tip Speed Ratio 

The tip speed ratio (TSR) is an important parameter in wind energy systems. It is de-
fined as the ratio of the blade tip speed to the speed of the incoming wind, given by 

\T= -!Î-L (2.4) 
vw 

where rT is the radius of the turbine rotor (blade length), vw is wind speed, and a>M is 
the rotating speed of the blade. Another important parameter is the power conversion 
efficiency Cp of the blade since the mechanical power is directly proportional to Cp, as 
described by Equation (2.1). The power coefficient is a function of \T and the angle of 

(a) Full stall (b) Full pitch 
(photo courtesy accionsustentable.cl) 

Figure 2-16. Parked wind turbines with fully stalled and fully pitched blades. 
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Figure 2-17. Power coefficient Cp versus TSR with pitch angle as a parameter. 

attack a as shown in Figure 2-17. The maximum power coefficient occurs at the opti-
mal tip speed ratio Aropt with the rated (optimal) angle of attack aR. 

The optimal tip speed ratio Aropt is a constant for a given blade. The speed of the 
turbine that produces that maximum power is related to A^p, and wind speed v,,, by 

V>M = Ar.opt — (2-5) 
rT 

The above equation indicates that in order to obtain the maximum power and conver-
sion efficiency, the turbine speed must be made adjustable according to the wind 
speed. 

2.4 MAXIMUM POWER POINT TRACKING (MPPT) CONTROL 

The control of a variable-speed wind turbine below the rated wind speed is achieved 
by controlling the generator. The main goal is to maximize the wind power capture at 
differenct wind speeds, which can achieved by adjusting the turbine speed in such a 
way that the optimal tip speed ratio Aropt is maintained. 

Figure 2-18 shows the typical characteristics of a wind turbine operating at different 
wind speeds, where PM and wM are the mechanical power and mechanical speed of the 
turbine, respectively. The PM versus wM curves are obtained with the blade angle of at-
tack set to its optimal value. For the convenience of analysis and discussion, the me-
chanical power, turbine speed, and the wind speed are all expressed in per-unit terms. 
The definition of the per-unit system is given in Appendix A. 

For a given wind speed, each power curve has a maximum power point (MPP) at 
which the optimal tip speed ratio Aropt is achieved. To obtain the maximum available 
power from the wind at different wind speeds, the turbine speed must be adjusted to 
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ensure its operation at all the MPPs. The trajectory of MPPs represents a power curve, 
which can be described by 

PM « <4i (2-6) 

The mechanical power captured by the turbine can also be expressed in terms of the 
torque: 

PM = TMwM (2.7) 

where TM is the turbine mechanical torque. Substituting (2.7) into (2.6) yields 

TM^^M (2-8) 

The relations between the mechanical power, speed, and torque of a wind turbine can 
be used to determine the optimal speed or torque reference to control the generator and 
achieve the MPP operation. Several control schemes have been developed to perform 
the maximum power point tracking (MPPT), and a brief description of three MPPT 
methods is given in the next subsections. 

According to the power curve illustrated in Figure 2-18, the operation of the wind 
turbine can be divided into three modes: parking mode, generator-control mode, and 
pitch-control mode: 

• Parking mode. When the wind speed is below cut-in speed, the turbine system 
generates less power than its internal consumption and, therefore, the turbine is 

Figure 2-18. Wind turbine power-speed characteristics and maximum power point (MPP) op-
eration. 
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kept in parking mode. The blades are completely pitched out of the wind, and the 
mechanical brake is on. 

• Generator-control mode. When the wind speed is between the cut-in and rated 
speed, the blades are pitched into the wind with its optimal angle of attack. The 
turbine operates with variable rotational speeds in order to track the MPP at dif-
ferent wind speeds. This is achieved by the proper control of the generator. 

• Pitch-control mode. For higher than rated wind speeds but below the cut-out lim-
it, the captured power is kept constant by the pitch mechanism to protect the tur-
bine from damage while the system generates and delivers the rated power to the 
grid. The blades are pitched out of the wind gradually with the wind speed, and 
the generator speed is controlled accordingly. 

When the wind speed reaches or exceeds the cut-out speed, the blades are pitched 
completely out of the wind. No power is captured, and turbine speed is reduced to 
zero. The turbine will be locked into the parking mode to prevent damage from the 
strong wind. 

2.4.1 MPPT with Turbine Power Profile 

One of the maximum power point tracking methods is based on the power versus wind 
speed curve provided by the manufacturer for a given wind turbine. The power curve 
defines the maximum power that can be produced by the turbine at different wind 
speeds. A simplified control block diagram with this method is illustrated in Figure 2-
19. The wind speed is measured in real time by a wind speed sensor. According to the 
MPPT profile provided by the manufacturer, the power reference P* is generated and 
sent to the generator control system, which compares the power reference with the 
measured power Pm from the generator to produce the control signals for the power 

Figure 2-19. Maximum power control with wind turbine power profile. 
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converters. Through the control of power converters and generator, the mechanical 
power Pm of the generator will be equal to its reference in steady state, at which the 
maximum power operation is achieved. It is noted that the power losses of the gearbox 
and drive train in the above analysis are neglected and, therefore, the mechanical pow-
er of the generator Pm is equal to the mechanical power PM produced by the turbine. 

2.4.2 MPPT with Optimal Tip Speed Ratio 

In this method, the maximum power operation of the wind turbine is achieved by keep-
ing the tip speed ratio to its optimal value Aropt. The principle of this control scheme is 
shown in Figure 2-20, where the measured wind speed vw is used to produce the gener-
ator speed reference w* according to the optimal tip speed ratio Àropt. The generator 
speed wm is controlled by the power converters and will be equal to its reference in 
steady state, at which the MPPT is achieved. 

2.4.3 MPPT with Optimal Torque Control 

The maximum power operation can also be achieved with optimal torque control ac-
cording to Equation (2.8), where the turbine mechanical torque TM is a quadratic func-
tion of the turbine speed % . For a given gear ratio and with the mechanical power 
losses of the gearbox and drive train neglected, the turbine mechanical torque TM and 
speed CÚM can be easily converted to the generator mechanical torque Tm and speed &>m, 
respectively. Figure 2-21 shows the principle of the MPPT scheme with optimal torque 
control, where the generator speed tom is measured and used to compute the desired 
torque reference T*. The coefficient for the optimal torque ^opt can be calculated ac-
cording to the rated parameters of the generator. Through the feedback control, the 
generator torque Tm will be equal to its reference T* in steady state, and the MPPT is 
realized. It is noted that there is no need to use the wind speed sensors in this scheme. 

Figure 2-20. Optimal TSR control of wind turbine. 
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Figure 2-21. MPPT with optimal torque control of wind turbines. 

2.5 SUMMARY 

This chapter introduced the major components of a wind energy system, including the 
blade, pitch mechanism, gearbox, brakes, generators, and yaw drives. The wind tur-
bine power curves and characteristics were discussed. The blade aerodynamics, stall 
and pitch controls, tip speed ratio, and maximum power point tracking schemes were 
also presented. The basic concepts and turbine fundamentals given in this chapter pro-
vide a technical background for the more advanced discussions in the other chapters of 
the book. 
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3 

WIND GENERATORS 
AND MODELING 

3.1 INTRODUCTION 

The evolution of wind power conversion technology has led to the development of dif-
ferent types of wind turbine configurations that make use of a variety of electric gener-
ators [1]. A classification of most common electric generators in large wind energy con-
version systems (WECS) is presented in Figure 3-1. Depending on their construction 
and operating principle, the wind generators are divided in two main groups: induction 
generators (IGs) and synchronous generators (SGs). Both induction and synchronous 
generators have wound rotors, which are fed by slip rings through brushes or by a brush-
less electromagnetic exciter. The wound-rotor induction generator, also known as the 
doubly fed induction generator (DFIG), is one of the most commonly used generators in 
the wind energy industry [2]. The wound-rotor synchronous generator (WRSG) is also 
found in practical WECSs with high numbers of poles operating at low rotor speeds. 

Squirrel-cage induction generators (SCIGs) are also widely employed in wind ener-
gy systems where the rotor circuits (rotor bars) are shorted internally and therefore not 
brought out for connection with external circuits. In permanent-magnet synchronous 
generators (PMSGs), the rotor magnetic flux is generated by permanent magnets. Two 
types of PMSG are used in the wind energy industry: surface mounted and inset mag-
nets. Some examples of the generators used in practical wind turbines are listed in 
Table 3-1, where the voltage/power ratings, speed ranges, and manufacturers of these 
wind generators are provided. 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 4 9 
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Figure 3-1. Classification of commonly used electric generators in large wind turbines. 

In this chapter, the construction and operating principles of induction and synchro-
nous generators are reviewed, and their dynamic and steady-state models are present-
ed. Case studies are provided to illustrate important concepts and performance of the 
generators. The wind generator models and the equations derived in this chapter will 
be used in subsequent chapters. 

3.2 REFERENCE FRAME TRANSFORMATION 

The reference frame theory can be used to simplify the analysis of electric machines 
and also to facilitate the simulation and digital implementation of control schemes in 
wind energy conversion systems. A number of reference frames have been proposed 

Table 3-1. Examples of large generators for wind energy conversion systems 

Generator type 

Doubly fed 
induction 
generator 

(DFIG) 

Squirrel-cage 
induction 
generator 
(SCIG) 

Wound-rotor 
synchronous 

generator 
(WRSG) 

Permanent-magnet 
synchronous 

generator (PMSG) 

Rated voltage 
(line to line) 

Rated power 
Rated stator 

frequency 
Speed range 

Number of poles 
Brand/model 

690 V 

2MW 
50 Hz 

690 V 

2.3 MW 
50 Hz 

400 V 

2.3 MW 
na 

700 V 

2.75 MW 
na 

3000 V 

5.32 MW 
19.6 Hz 

900-1900 rpm 600-1600 rpm 6-21.5 rpm 

Gamesa G90 
4 
Siemens 
SWT-2.3-101 

72 
Enercon E-70 

6-18 rpm 58.6-146.9 
rpm 

120 28 
Avantis Multibrid 
AV928 M5000 
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over the years, of which the three-phase stationary frame (also known as abc frame), 
the two-phase stationary frame (aß frame), and the synchronous frame (dq rotating 
frame) are most commonly used [3]. The transformation of variables between these 
reference frames is presented below. 

3.2.1 abc/dq Reference Frame Transformation 

Consider generic three-phase electrical variables, xa, xb, and xc, which can represent 
either voltage, current, or flux linkage. The three-phase variables can be represented 
by a space vector x in a three-phase (abc) stationary reference frame (coordinate sys-
tem). The relationship between the space vector and its three-phase variables is illus-
trated in Figure 3-2, where the space vector x rotates at an arbitrary speed w with 
respect to the abc stationary frame. Its phase values, xa, xb, and xc, can be obtained 
by projecting x to the corresponding a-, b-, and c- axes that are 27r/3 apart in space. 
Since the abc axes are stationary in space, each of the three-phase variables varies 
one cycle over time when x rotates one revolution in space. Assuming that the length 
(magnitude) and the rotating speed of space vector x are constant, the waveforms 
of xa, xb, and xc are sinusoidal with a phase displacement of 27r/3 between any 
two waveforms, as shown in Figure 3-2. The space vector diagram and its corre-
sponding waveforms indicate that at the instant of a>tu xb is greater than xa, and xc is 
negative. 

è-axis 

c-axis 

^ a-axis 
(stationary) 

Figure 3-2. Space vector x and its three-phase variables xa, xb, and xc. 
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The three-phase variables in the abc stationary frame can be transformed into two-
phase variables in a reference frame defined by the d (direct) and q (quadrature) axes 
that are perpendicular to each other as shown in Figure 3-3. The dq-axis frame has an 
arbitrary position with respect to the abc-axis stationary frame given by the angle 0 be-
tween the a-axis and ¿-axis. The dq-axis frame rotates in space at an arbitrary speed w, 
which relates to 0 by w = dOldt. 

To transform variables in the abc stationary frame to the dq rotating frame, simple 
trigonometric functions can be derived from the orthogonal proj ection of the xa, xb, and xc 

variables to the dq-axis as shown in Figure 3-3, where only the projections to the d-axis 
are illustrated. The sum of all projections on the ¿-axis corresponds to the transformed xd, 
given by xd = xa cosö + xb cos(27r/3 - 6) + xc cos(47r/3 - 0), which can be rewritten as xd 

= xa cosö + xb cos(0 - 2W3) + xc cos(0 - 40/3). Similarly, the transformation of the abc 
variables into the <¡r-axis can be performed. The transformation of the abc variables to the 
dq frames, referred to as abcldq transformation, can be expressed in a matrix form: 

cos0 COS(0-2TT/3) cos(0-47T/3) 

- s in0 -s in(0-2/ r /3) -sin(ö - 4 T T / 3 ) 
(3.1) 

Figure 3-3. Transformation of variables in the three-phase (abc) stationary frame to the two-
phase (dq) arbitrary frame. 
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It is noted that in the above abcldq transformation: 

A coefficient of 2/3 is arbitrarily added to the equation. The commonly used val-
ue is 2/3 or V273. The main advantage of using 2/3 is that the magnitude of the 
two-phase voltages is equal to that of the three-phase voltages after the transfor-
mation. The reason why the coefficient can be arbitrarily selected will be ex-
plained in Section 3.3.5. 
The two-phase dq variables after the transformation contain all the information of 
the three-phase abc variables. This is under the condition that the system must be 
three-phase balanced. Of the three variables in a three-phase balanced system, 
only two are independent. Given two independent variables, the third one can be 
calculated by 

xa+xb+xc=0 (3.2) 

The equations for an inverse transformation can be obtained through matrix opera-
tions, by which the dq variables in the rotating frame can be transformed back to the 
abc variables in the stationary frame. The transformation, referred to as dqlabc trans-
formation, can be performed by 

cos0 

cos(0-2;r/3) 

COS(0-4TT/3) 

- s inö 

■sin(0-2w/3) 

-sin(0-47T/3) 
x„ 

(3.3) 

Figure 3-4 illustrates the decomposition of the space vector x into the dq rotating refer-
ence frame. Assuming that* rotates at the same speed as that of the dq frame, the vector 
angle 4> between x and the c/-axis is constant. The resultant ¿&¡r-axis components, xd and 
xq, are DC variables. This is one of the advantages of the abcldq transformation, where-
by three-phase AC variables can be effectively represented by two-phase DC variables. 

For the control of wind energy systems, the synchronous reference frame is often 
used. In this case, the rotating speed of the arbitrary reference frame w is set to the syn-
chronous speed (os of an induction or synchronous generator, given by 

(ÛS=2K/S 

where _£ is the stator frequency in Hertz. The angle 9 can be found from 

0(0= ful, (')<* +So J o 

where 80 is the initial angular position. 

(3.4) 

(3.5) 

3.2.2 abc/aß Reference Frame Transformation 

The transformation of three-phase variables in the stationary reference frame into the 
two-phase variables also in the stationary frame is often referred to as abc/aß transfor-
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Figure 3-4, Decomposition of space vector x into the dq rotating reference frame. 

mation. Since the aß reference frame does not rotate in space, the transformation can 
be obtained by setting 6 in Equation (3.1) to zero, from which 

1 -1 /2 - 1 / 2 

0 V3/2 -V3/2 
(3.6) 

It is interesting to note that in a three-phase balanced system, where xa + xb + xc = 0, the 
relationship between xa in the aß reference frame and xa in the abc frame is given by 

X - y 
1 1 

-XL— _ X . = x„ (3.7) 

Similarly, the two-phase to three-phase transformation in the stationary reference 
frame, known as aßlabc transformation, can be performed by 

xa 

xb 

,Xc_ 

= 

1 

-1/2 
-1/2 

0 

V3/2 
-V3/2 

r 

x( 

.x 
(3.8) 

www.EngineeringEBooksPdf.com



3.3 INDUCTION GENERATOR MODELS 55 

3.3 INDUCTION GENERATOR MODELS 

3.3.1 Construction 

As shown in the classification of Figure 3-1, there are two main types of induction 
generators in the wind energy industry: doubly fed induction generators (DFIGs) and 
squirrel-cage induction generators (SCIGs). These generators have the same stator 
structure and differ only in the rotor structure. 

Figure 3-5a shows the construction of a squirrel-cage induction generator. The sta-
tor is made of thin silicon steel laminations. The laminations are insulated to minimize 
iron losses caused by induced eddy currents. The laminations are basically flat rings 
with openings disposed along the inner perimeter of the ring. When the laminations are 
stacked together with the openings aligned, a canal is formed, in which a three-phase 
copper winding is placed. 

The rotor of the SCIG is composed of the laminated core and rotor bars. The rotor 
bars are embedded in slots inside the rotor laminations and are shorted on both ends by 
end rings. When the stator winding is connected to a three-phase supply, a rotating 
magnetic field is generated in the air gap. The rotating field induces a three-phase volt-
age in the rotor bars. Since the rotor bars are shorted, the induced rotor voltage pro-
duces a rotor current, which interacts with the rotating field to produce the electromag-
netic torque. 

The rotor of the DFIG has a three-phase winding similar to the stator winding. The 
rotor winding is embedded in the rotor laminations but in the exterior perimeter. This 
winding is usually fed through slip-rings mounted on the rotor shaft. In DFIG wind en-
ergy systems, the rotor winding is normally connected to a power converter system 
that makes the rotor speed adjustable. 

A simplified diagram of the induction generator is shown in Figure 3-5b, where the 
multiple coils in the stator and multiple bars in the rotor are grouped and represented 

Figure 3-5. Cross-sectional view of an SCIG. 
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by a single coil for each phase. Practical examples of SCIGs and DFIGs are shown in 
Figure 2-7a and b in Chapter 2, respectively. 

There are two commonly used dynamic models for the induction generator. One is 
based on space vector theory and the other is the dq-axis model derived from the space 
vector model. The space vector model features compact mathematical expressions and 
a single equivalent circuit but requires complex (real and imaginary part) variables, 
whereas the dq-frame model is composed of two equivalent circuits, one for each axis. 
These models are closely related to each other and are equally valid for the analysis of 
transient and steady-state performance of the induction generator. In the following sec-
tions, the two models are presented and their relationship is elaborated. 

3.3.2 Space-Vector Model 

In developing the IG space-vector model, it is assumed that (1) the induction generator 
is symmetrical in structure and three-phase balanced, and (2) the magnetic core of the 
stator and rotor is linear with negligible core losses. The IG space-vector model is gen-
erally composed of three sets of equations: voltage equations, flux linkage equations, 
and motion equation [3,4]. The voltage equations for the stator and rotor of the genera-
tor in the arbitrary reference frame are given by 

\v, = R,l + P%, + JOÂ, 3 9 ) 

[ vr = Rr I + pXr + j(co - cûr )lr 

where 
vs, vr—stator and rotor voltage vectors (V) 
Ts, Tr—stator and rotor current vectors (A) 
l s , \—stator and rotor flux-linkage vectors (Wb) 
Rs, Rr—stator and rotor winding resistances (A) 
(Ú—rotating speed of the arbitrary reference frame (rad/s) 
o)r—rotor electrical angular speed (rad/s) 
p—derivative operator (p = dldt). 

The terms joiXx andy'(w - u>r)\ on the right-hand side of Equation (3.9) are referred 
to as speed voltages, which are induced by the rotation of the reference frame at the ar-
bitrary speed of a>. 

The second set of equations is for the stator and rotor flux linkages \ and Xr: 

\Xr ={Llr + Lm )l + Ljs=Lrir +LJ, 

where 
Ls = L,s + Lm—stator self-inductance (H) 
Lr = Lh + Lm—rotor self-inductance (H) 
Lls, Llr—stator and rotor leakage inductances (H) 
Lm—magnetizing inductance (H) 
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All the rotor-side parameters and variables, such as Rn Lln 7r, and Xr, in the above 
equations are referred to the stator side. 

The third and final equation is the motion equation, which describes the dynamic 
behavior of the rotor mechanical speed in terms of mechanical and electromagnetic 
torque: 

J S.= T-T 
dt ' m 

V M A O 
(3.11) 

where 
J—moment of inertia of the rotor (kgm2) 
P—number of pole pairs 
Tm—mechanical torque from the generator shaft (N • m) 
Te—electromagnetic torque (N • m) 
(om—rotor mechanical speed, a>m = MJP (rad/sec) 

The above equations constitute the space-vector model of the induction generator, 
whose equivalent circuit representation is given in Figure 3-6. The generator model is 
in the arbitrary reference frame, rotating in space at the arbitrary speed w. 

It is important to note that the IG space-vector model of Figure 3-6 is based on the 
motor convention in terms of the direction of the stator current that flows into the sta-
tor. This convention is widely accepted since most induction machines are used as mo-
tors. Nevertheless, there is no loss of generality; the space-vector model and its associ-
ated equations can be used to model the induction machine either as a motor or a 
generator. More discussion will be provided in Case Study 3-2. 

The induction generator model of Figure 3-6 in the arbitrary reference frame can be 
easily transformed into the other reference frames. For example, a synchronous frame 
model is very useful for simulation and digital implementation of IG WECS with ad-
vanced control systems. Such a model can be obtained by setting the arbitrary speed w 
in Equation (3.9) and in Figure 3-6 to the synchronous speed ws. The derived model in 

Figure 3-6. Space-vector equivalent circuit of an induction generator in the arbitrary reference 
frame. 
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the synchronous frame is given in Figure 3-7a, where <os is the synchronous speed and 
u>si is the angular slip frequency of the generator, given by 

(os = 2nfs 

cos,=œs-œr 
(3.12) 

The synchronous speed of the reference frame <os corresponds to the stator angular fre-
quency, which is proportional to the stator frequency^. 

To obtain the IG model in the stationary reference frame, we can set the speed of 
the arbitrary frame co in Figure 3-6 to zero since the stationary frame does not rotate in 
space. The resultant equivalent circuit is shown in Figure 3-7b. The IG space-vector 
models in Figures 3-6 and 3-7 are valid for both SCIG and DFIG. In the SCIG, the ro-
tor circuit is shorted and, therefore, the rotor voltage is set to zero, whereas for the 
DFIG the rotor circuit is connected to a power converter system that controls the speed 
and torque of the generator. 

3.3.3 dq Reference Frame Model 

The dq-axis model of the induction generator can be obtained by decomposing the 
space-vectors into their corresponding d- and g-axis components, that is, 

O M M M -

jasi Xr 

-(-j) VW—«—o 

PK PK 

(a) IG model in the synchronous frame 

o—» VW-
+ 

PK 

^ - x Kr 'r 
^-r (-+) 'WV-*—o 

pXr 

(b) IG model in the stationary frame 

Figure 3-7. Space-vector models for induction generator in the synchronous and stationary ref-
erence frames. 
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| vs = vds + jvqs ; i, = ids + jiqs ; Xs = Xds + jXqs 

[Vr = Vdr + j V ; 'r = 'dr + Jig/' K = A-dr + ) \ r 

(3.13) 

Substituting Equation (3.13) into Equation (3.9) and grouping real and imaginary com-
ponents on both sides of the equations, the dq-axis voltage equations for the induction 
generator are obtained: 

vd,=Rsitb+pltb-aA, 
Vas =RsÍos+PKs+(í>K 

qs 

■ds 
vdr = K 'dr + P^dr ~ (<0 - (Or )Xt 

Vqr = Rr lqr + P\r + (® ~ <Or )A( 

(3.14) 

Similarly, substituting Equation (3.13) into Equation (3.10), the dq-axis flux linkages 
are obtained: 

"■ds - (Lls + Lm )ids + Lm idr - Lsids + Lm idr 

"■qs = y'-'ls + '-'m )lqs + An lqr ~ ^s'qs + ^m lqr 

A-dr = (Llr + Lm )idr + Lm ids = Lridr + Lm ids 

\ r = \^lr + ^m )lqr + ^m lqs = ^r lqr + ^m lqs 

(3.15) 

The electromagnetic torque Te in Equation (3.11) can be expressed by ö? -̂axis flux 
linkages and currents as well. By mathematical manipulations, several expressions for 
the torque can be obtained. The most commonly used expressions are given by 

3P 
iias^ds~idsKs) ( a ) 

3PL. 
i'qsidr-Wqr) ( b ) 2 N ' ? S ' 

3PL 
™ ('qs^dr -'ds^qr) (C) 

(3.16) 

Equations (3.14) to (3.16) together with the motion equation (3.11) represent the dq-axis 
model of the induction generator in the arbitrary reference frame, and its corresponding 
c¿7-axis equivalent circuits are shown in Figure 3-8 [5]. To obtain the dq-axis model in the 
synchronous and stationary reference frames, the speed of the arbitrary reference frame w 
can be set to the synchronous (stator) frequency ws of the generator and zero, respectively. 

3.3.4 Simulation Model 

To build the simulation model, the equations derived previously should be rearranged. 
Equation (3.14) can be rewritten as 
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lds Rs 
o—*—'WV-
+ 

Vds 

(ÜX„ 

o—*—AAV-
+ 

"qs 

P^ds 

Llr ^-^ H Kr 'dr O 
P^dr 

-w\—*—° 
+ 

vdr 

(a) d-axis circuit 

mXds j (cû-cor)X.dr 

+ 

P\s 

Hs 

+ 
qm 

Lm p\ 

■£> 
Rr iqr 

AA/V-«—o 
+ 

"?r 

(b) g-axis circuit 

Figure 3-8. Induction generator dq-ax\% model in the arbitrary reference frame. 

K = (väs-RSL+°>K)IS 

K = (\,-RJv-o>Kys 

K=(vdr-Rridr+{m-(or)\,)lS 

\r=(\r-KÍ,r-((»-<°r)K)'S 

(3.17) 

where the derivative operator/? in Equation (3.14) is replaced by the Laplace operator 
S, and 1 AS represents an integrator. 

The flux linkage equations of (3.15) can be represented in a matrix form: 

Ks 

Kr 
_\r _ 

= 

Ls 0 Lm 0 

0 Ls 0 Lm 

K « Lr 0 

0 Lm 0 L, 

lds 

*qs 

ldr 

'qr 

(3.18) 

The stator and rotor currents in the above equation can be expressed in terms of stator 
and rotor flux linkages. This can be obtained by applying the inverse inductance ma-
trix on both sides of Equation (3.18), using the following matrix manipulation: 

[X] = [L][i] -> [L]-\X] = [L]-l[L][i] -> [i] = [L]-\X] (3.19) 

www.EngineeringEBooksPdf.com



3.3 INDUCTION GENERATOR MODELS 61 

from which 

Dt 

Lr 0 

0 Lr 

~Lm 0 

0 -Lm 

Lm 

0 

L5 
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(3.20) 

w h e r e A = ¿ A - ¿ m [ 3 ] . 
The motion and the torque equations for the simulation model are given by 

m'=Js(T'~Tm) (a) 

T.=-r(ivK-i*\.) (b) 

(3.21) 

Based on Equations (3.17), (3.20), and (3.21), the block diagram for simulation of an in-
duction generator in the arbitrary reference frame can be developed and is shown in Fig-
ure 3-9. 

The input variables of the model include the dq-axis stator voltages vds and vqs, rotor 
voltages vdr and vqr, the mechanical torque Tm, and the speed of the arbitrary reference 
frame w, whereas the output variables are dq-axis stator currents, ids and iqs, the elec-
tromagnetic torque Te, and the mechanical speed a)m of the generator. To simulate the 
induction generator in the synchronous reference frame or the stationary reference 
frame, the speed of the arbitrary reference frame a) can be set to the synchronous speed 
(os or zero, respectively. 

3.3.5 Induction Generator Transient Characteristics 

The transient characteristics of an induction-generator-based WECS with direct grid 
connection can be investigated using the simulation block diagram of Figure 3-10. As-
suming a three-phase balanced grid, the grid voltages vas, vbs, and vcs in the stationary 
frame are transformed to the two-phase voltages vœ and v^ in the aß stationary frame 
through the abclaß transformation. In this case, the IG model in the stationary refer-
ence frame should be used, which can be realized by setting the speed of the arbitrary 
reference frame to zero (w = 0). The simulated ¿fy-axis stator currents ids and iqs are 
also in the stationary frame, which are transformed to the three-phase currents ias, ibs, 
and ics by the aßlabc transformation. The dq-axis rotor voltages are set to zero for sim-
ulation of squirrel-cage induction generators. 

For the abc/aß transformation using Equation (3.6), the coefficient of 2/3 is arbi-
trarily selected, based on which Equation (3.8) for the aß/abc transformation is de-
rived. The reason why the coefficient can be arbitrarily selected can be revealed by 
Figure 3-10, where the three-phase stator voltages are transformed to the two-phase 
voltages via the abclaß transformation and the calculated two-phase stator currents are 
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Eq.(3.17) Eq. (3.20) Eq.(3.21) 

Figure 3-9. Block diagram for dynamic simulation of an induction generator in the arbitrary 
reference frame. 

transformed back to the three-phase stator currents via the aßlabc transformation. If 
the abclaß and aßlabc transformations in Figure 3-10 are replaced by those derived 
with a coefficient other than 2/3, the simulation results from the two systems, such as 
the three-phase stator currents, would be identical. 

Case Study 3-1—Direct Grid Connection of SCIG during System Start-
up. This case study investigates the dynamic performance of a SCIG wind energy 
system during system start-up, and verifies that a large SCIG cannot be directly con-
nected to the grid due to the excessive inrush current and torque oscillations. 

Consider a 2.3 MW, 690 V, 50 Hz, 1512 rpm squirrel-cage induction generator. Its 
nameplate and parameters are listed in Table B-l of Appendix B. The shaft of the gen-
erator is coupled to the wind turbine through a gearbox. During the system start-up, the 
turbine and generator are brought by the wind to a certain speed, at which the genera-
tor is connected to the grid of 690 V/50 Hz by the circuit breaker shown in Figure 3-
10. The investigation is carried out in the following two cases. 
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Figure 3-10. Block diagram for dynamic simulation of SCIG with direct grid connection. 

DYNAMIC PERFORMANCE OF SCIG WITH DIRECT GRID CONNECTION. The wind tur-

bine is initially in a parking mode with the blades pitched out of the wind. When the 
wind speed reaches an operative level, the blades are pitched into the wind slightly, 
and wind turbine and generator start to rotate slowly. When the generator is accelerat-
ed close to the rated speed—1450 rpm (0.959 pu)—the circuit breaker is closed and 
the generator is directly connected to the grid. The simulated waveforms for the gener-
ator are illustrated in Figure 3-11. 

During the system transients, a high inrush current flows into the generator and a 
DC offset current appears in each of the stator currents ias, ibs, and ics, but the sum of 
these offset currents is zero due to a three-phase balanced system. As a rotating mag-
netic field is being built and generator core is being magnetized by the stator current, 
an electromagnetic torque Te is produced. Since the generator operates below synchro-
nous speed in motoring mode, it produces a positive torque that accelerates the turbine. 
The generator finally reaches the synchronous speed of 1500 rpm (0.992 pu) at t = 0.84 
sec, at which it enters the steady-state operation with Te= Tm = 0. With the start-up 
process completed, the turbine can now start capturing power by adjusting the pitch 
angle of the blades. 

The direct connection of the generator to the grid during the system start-up causes 
excessive inrush currents with peak values of more than 10 per unit (pu), high electro-
magnetic torque (2 pu, peak), as well as high torque oscillations (refer to Appendix A 
for the definition of the per-unit system). The high inrush current may have adverse 
impact on the grid, especially for a weak grid, and the high torque oscillations may 
cause excessive mechanical stress on the drive train. It can be concluded that the direct 
grid connection of the SCIG during the system startup cannot be used in practice, espe-
cially for the large megawatt turbines. Soft-starter or power converter interfaces should 
be used in the SCIG wind energy systems, which will be discussed in Chapters 6 and 7. 

DIRECT GRID CONNECTION OF SCIG WITH CONSTANT ROTOR SPEED. The second part 

of the case study investigates the transients during the direct grid connection of the 
generator when the speed of the generator is brought by the wind exactly to the syn-
chronous speed of 1500 rpm (0.992 pu). It is assumed in the analysis that the combined 
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Figure 3-11. Dynamic response of SCIG with direct grid connection. 

moment of inertia of the generator, gearbox, and blades are very large, such that the ro-
tor speed is kept constant during the electric transients. In this case, the motion equa-
tion (3.21a) is simplified to dojjdt = 0 and wr = cos. The rotor speed wr is then used as 
one of the system input variables. As a result, the IG simulation block diagram of Fig-
ure 3-9 should be slightly modified to accommodate the changes. 

The dynamic response at the moment the SCIG is connected to the grid is depicted 
in Figure 3-12. A high inrush current is drawn by the generator, and its peak value is 
more than 10 pu. The high amplitude of the stator currents causes oscillations in the 
generator torque Te. Compared with the previous case, the transient process is faster 
due to the constant rotor speed that eliminates the motion equation in the simulation. It 
can be concluded that the direct connection of a SCIG to the grid is not allowed in 
practice due to the excessive stator current and torque oscillations. 
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Figure 3-12. Dynamic response of SCIG with a fixed rotor speed during direct grid connection. 

3.3.6 Steady-State Equivalent Circuit 

To investigate the steady-state performance of induction generators, the steady-state 
equivalent circuit is a useful tool. The steady-state equivalent circuit can be derived 
from the IG space-vector model described by Equation (3.9). To obtain the steady-
state equivalent circuit, the IG space-vector model in the synchronous frame is used, 
and the following steps are taken: 

• Set the arbitrary <w in Equation (3.9) to the synchronous speed <as. 
• Set the derivative terms, pS>s andpc5n in Equation (3.9) to zero (all variables of 

the IG in the synchronous frame are of DC quantity in steady state, and their de-
rivatives are equal to zero). 

• Replace all space vectors in Equation (3.9) with their corresponding phasors. For 
example, the stator voltage vector vs is replaced with the stator voltage phasor 
V„ where vs = vds +jvqs, Vs = Re(F5) +j Im(fQ, and the relationship between Vs 

and vs is given by Vs = vs/V2. 

• Reverse the rotor current direction, that is, the rotor current flows out of the rotor 
circuit instead of into the rotor circuit shown in Figure 3-6. This is not a must. 
However, the revised rotor current direction is consistent with the conventional 
steady-state equivalent circuit of induction machine. More importantly, it facili-
tates the analysis of a DFIG wind energy system, where the rotor circuit is con-
nected to a power converter system with bidirectional power flow. 

The equations for the steady-state analysis of the induction generator are then given by 

\ _J _ (3.22) 
{Vr=-RrIr + j((0s-cor)Ar 

www.EngineeringEBooksPdf.com



66 WIND GENERATORS AND MODELING 

where uppercase letters with a bar on top represent phasors. For instance, A s and A r 

are the phasors for the stator and rotor flux linkages Xs and Ar, respectively. The above 
equation can be rewritten as 

| K, =RSIS + jœs(LJs+LJm) 

[Vr = -Rr Ir + jcosl (-LlrIr + LJm ) 
(3.23) 

where wls is the angular slip frequency, given by wfa = cos - <or. Dividing the rotor volt-
age equation by the slip 

a>„ 
s = ■ 

(O, 
(3.24) 

and rearranging Equation (3.23), we have 

Vs = R,i,+ M ( V , + LJm ) = Rs¡s+ JXJ, + JxJm 

V R - R - - - (3-25) 
— = -h + J<°s (~LJr + LJm ) = 'h - jXJr + jXJm 

V s s s 
where Xh and Xlr are the stator and rotor leakage reactances and Xm is the magnetizing 
reactance, given by 

X,s 

x/r 

xm 

= ®s 

= Û>a 

= 0) 

Lis 

L¡r 

Lm 

(3.26) 

Based on Equation (3.25), the steady-state equivalent for induction generator can be 
derived and is illustrated in Figure 3-13. In DFIG wind energy systems, the rotor cir-
cuit is normally connected to a rotor-side converter (RSC) that can be represented by 
an equivalent impedance as shown in Figure 3-13a, whereas for the SCIG the rotor cir-
cuit is shorted and the rotor voltage Vr is zero, as illustrated in Figure 3-13b. 

Power Flow. To facilitate the power flow analysis for the induction generator, the 
rotor resistance RJs in Figure 3-13 is split into two components: 

— — Rr H Rr 

s s 
(3.27) 

The resultant steady-state equivalent circuit for the SCIG is given in Figure 3-14, 
where Pin is the total input power produced by the wind turbine, and Prot is the total 
rotational losses of the mechanical system (the power losses of gearbox are neglect-
ed for simplicity). The mechanical power from the generator shaft can be calculated 
by [6] 
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Figure 3-13. Steady-state equivalent circuits of an induction generator. 

P. = 3 /?£Z£)» (3.28) 

The copper losses of the rotor and stator windings are 

P = ^/^ /? 
\ cu,r J1s r 

\p =3I2R 
(3.29) 

Figure 3-14. Power flow and losses in an induction generator. 
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The stator output power can be found from 

I p I = I p \-p -p 
I í s I M m Ä cu,r Ä cu,s 

(3.30) 

where absolute values are used to avoid confusion since the stator power and mechani-
cal power are negative when the IG operates in the generating mode. The stator power 
can also be calculated by 

Ps=3VsIscosq)s (3.31) 

where <ps is the stator power factor angle, which is the phase displacement between the 
stator voltage and current, defined by 

(ps=ZVs-ZIs (3.32) 

Generator Torque-Speed Characteristics. The torque-speed curve provides 
insight on how the torque developed by the generator varies with the speed for a given 
stator voltage and frequency. In order to obtain the torque-speed curve, it is necessary 
to find an equation relating these variables. The mechanical power of the generator is 
given by 

Pm=Tmœ„ (3.33) 

Substituting (3.28) into (3.33), the mechanical torque can be calculated by 

T„ =• 
1 

ft)„ 
3 / ? ^ - * , 

1 

coJP 
31?—R. (3.34) 

Substituting (1 - s) = (i>J(»s into (3.34) yields 

1 

coJP 
3 / ? ^ ' 

coJP (3.35) 

where the air gap power is given by 

P =31 —-ag r s 
(3.36) 

Neglecting the magnetizing branch in Figure 3-13b for simplicity, the rotor current can 
be calculated by 

/ , = ■ (3.37) 

R,+ 
R 

+ (x„ + xj 
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substituting (3.37) into (3.35) yields 

3P R 
T_=-

(0, 

V 5 

V 
(3.38) 

+ (Xu+XJ 

Equation (3.38) relates the mechanical torque Tm with slip s for a given stator voltage 
Vs and stator frequency (os. 

A typical torque-slip curve of induction generator is given in Figure 3-15. There are 
two operating modes: motoring and generating modes. When the generator operates in 
the motoring mode, the rotor speed u)r is below the synchronous speed (os, and both me-
chanical torque and slip are positive (Tm>0,s> 0). On the contrary, when the generator 
operates in the generating mode, the rotor speed is higher than the synchronous speed 
and both torque and slip are negative (Tm < 0, s < 0). This is due to the use of the motor 
convention discussed earlier, whereby the direction of the stator current is into the sta-
tor, as shown in Figure 3-13. When the generator operates at the rated operating point, 
its rated mechanical torque is -1.0 pu, and its rated slip is normally in the range of 
-0.005 to -0.01 for large megawatt induction generators in wind energy systems. 

Case Study 3-2—Power and Efficiency Analysis. This case study investi-
gates the power losses and efficiency of the SCIG based on its steady-state equivalent 
circuit and also examines the differences between the generating and motoring modes 
of operation. 

Consider the 2.3 MW, 690 V, 50 Hz, 1512 rpm SCIG in Case Study 3-1. The shaft 
of the generator is coupled to the wind turbine through a gearbox and its stator is di-
rectly connected to the grid of 690 V/50 Hz. For a given wind speed, the generator op-
erates at a rotor speed of 1506 rpm, at which the rotational losses of the generator are 
23 kW. 

Tm (pu) 

Figure 3-15. Typical torque-slip curve of squirrel-cage induction generator. 
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Based on the SCIG steady-state equivalent circuit of Figure 3-13b, the total input 
impedance of the generator is given by 

Zs = R, +jXk +jXJI\ y +jXlr ) = 0.339 L. 145.3- ft (3.39) 

where the slip is 

1500-1506 . _ . . 
s = = -0.004 

1500 
The negative slip indicates that the SCIG operates in the generating mode. 

The stator and rotor currents can be obtained from 

(3.40) 

V, 690/V3Z00 

0.330Z145.30 

r jXm+(Rr/s + jXlr) 

= 1206.9Z-145.3°A 

/ , = 1030.0Z-173.8°A 

(3.41) 

The stator current lags the stator voltage, which implies that the generator draws the 
reactive power from the grid. 

The stator power factor angle <ps and the power factor PFS can be calculated by 

(ps =ZVS -ZIS =Z0° -Z-145 .3° = 145.3° 

PFS= cos (ps =-0.822 
(3.42) 

The stator power factor angle is greater than 90° and power factor is negative, indicat-
ing the machine operates in the generating mode. 

The stator power to the grid can be calculated by 

Ps =3VJscos <p s= 3x690/N/3~X1206.9X(-0.822) =-1186.2 kW (3.43) 

The negative power implies that the generator delivers the active power to the grid. 
From the equivalent circuit of Figure 3-13b, the mechanical power of the generator 

can be calculated by 

Pm = 3 / ^ ( 1 - 5 ) / s =-1195.78 kW 

based on which its mechanical torque is 

(3.44) 

T„=-
-1195.8xl0J 

com (1506x2x^/60) 
■ = -7.58kN-m (3.45) 
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The stator and rotor winding losses are given by 

/>,„,, = 3 / X = 4.82 kW 

Pcur=lI2
rRr= 4.76 kW 

The stator power to the grid is calculated by 

W H ^ I - ^ - ^ , , =1186.2 kW 

The total input power from the shaft of the generator is 

1̂ 1 = 1̂ 1 + / ^ =1218.8kW 

from which the generator efficiency is calculated by 

r)=\Ps\l\Pin\ = 913?,% (3.49) 

It can be observed from the above analysis that with the IG operating in a generating 
mode, its stator power P„ mechanical power Pm, mechanical torque Tm, stator power fac-
tor/5/^, and slip s are all negative. This is due to the IG equivalent circuit with the motor 
convention, whereby the stator current is is assumed to flow into the stator from the grid. 

Table 3-2 provides a summary of the induction machine operating in the motoring 
and generating modes; a simplified connection diagram and its corresponding phasor 
diagram are also given. The stator power, power factor, electromagnetic and mechani-
cal torque, and slip of the induction machine are all positive in the motoring mode and 
negative in the generating mode. The stator power factor angle is in the range of 0 ^ 
(ps < 90° and 90° < çs < 180° for motoring and generating operations, respectively. 

3.4 SYNCHRONOUS GENERATORS 

Synchronous generators (SGs) are widely used in wind energy conversion systems of a 
few kilowatts to a few megawatts. As mentioned in the introduction of this chapter, the 
synchronous generators can be classified into two categories: wound-rotor synchro-
nous generators (WRSGs) and permanent-magnet synchronous generators (PMSGs). 
In the WRSG the rotor flux is generated by the rotor field winding, whereas the PMSG 
uses permanent magnets to produce the rotor flux. Depending on the shape of the rotor 
and the distribution of the air gap along the perimeter of the rotor, synchronous gener-
ators can be categorized into salient-pole and nonsalient-pole types. 

In this section, the construction of WRSGs and PMSGs in wind energy systems is 
presented, and the dynamic and steady-state models for both types of synchronous 
generators are derived. The block diagrams for the simulation of synchronous genera-
tors are developed, and case studies are provided for the dynamic and steady-state 
analysis of the generators. 

(3.46) 

(3.47) 

(3.48) 
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Table 3-2. Summary for induction machine operating in the motoring and generating 
modes 

Connection 

Phasor diagram 

Operating mode 

Stator power 

Slip and torque 
(normal operation) 

Power factor angle 
and power factor 

0"̂  \!y J 
Electric Induction 
Grid Machine 

Ps<0 ^ ^ ~ 

Power Flow: j ^— 
Machine —» Grid s 

(Generating mode) 

Generating mode 

Ps = 3VsIscos<ps<0 

i < 0 

90°<<p,<180° 

Tm<0,Te<0 

-1 < PFS < 0 

<PS 

Mechanical load 
or wind turbine 

vs 

Ps>0 

Power Flow: 
Grid —» Machine 
(Motoring mode) 

Motoring mode 

P, = 3V,I,cos<p,>0 

s > 0 

0 <=f t<90° 

rm>o,re>o 

0 £ PFS == 1 

3.4.1 Construction 

Similar to the induction generator, the synchronous generator is mainly composed of a 
stator and a rotor. The construction of the stator of both wound-rotor and permanent-
magnet synchronous generators is essentially the same as that of an induction genera-
tor and, therefore, is not repeated here. This subsection provides an overview of the ro-
tor configuration for the WRSG and PMSG. 

Wound-Rotor Synchronous Generators. As the name indicates, the wound-
rotor synchronous generator has a wound-rotor configuration to generate the rotor mag-
netic flux. Figure 3-16 illustrates a typical salient-pole WRSG, where only twelve poles 
are shown for better appreciation of the rotor structure. The field winding is wound 
around pole shoes, which are placed symmetrically on the perimeter of the rotor in a ra-
dial configuration around the shaft to accommodate large number of poles. The genera-
tor has an uneven air gap flux distribution due to the salient structure of the rotor. A prac-
tical example of this type of generator is shown in Figure 2-7e in Chapter 2. The 
synchronous generators with a high number of poles (e.g., 72 poles) operating at low ro-
tational speeds can be used in direct-driven megawatt wind energy systems where there 
is no need for a gearbox. This leads to a reduction in power losses and maintenance cost. 

The rotor-field winding of the synchronous generator requires DC excitation. The 
rotor current can be supplied directly by brushes in contact with slip rings attached to 
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Figure 3-16. Salient-pole, wound-rotor synchronous generator (twelve-pole configuration). 

the shaft and electrically connected to the rotor winding. Alternatively, a brushless ex-
citer physically attached to the shaft can be used. The exciter generates AC currents 
that are rectified to DC using a diode bridge for the rotor winding. The first option is 
simple but requires regular maintenance of the brushes and slip rings, whereas the sec-
ond option is more expensive and complex but needs little maintenance. 

Permanent-Magnet Synchronous Generators. In the PMSG, the rotor 
magnetic flux is generated by permanent magnets, and these generators are, therefore, 
brushless. Because of the absence of the rotor windings, a high power density can be 
achieved, reducing the size and weight of the generator. In addition, there are no rotor 
winding losses, reducing the thermal stress on the rotor. The drawbacks of these gener-
ators lie in the fact that permanent magnets are more expensive and prone to demagne-
tization. Depending on how the permanent magnets are mounted on the rotor, the 
PMSG can be classified into surface-mounted and inset PM generators. 

SURFACE-MOUNTED PMSG. In the surface-mounted PMSG, the permanent magnets 
are placed on the rotor surface. Figure 3-17 shows such a generator, where 16 magnets 
are evenly mounted on the surface of the rotor core, separated by nonfemte materials 
between two adjacent magnets. Since the permeability of the magnets is very close to 
that of the nonfemte materials, the effective air gap between the rotor core and stator is 
uniformly distributed around the surface of the rotor. This type of configuration is 
known as a nonsalient-pole PMSG. 

The main advantage of the surface-mounted SG is its simplicity and low construc-
tion cost in comparison to the inset PMSG. However, the magnets are subject to cen-
trifugal forces that can cause their detachment from the rotor and, therefore, the sur-
face-mounted PMSGs are mainly used in low-speed applications. In a direct-driven 
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Figure 3-17. Surface-mounted nonsalient PMSG (sixteen-pole configuration). 

WECS, the synchronous generator with a high number of poles is used, like the one 
shown in Figure 2-7d in Chapter 2. The surface-mounted PMSG can have an external 
rotor in which the permanent magnets are attached to the inner surface of the rotor [7]. 
In this case, the centrifugal forces help to keep the magnets attached to the rotor core. 

INSET PMSG. In the inset PMSG, the permanent magnets are inset into the rotor 
surface as shown in Figure 3-18. The saliency is created by the different permeability 
of the rotor core material and magnets. This configuration also reduces rotational 

Figure 3-18. Inset PMSG with salient poles (four-pole configuration). 
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stress associated with centrifugal forces in comparison to the surface-mounted PMSG 
and, therefore, this type of generator can operate at higher rotor speeds. A practical 
low-pole-number PMSG used in WECS is shown in Figure 2-7e in Chapter 2. 

3.4.2 Dynamic Model of SG 

Figure 3-19 shows a general dq-axis model of a synchronous generator. To simplify 
the analysis, the SG is normally modeled in the rotor field synchronous reference 
frame. The stator circuit of the dq-axis model is essentially the same as that of the in-
duction generator shown in Figure 3-8 except that 

• The speed of the arbitrary reference frame w in the IG model is replaced by the 
rotor speed o)r in the synchronous frame 

• The magnetizing inductance Lm is replaced by the ö?<7-axis magnetizing induc-
tances Ldm and Lqm of the synchronous generator. In a nonsalient SG, the d- and 
q-axis magnetizing inductances are equal (Ldm = Lqm), whereas in the salient-
pole generators, d-axis magnetizing inductance is normally lower than the q-axis 
magnetizing inductance (Ldm < Lqm). 

• The dq-axis stator currents, ids and iqs, flow out of the stator. This is based on the 
generator convention since most synchronous machines are used as generators. 

To model the rotor circuit, the field current in the rotor winding is represented by a 
constant current source 7̂  in the ¿-axis circuit [5]. In the PMSG, the permanent magnet 
that replaces the field winding can be modeled by an equivalent current source If with a 
fixed magnitude. 

To simplify the SG model of Figure 3-19, the following mathematical manipula-
tions can be performed. The voltage equations for the synchronous generator are given 
by 

\vds = -Rsids - m
r \ s + P^ds 

\Vas=-RS'as+®Ads+P\ 
(3.50) 

■qs 

'ds Rs 
o—-*—Wv-

+ 

vds 

(Or\ is ks 
/ Y Y Y V . 

P^-ds 

+ ■■ 

"¡<fa 

\Ldm pkdr (T) v, 

(0rX, 

Stator 

(b) <?-axis circuit 

Figure 3-19. General dq-axis model of SG in the rotor field synchronous reference frame. 

Stator Rotor 
(a) d-axis circuit 
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where Ads and \qs are the d- and g-axis stator flux linkages, given by 

\Ks = ̂ Khs + A*. Or -L) = - ( 4 + A*. >* + A*.7/ = - 4 4 + \ 

K,=-( A.+£„.)'„=-V*. 
(3.51) 

where Ar is the rotor flux, and Ld and L? are the stator ¿fy-axis self-inductances, defined 
by 

(3.52) 

Substituting (3.51) into (3.50), and considering dkjdt = 0 for constant field current If 
in the WRSG and constant Ar in the PMSG, we have 

K 
Ld 

L< 

- LdmIf 

= L,s 

= L!s 

+ Ldm 

+ Lqm 

vds 

■qs 

■-Rsids + a>rLqiqs -Ldpids 

'■ ~Rs'qs - <»rLciids + « A ~ LqP'qs 
(3.53) 

Figure 3-20 shows a simplified model for the synchronous generators, which is de-
rived based on Equation (3.53). It should be pointed out that 

• The simplified mode is as accurate as the general model of Figure 3-19 since no 
assumption was made during the derivation of the simplified model. The perfor-
mance analysis based on the general and simplified models should give identical 
results. 

• The SG model is valid for both wound-rotor and permanent-magnet synchronous 
generators. For a given field current T în the WRSG, the rotor flux can be calcu-
lated by \r = Ldm If. For the PMSG, the rotor flux Ar is produced by permanent 
magnets and its rated value can be obtained from the nameplate data and genera-
tor parameters. 

• The model is also valid for both salient- and nonsalient-pole synchronous genera-
tors. For a nonsalient generator, the dq-axis synchronous inductances, Ld and Lq, 

'ds Rs ^rLg'v 
—« V W &J 

vds Ld\ 

lqs JVJ 
o—* — 

vqs 

R COr Ld ids C0r Xr 

w^-Q Qn 

(a) d-axis circuit (b) <?-axis circuit 

Figure 3-20. Simplified dq-axis model of SG in the rotor-field synchronous reference frame. 
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are equal, whereas they are different for a salient-pole generator. The d-axis syn-
chronous inductance of PMSG is usually lower than that of the q-axis (Ld < Lq). 

The electromagnetic torque produced by the SG can be calculated by the same equa-
tion for the IG given in Equation (3.16a), that is, 

Substituting (3.51) into (3.54), we have 

T = -j [ K iqs - (Ld - Lq) ijqs ] (3.55) 

The rotor speed wr is governed by motion equation 

œ'=~Js(T'~TJ (3'56) 

To derive the SG model for dynamic simulation of synchronous generators, Equation 
(3.53) is rearranged as 

'* = 7 (-V* - RJäs + », V * ) I Lä 
b (3.57) 

/ = — (-v -Ri -CDLJL +COA,)/L 
qs ç, \ qs s qs r a as r y J q 

Based on the above three equations, the block diagram for computer simulation of the 
SG is derived and shown in Figure 3-21. The input variables of the SG model are the 
dq-axis stator voltages vds and vqs, the rotor flux linkage Xn and the mechanical torque 
Tm, whereas the output variables are the dg-axis stator currents ids and iqs, the rotor me-
chanical speed ú)m, and the electromagnetic torque Te. 

Case Study 3-3—Analysis of Synchronous Generator in Standalone 
Operation. The main purpose of this case study is to 

• Investigate the operation of a stand-alone SG wind energy system feeding a 
three-phase resistive load 

• Illustrate how to effectively use the simulation model of Figure 3-21 for the sim-
ulation of synchronous generators 

• Reveal the relationship between the three-phase abc variables in the stationary 
frame and the dq variables in the synchronous frame 

The generator used in the study is a 2.45 MW, 4000 V, 53.33 Hz, 400 rpm nonsalient-
pole PMSG, whose parameters are given in Table B-10 in Appendix B. The generator 
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Eg. (3.57) Eg. (3.55) Egs. (3.56) 

Figure 3-21. Block diagram for dynamic simulation of synchronous generators. 

is loaded with a three-phase balanced resistive load RL and operates at 320 rpm (0.8 
pu) at a given wind speed. The loading of the generator can be changed by switch S. 
When S is closed, the load resistance is reduced to RL/2 per phase. 

It is assumed that the combined moment of inertia of the blades, rotor hub, and gen-
erator are very large such that the rotor speed is kept constant at 320 rpm during the tran-
sients caused by the changes in load resistance. The motion equation (3.56) is then not 
needed. Since the rotor speed wr is known, it becomes the system input variable. The SG 
simulation algorithm given in Figure 3-21 should be slightly modified accordingly. 

The block diagram for the simulation of the SG stand-alone operation is shown in 
Figure 3-22. The dq-axis stator currents, ids and iqs, in the synchronous frame rotating 
at the synchronous speed of wr are calculated by the SG model. They are then trans-
formed into the abc-axis stator currents, ias, ibs, and ics, in the stationary frame through 
the dqlabc transformation. The calculated load voltages, vas, vbs, and vcs, which are also 
the stator voltages, are transformed to the dq-ax\s voltages vds and vqs in the synchro-
nous frame, which are then fed back to the SG model. 

A simple test for the synchronous generator in stand-alone operation is carried 
out, and results are given in Figure 3-23. The generator initially operates in steady 
state with a resistive load of RL. The load resistance is reduced to RLI2 by closing 
switch S at t = 0.015 sec. After a short transient period, the system reaches a new 
steady-state operating point. The dq-axis stator currents, ids and iqs, in the synchro-
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(a) SG with a three-phase resistive load 

Vrfr 
1 — ^ 

V, 

C0r „ 

SG Model 
(Fig. 3.21) 

A 

'ds _ 
> 

lqs 
— ► 

dq/abc 

wr 
, 

e 

• 
as > 

hs 

_ t 4 ^ 

(Load) 

vas t 

Vft.t , 

v„. 
" » 

abc/dq 

Vds 

v 

(b) Block diagram for simulation 

Figure 3-22. Block diagram of a stand-alone SG configuration with a three-phase resistive 
load. 

nous frame are DC variables, whereas the aèc-axis stator currents, ias, ibs, and ics, in 
the stationary frame are sinusoids in steady state. The magnitude of the stator current 
is, given by is = V i ^ + i%s, represents the peak value of ias, ibs, and iCi. A similar phe-
nomenon can be observed for the stator voltages. A decrease in the load resistance 
results in an increase in the stator currents, but the stator voltages are reduced main-
ly due to the voltage drop across the stator inductances. The electromagnetic torque 
Te and stator active power Ps are increased accordingly when the system operates at 
the new operating point. 

For the nonsalient synchronous generator, its dq-axis inductances are equal (Lq = 
Ld). The torque equation (3.55) can then be simplified to 

T.—iKQ (3-58) 

The above equation indicates that the d-axis current ids in the nonsalient SG does not 
contribute to the torque production and, therefore, the electromagnetic torque is pro-
portional to the <7-axis stator current for a given rotor flux Ar. This can be confirmed by 
comparing the waveforms of iqs and Te given in Figure 3-23. 
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'as, 'bs< 'es (Pu) 
0.50 

Vas< Vbs, Vcs (pu) 

0.50 

0 

-0.50 
-1.0 

Te, Ps (PU) 
0.75 
0.50 
0.25 

0 

t (sec) 

r \ : 7 - v : / 
vs 

"0 0.01 0.02 0.03 f(sec) 

Figure 3-23. Simulated waveforms for a stand-alone PMSG system with resistive load. 

3.4.3 Steady-State Equivalent Circuits 

The steady-state model of a synchronous generator provides a useful tool for the analy-
sis of the generator's steady-state performance. The SG steady-state model can be de-
veloped from its dynamic model shown in Figure 3-20. Considering that the i/^-axis 
stator currents, ids and iqs, in the rotor flux synchronous reference frame are DC values 
in steady state, their derivatives in Equation (3.53), pids awâpiqs, become zero. There-
fore, the equations that describe the steady-state characteristics of the synchronous 
generator are given by 

qs 

[ V = ~Rs'qs - MrLd'ds + ®rK 
(3.59) 
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Since the dq-axis voltages and currents in the synchronous frames are all constant D 
values in steady state, it is convenient to use them directly for steady-state analysis. 
Based on Equation (3.59), the steady-state equivalent circuit for the synchronous gen-
erator is derived and shown in Figure 3-24. 

Case Study 3-4—Steady-State Analysis of Stand-Alone SG with RL 
Load. In this case study, the steady-state performance of a stand-alone salient-pole 
synchronous generator with an RL load is analyzed using the dq-axis steady-state 
equivalent circuit of Figure 3-24. Consider a 2.5 MW, 4000 V, 40 Hz, 400 rpm six-
pole salient PMSG, whose parameters are given in Table B-12 in Appendix B. The 
generator operates at the rotor speed of 400 rpm and supplies a three-phase RL load of 
RL = 4.2855 il and LL = 8.258 mH, as shown in Figure 3-25a. 

Since the q-axis leads the c?-axis by 90°, the generator dq-axis stator voltage, which 
is also the load voltage, can be calculated by 

Vds + Pqs = Qds + ßqs )(RL + MrLL ) 

= (RL'ds - <»rLl}qs ) + J(RLÍqs + ^rLúds ) 
(3.60) 

where o>r is the rotor electrical speed, which is also the speed of the dq synchronous 
reference frame, in which the dq-axis SG model is established. Equation (3.60) can be 
rearranged as 

vds Rjds •^rLLÍqs=RLÍds-XLÍqs 

RJqs + WrLJds - RÛqs + XÛds 
(3.61) 

where A ^ = o)¿Liqs andXJ^ = co^J^. These two terms are referred to as speed voltages, 
which are due to the transformation of the three-phase load inductance in the abc station-
ary frame into the dq synchronous frame. Other methods for transforming a three-phase in-
ductive or capacitive circuit in the abc stationary frame into the dq rotating frame are also 
available [3], and the same results can be obtained. Based on Equation (3.61), the dq-axis 
equivalent circuit of the synchronous generator with an RL load is shown in Figure 3-25b. 

>ds Rs 

o—« Wv-
+ 

vds 

mrLq'qs 
>qs R: 

O «-

yqs 

°V Ld'ds o)rXr 

(a)d-axis circuit (b) q-axis circuit 

Figure 3-24. Steady-state model of synchronous generator. 

www.EngineeringEBooksPdf.com



82 WIND GENERATORS AND MODELING 

®r Lq lqS 

-Q-

(a) SG with a three-phase RL load 

„ . <arK
 arLd'ds „ 

-vw—*—o 1 i—(-A (+A—AV—ï—o-

Vds 

I %L 'qs 

vqs 

^-J^L'ds 

SG d-axis circuit RL load SG #-axis circuit 

(b) <ig-axis equivalent circuits 

Figure 3-25. Steady-state analysis of PMSG with an RL load. 

RL load 

Substituting (3.59) into (3.61) yields 

j - Rs'ds + (»rLqiqs = RJds ~ <»rLl}qs (a) 

[ - Rsiqs - (»rLd'ds +arK= RJqs + ^rh'ds ( b ) 

From Equation (3.62a), the d-axis stator current ids can be expressed as 

. _(Or(LL+L
q). 

Substituting (3.63) into (3.62b), the g-axis current can be calculated by 

. _ COrXr(
RL+Rs) 

qs (RL+Rs)
2+co?(LL+Ld)(LL+Lq) 

141.85A 

(3.62) 

(3.63) 

(3.64) 

where wr = n ^ W ó O = 400 * 6 x 2w/60 = 251.33 rad/sec and Ar = 6.7302 Wb (rated 
peak value; refer to Table B-12). 

The ¿/-axis stator current ids is then 

lds - -J—± q—L= 249.0 A 
RL+Rs 

'qs 
(3.65) 
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The rms stator current is evaluated by 

which is the rms value of the three-phase stator currents Ias, Ibs, and Ics. 
With the stator currents calculated, the dq-axis stator voltages are found from 

vck ---Rsids+corLJqs= 772.9 V 

[ V = -R'¡9S - <°rLdid, + WrK = 1 124.7 V 

The rms stator voltage is then calculated by 

Vs = VvïT^jV2 = 965.0V 

which is also the rms value of the three-phase stator voltages Vas, Vbs, and Va 

The electromagnetic torque of the generator is obtained by 

(3.67) 

(3.68) 

Te = -^P(Kiqs - (Ld - Lq)idsiqs) = 12.7 kN • m 

The mechanical power of the generator is 

Pm=Tmcom=TecorIP = 531.0kW 

(3.69) 

(3.70) 

where the mechanical torque Tm is equal to the electromagnetic torque Te when the 
generator operates in steady state. The stator winding loss is 

P C H .=3 / /Ä i =3 .0kW (3.71) 

The active power delivered to the load is calculated by subtracting the stator winding 
losses from the mechanical power: 

PL =Pm-Pcu,s =528.0 kW 

The load power factor angle is 

<pL = tan" 

from which the load power factor is 

®rLL = 25.8° 

(3.72) 

(3.73) 

P F ¿ = cosfo) = 0.9 (3.74) 
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Alternatively, the load active and reactive power can be obtained by 

Í P ¿ = 1 . 5 ( v ^ + V 9 J ) = 528.0kW 

\QL = 1.5(vqsids - vdsiqs) = 255.7 kVA 

from which the load power factor is 

The dq-axis stator voltages can also be calculated from the load conditions 

Jv* = RJds ~(OrLLiqs = RLids - XLiqs = 772.9 V 

[Vqs = RJqs + 0}rLLids = RLiqs + XLids = 1124.7 V 

The phase angles of the stator voltage and current are given by 

Í0v = tan-'(v?j/víís) = 55.5° 

U = tan-V/J = 29.7° 

from which the stator voltage and current phasors can be defined by 

\VS =VSZ6V =965.0Z55.5°V 

|7 = /oZ0,=2O2.7Z29.7°A 

(3.75) 

PFL= I f¿ , =0-9 (3-76) 

4PL+Ql 

(3.77) 

(3.78) 

(3.79) 

(3.80) 

The load power factor angle and power factor are 

k = 0 v - 0 ( = 25.8° 

\PFL = cos ^ = 0 . 9 

Finally, the active load power PL can be calculated by 

PL = wjs cos (¡)L = 528.0 kW (3.81) 

which is equal to that given in Equations (3.72) and (3.74). 
Assuming that the rotational losses Prot of the generator account for 0.5% (12.5 kW) 

of the rated generator power, the efficiency of the generator is 

PL = 528.0 = 0 9 7 2 

Pm+Prol 531.0 + 12.5 

The permanent-magnet synchronous generators usually have higher efficiency than 
other types of generators due to the use of permanent magnets for rotor flux genera-
tion. 
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3.5 SUMMARY 

The construction, operating principle, and dynamic and steady-state models of induc-
tion and synchronous generators used in wind energy systems are introduced in this 
chapter. The induction generator (IG) models are derived in the arbitrary reference 
frame, which can be easily transformed to any other reference frame. These models are 
suitable for both squirrel-cage induction generators (SCIGs) and doubly fed induction 
generator (DFIG). The synchronous generator (SG) models are developed in the syn-
chronous reference frame, which is the most the convenient reference frame for the 
analysis of synchronous generators. These models are applicable to both wound rotor 
synchronous generators (WRSGs) and permanent-magnet synchronous generators 
(PMSGs). Case studies are provided to investigate the dynamic and steady-state be-
havior of the generators. The generator models developed in this chapter will be used 
for the analysis of different WECS configurations with different control strategies in 
later chapters. 
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4 

POWER CONVERTERS 
IN WIND ENERGY 

CONVERSION SYSTEMS 

4.1 INTRODUCTION 

Power Converters are widely used in wind energy conversion systems (WECS). In 
fixed-speed WECS, the converters are used to reduce inrush current and torque oscilla-
tions during the system start-up, whereas in variable-speed WECS they are employed 
to control the speed/torque of the generator and also the active/reactive power to the 
grid [1]. According to the system power ratings and type of wind turbines, a variety of 
power converter configurations are available for the optimal control of wind energy 
systems. 

Figure 4-1 illustrates three practical wind energy conversion systems using differ-
ent power converter configurations. Figure 4-la shows the fixed-speed, induction-
generator-based WECS, in which a soft starter is employed to reduce inrush current 
caused by electromagnetic transients that take place at the moment the generator is 
connected to the grid. The soft starter is essentially an AC voltage controller using 
SCR devices, whose output voltage is adjusted such that it increases slowly with time 
during the system start-up. Figure 4-lb shows a variable-speed WECS using squirrel 
cage induction generators (SCIGs) or synchronous generators (SGs), where a back-to-
back converter configuration with two identical PWM converters is used. The convert-
ers can be either voltage source converters (VSCs) or current source converters 
(CSCs). Figure 4-lc is also a variable-speed wind energy system only for synchronous 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 87 
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88 POWER CONVERTERS IN WIND ENERGY CONVERSION SYSTEMS 

Figure 4-1. Three typical WECS using different power converter topologies. 

generators, where a low-cost diode rectifier with a DC/DC boost converter can be used 
instead of the PWM rectifier. 

In this chapter, different power converter topologies for wind energy systems are 
introduced, their operating principles are discussed, and switching schemes are elabo-
rated. These converters include AC voltage controllers, DC/DC boost converters, two-
level voltage source converters, three-level neutral point clamped (NPC) converters, 
and PWM current source converters [2]. Finally, the control of grid-connected con-
verters is presented. The equations and tables derived in this chapter will be used to as-
sist in the analysis of wind energy systems in the subsequent chapters. 

4.2 AC VOLTAGE CONTROLLERS (SOFT STARTERS) 

The AC voltage controller is often referred to as soft starter in WECS since its main 
function is to help the wind turbine to start smoothly with reduced inrush current and 
mechanical stress. After the system is started, the AC voltage controller is usually by-
passed (short circuited) by a bypass switch, which eliminates the power losses of the 
controller. The AC voltage controllers in WECS normally use a SCR (thyristor) as 
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switching device. Through the delay (firing) angle control for the SCRs, the output 
voltage of the controller can be adjusted from zero all the way up to its supply voltage, 
which effectively reduces the starting current of the system. This section starts with an 
introduction to the single-phase AC voltage controller, followed by detailed studies for 
three-phase AC voltage controllers. 

4.2.1 Single-Phase AC Voltage Controller 

The simplified circuit for a single-phase AC voltage controller is shown in Figure 4-2. 
It is composed of a pair of SCR thynstors, connected in antiparallel between the power 
supply and the load. The operating principle of the voltage controller, the gating 
arrangement for the thyristors, and the resultant output voltage and current waveforms 
are illustrated in Figure 4-3. 

Assuming a resistive load, the waveforms for the gate signals igl and ig2, output cur-
rent im and output voltage v0 of the controller with a delay angle of a = TT/3 are given 
in Figure 4-3a. During the positive half-cycle of the power supply, thyristor Tx is 
turned on at wt = a = TT/3 by igl and is turned off at ir when its current falls to zero. 
During the negative half-cycle, thyristor T2 is triggered on at wt = (a + TT) = 4TT/3 and 
is switched off at 2TT. 

With a resistive load, the rms value of the output voltage V0 can be found from 

-.-J-JVâ 
K Ja 

xl/2 

2VS sin cot) d(cot) 
, a sin 2a ^ 
1 + 

K 

1/2 

In 
(4.1) 

Figure 4-3b illustrates the operation of the voltage controller with an RL load and a = 
TT/3. Thyristor Tx is turned on at wt = TT/3, but will not be turned off when the supply 
voltage vs falls to zero at wt = ir. This is due to the lagging inductive load current flow-
ing through Tu which is not yet zero at wt = TT. Thyristor Tx remains on until its current 
becomes zero, at which the energy stored in the load inductance is fully released and, 
thus, r, is turned off. 

Q v s = V2Vs 
Load 

Figure 4-2. Single-phase AC voltage controller. 
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*■ iùt 

(b) Inductive load 

Figure 4-3. Waveforms for the single-phase AC voltage controller. 

It is noted that when the delay angle a is smaller than the load power factor angle <p, 
defined by <p = tan"1 {coLIR), the output voltage v0 of the controller will be equal to its in-
put supply voltage vs and, thus, v0 is no longer adjustable. Take Figure 4-4 as an exam-
ple, where the load power factor angle <p is TT/3 and delay angle a is w/6. During the pos-
itive half-cycle of the supply voltage, thyristor Tx conducts for a certain period of time. 
When the gate signal for T2 arrives at cot = IT + a, T2 will not be turned on since the load 
current i0 is still positive due to the inductive load and, thus, 7\ continues to conduct. T2 

will be turned on only when ia falls to zero and becomes negative, provided that the gate 
current ig2 for T2 is still there. When T2 is turned on, Tx is reverse biased and, thus, turned 
off. Both T, and T2 conduct 180° alternatively per the fundamental-frequency cycle and, 
thus, the output voltage v0 is equal to the supply voltage vs. 
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It is also noted that with an inductive load, continuous gating with extended dura-
tion, such as igl and ig2 in Figure 4-4, should be used. If the gate signals are of short du-
ration, the controller will not operate properly. For instance, with a short gating pulse 
zg2, like the one shown with a solid block in the figure, T2 will not be turned on during 
the negative cycle of the supply voltage. 

Assuming a pure inductive load, the rms value of the output voltage v0 of the con-
troller can be calculated by 

V„ = 2a sin 2a 
,\/2 

2 — + -
n n 

for 0 < a < n 12 

for n I2<a<n 
(4.2) 

where V0 is equal to Vs for 0 ^ a < TT/2 due to the reasons discussed earlier. 

Figure 4-4. Waveforms for single-phase AC voltage controller with an RL load. 
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Based on Equations (4.1) and (4.2), the relationship between the voltage ratio V0IVS 

and delay angle a with a pure resistive (<p = 0) and pure inductive ((p = 90°) load is 
drawn in Figure 4-5. The other curves in the figure for load power factor angle of <p 
45°, 60°, and 75° are obtained by computer simulation. 

4.2.2 Three-Phase AC Voltage Controller 

The configuration of a three-phase AC voltage controller with a three-phase Y-con-
nected load is shown in Figure 4-6. It is composed of three pairs of SCR thyristors con-
nected between the three-phase power supply and the load. The operating principle of 
the controller is illustrated in Figure 4-7, where the waveforms for the supply voltages, 
thyristor gating currents, and phase-a load voltage van are illustrated. 

Consider a three-phase, balanced, Y-connected resistive load for the controller. 
During period I, thyristors T6 and Tx are turned on, and the line-to-line supply voltage 
vAB is applied to the phase-a and b load resistors. Since T5 and T2 in phase-c are both 
off, the phase-a load voltage van is equal to vAB/2 as shown in Figure 4-7. For period II, 
thyristors T, and T2 conduct, leading to va„ = vAC/2. During period III, thyristors T2 and 
T3 are turned on, but none of the phase-a thyristors is on, resulting in van = 0. Follow-
ing the same procedure, the load voltage va„ during the negative half-cycle can be 
drawn. Similarly, the load voltage waveforms for the other two phases, vbn and vc„, can 
be determined. 

The waveforms for the load line-to-line voltages can be obtained by vab = van - vbn, 
vbc = vbn - vcn , and vca = vcn - van, respectively. Figure 4-8 shows the waveforms for van 

and vab with the delay angle changes from lirß to zero in steps. It can be observed that 

- ^ 1.01 > 
Vs 

0.8 : 

0.6 

0.4 

0.2 

0.0 
0° 20° 40° 60° 80° 100° 120° 140° 160° a 

Figure 4-5. Output voltage to supply voltage ratio VJVS versus delay angle a for single-phase 
AC voltage controller. 
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Figure 4-6. Three-phase AC voltage controller with Y-connected load. 

Figure 4-7. Waveforms of three-phase AC voltage controller with a Y-connected resistive load. 

www.EngineeringEBooksPdf.com



94 POWER CONVERTERS IN WIND ENERGY CONVERSION SYSTEMS 

Figure 4-8. Waveforms of three-phase AC voltage controller with a resistive load and various 
delay angles. Delay angle: a = 2ir/3 (first cycle), TT/2 (second cycle), 7r/3 (3rd cycle), IT/6 (fourth 
cycle) and 0 (fifth cycle). 

with the decreasing of delay angle, the load phase voltage va„ and line-to-line voltage 
vab increase accordingly, and, finally, are equal to the phase voltage vAN and line-to-
line voltage vAB of the power supply at a = 0, respectively. 

Depending on the delay angle a, the operation of the three-phase AC voltage con-
troller can be classified into three operating modes: Mode I for TT/2 < a < 5ir/6, during 
which there are periods when none or two thyristors in each phase conduct; Mode II 
for 7T/3 < a < TT/2, during which two thyristors in each phase are turned on; and Mode 
III for 0 < a < 7T-/3, during which three thyristors or two thyristors conduct simultane-
ously [4]. Unlike the single-phase AC voltage controller, in which the delay angle a is 
in the range of zero to v, the range of the three-phase AC voltage controller is from 
zero to 5TT/6 (150°), beyond which (5ir/6 < a < IT) the output voltage of the controller 
is kept to zero. Therefore, there is no need to extend the delay angle beyond 5TT/6. 

The typical waveforms of van for the voltage controller operating in the these three 
modes are shown in Figure 4-9, where the delay angle a is 277/3 (120°) in Mode I, 
57T/12 (75°) in Mode II, and TT/6 (30°) in Mode III, respectively. 

Based on the waveforms given in Figure 4-9, the rms value of the load phase volt-
age can be calculated by 

V = r 
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Figure 4-9. Typical waveforms of van when the three-phase controller operates in three differ-
ent modes with a resistive load. 
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where Vs is the rms value of the phase voltage of the power supply given by 

vAN = -JlVs sine«; vBN = JlVs sin (cot-2nß); and vCN = ̂ ^ s i n (cot+2n/3 ) (4.6) 

The analysis of the three-phase AC voltage controller with inductive load is quite com-
plex since the thynstors do not cease conducting when the supply voltage falls down to 
zero and becomes negative, the same phenomenon as discussed in the single-phase AC 
voltage controller. Computer simulation provides an effective means of obtaining the 
load voltage and current waveforms. Figure 4-10 shows simulated waveforms for 
phase-a load voltage van, line-to-line voltage vab, and load current ia when the voltage 
controller operates with a three-phase, Y-connected RL load having a power factor of 
0.9 at different delay angles. The waveform for the phase-a load current ia is much 
smoother than its phase voltage van due to the filtering effect of the load inductance. 
The load power factor angle <p is equal to 25.8° as indicated in the figure. 

With the pure inductive load (<p = 7r/2) the rms value of the load voltage van of the 
three-phase AC voltage controller is given by [4] 

V = 

5__3a 3sin(2ce) 
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4.3 INTERLEAVED BOOST CONVERTERS 97 

Figure 4-10. Waveforms of three-phase AC voltage controller with an RL load (cos <p = 0.9) 
and various delay angles, a - 2w/3 (first cycle), nil (second cycle), W3 (third cycle), TT/6 (fourth 
cycle), and 0 (fifth cycle). 

Based on Equations (4.3) to (4.7), the relationship between VanIVs and a is given in 
Figure 4-11 with the load power factor angle ç as a parameter. The other curves for <p 
= 45°, 60°, and 75° are obtained by computer simulations. It is noted that when the de-
lay angle a is smaller than the load power factor angle tp, the load voltage Van is equal 
to the supply voltage Vs and, therefore, is no longer adjustable, the same phenomenon 
as discussed in the single-phase AC voltage controller. 

4.3 INTERLEAVED BOOST CONVERTERS 

The DC/DC boost converter is one of the converter topologies often used in syn-
chronous generator (SG) based wind energy conversion systems. As shown in 
Figure 4-lc, the converter is placed between the diode rectifier and the inverter of 
the power conversion system. The boost converter serves two main functions: track-
ing maximum power from the wind and boosting DC voltage to an appropriate val-
ue for the inverter. The second function facilitates the capture of maximum power 
from the wind at all wind speeds. For low- and medium-power wind energy sys-
tems of a few kilowatts to hundreds of kilowatts, a single-channel boost converter 
is often used. 

In high-power megawatt wind energy systems, the current and voltage ratings can 
easily go beyond the range that one switching device can handle. Multiple switching 
devices connected in parallel or series can be a solution. However, extra measures 
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Figure 4-11. Load voltage to supply voltage ratio Va„/Vs versus delay angle a for three-phase 
AC voltage controller. 

should be taken for equal sharing of the current or voltage among the parallel or series 
devices. Instead of connecting the switching devices in parallel or series, paralleling or 
cascading power converters is another valid solution. 

In the low-voltage (e.g., 690 V) megawatt wind energy systems, multichannel inter-
leaved boost converters are often used to handle high currents in the system. An inter-
leaved boost converter can be realized by interleaving (phase shifting) the gating sig-
nals for each of the parallel converters. One of the main benefits of the interleaved 
converter over the single converter is that the equivalent switching frequency of con-
verter is increased. The equivalent switching frequency of the converter can be twice 
of the device switching frequency for a two-channel converter, or three times for a 
three-channel converter. The increase in the equivalent switching frequency in the in-
terleaved converter offers a number of advantages over the single-channel converter, 
such as lower input current ripple and output voltage ripple, faster dynamic response, 
and better power handling capability. 

The interleaved boost converter in the WECS normally employs an IGBT as a 
switching device instead of the MOSFET that is often used in low-power switch-mode 
power supplies. To reduce the switching losses, the IGBT operates at low switching 
frequencies of a few hundred hertz to a few kilohertz, whereas the MOSFET often op-
erates at much higher switching frequencies. 

In this section, the single-channel and multichannel interleaved boost converters are 
introduced. The operating principles of these converters are discussed, and their input 
current and output voltage ripples are analyzed. 
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4.3 INTERLEAVED BOOST CONVERTERS 99 

4.3.1 Single-Channel Boost Converter 

A boost converter is a power converter with an output DC voltage greater than its input 
DC voltage. A typical circuit diagram for the single-channel boost converter is shown 
in Figure 4-12. It is composed of a switch Su a diode Du a DC inductor Lx, and a filter 
capacitor C. It is assumed in the following analysis that (1) all the components in the 
converter are ideal (no power or voltage losses) and (2) the output filter capacitor C is 
very large and the output voltage of the converter is ripple free. 

When switch Sx is turned on, diode D{ is reverse biased, and the output is isolated from 
the input. The input supplies energy to the inductor L¡. When the switch is turned off, 
diode £), is forward biased, and the energy stored inZ( is released to the load through the 
diode. In this case, the output voltage v0 is the sum of the input voltage v, and the induc-
tor voltage vLl, making the converter output voltage v0 higher than its input voltage v,. 

Depending on the continuity of the DC inductor current iLU the operation of the 
converter can be divided into two operating modes: continuous-current mode (CCM) 
and discontinuous-current mode (DCM). When a boost converter operates in CCM, 
the inductor current iLi never falls to zero. Figure 4-13 shows the typical waveforms of 
currents and voltages in the boost converter operating in this mode. 

In steady-state operation of the converter, the integral of the inductor voltage vLi 

over time period Ts must be zero. This implies that the average voltage across the in-
ductor /,[ over Ts is zero. Its graphical interpretation is that the area Ax in Figure 4-13 
must equal area A2, that is, 

Kton=(K-KK (4.8) 

from which 

v, \-D 
for 0<£><1 (4.9) 

where D is duty cycle of the converter, defined by D = ton/Ts; Ts is the switching peri-
od; and ion and ioffare the turn-on and turn-off times of the switch S, respectively. The 
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Figure 4-12. A simplified circuit for single-channel boost converter. 
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Figure 4-13. Waveforms of single-boost converter operating in a continuous current mode. 

above expression indicates that the output voltage of the converter is always higher 
than its input voltage. 

The relationship between the converter input current /, and output current I0 can be 
derived from V¡ I¡ = VJ0, from which 

^- = \-D for 0 < D < 1 (4.10) 

To calculate the ripple current in the inductor, differential equation vu = Lx(diL]ldt) 
can be replaced by a difference equation Av£1 = ¿^Az^/Af) since the inductor current 
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4.3 INTERLEAVED BOOST CONVERTERS 101 

changes linearly with time. For the ioff period in Figure 4-13, the inductor ripple cur-
rent can be expressed by 

Ai^AtJ^àt^DÏ-Df-^ (4.11) 

The maximum current ripple AIL] max for the single-channel boost converter occurs 
when the duty cycle D is 0.5, at which 

A / ¿ 1 , m a x = ^ (4.12) 

When the converter operates under light load conditions, the load current is low, and 
so is the current in the inductor Lx. The energy stored in the inductor during the ton pe-
riod may not be sufficient to maintain its current during the ioff period. Consequently, 
the inductor current iL{ reaches zero before the end of the ioff period and, therefore, be-
comes discontinuous. The converter thus operates in the discontinuous current mode. 
The inductor current at the boundary between the CCM and DCM is given by [5] 

ILB=D(l-D)-£ = - ^ (4.13) 

The maximum inductor boundary current occurs at D = 0.5, which can be calculated 
by 

V0TS 

^¿5,max=~TT~ (4-14) 

The boundary output current can be found from 

IoB=D(\-D)2^ = (\-D)^- (4.15) 

and its maximum value occurs at D = 1/3, and can be determined by [5] 

2 V T IB =±_LJ¿JL (4.16) 
■* nR max v ' 
1 oB, max 

27 L¡ 

To calculate the output voltage ripple in the single-channel boost converter, we can 
look into the waveform of the current im in the diode D¡ as shown in Figure 4-13. As-
suming that all the ripple current component in D] is absorbed by the large output ca-
pacitor C, the capacitor C is discharged to the load during the ion period when the diode 
is turned off, and charged during the /off period when Dx is on. The amount of charges, 
Qx during ion and Q2 during toff, represented by the shaded areas should be equal. The 
peak-to-peak ripple voltage can then be calculated by 
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_QL_hh^_VßTs AV = 2Í1 =-2-2Ü = ^> L. (4.17) 
0 C C RC 

from which 

AK DT, 

K RC 
(4.18) 

For a given load resistance R and filter capacitor C, the ripple voltage AK0 increases 
with the duty cycle D. 

Typical waveforms of the converter operating in a discontinuous current mode are 
shown in Figure 4-14. 

During the ton period, the operation of the converter in the DCM is the same as that 
in the CCM. The current iL] increases over time and energy is stored in £,. During the 
ioff period, the inductor current iL1 falls to zero at the end of K{TS period, at which all 
the energy stored in L{ during the /on period is completely released. Since the average 
voltage across the inductor over switching period Ts is equal to zero, area A { in Figure 
4-14 must equal A2, that is, 

rttm=<y.-Wr, (4-19) 

from which 

Vp _KX+D 
for 0<£><1 (4.20) 

Figure 4-14. Waveforms of single-channel boost converter operating in a discontinuous cur-
rent mode. 
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where K¡ can be calculated by [5] 

K,TSD 
(4.21) 

4.3.2 Two-Channel Interleaved Boost Converter 

The converter topology for a two-channel interleaved boost converter is shown in Fig-
ure 4-15 [6]. There are two parallel converter channels in the circuit. The first channel 
is composed of inductor Lu switch Su and diode Dx, whereas the second channel con-
sists of L2, S2, and D2. The two converter channels are essentially connected in parallel 
but operate in an interleaved mode. They share the same filter capacitor C at the out-
put. It is assumed that the parameters of the two channels are identical. 

The gating arrangement and the inductor current waveforms of the converter are 
shown in Figure 4-16. With the interleaving design, the gating signals vgl and vg2 for £, 
and S2 are identical but shifted by 360°/N = 180°, where N is the number of parallel 
converter channels. The operation and waveforms of individual converter channels are 
the same as those for the single-channel converter and, therefore, are not repeated here. 
Attention should be paid to the total input current /,-, which is the sum of the two induc-
tor currents iLl and iL2. The input current /',- has the following characteristics: 

• The average DC component of the input current (/,) is twice that of the individual 
inductor (/, = ILl + IL2). Since the input and output voltages for the parallel con-
verters are the same, each channel handles only half of the total power of the load. 

• The peak-to-peak input current ripple A/, is smaller than that in the individual 
channels due to the use of the interleaved technique. This helps to reduce the 
volume of the input filter (not shown in the figure). 

• The frequency of the input ripple current is twice that of the individual channels. 
In other words, the equivalent switching frequency of the interleaved converter 
is twice of that of each channel. For a given output voltage ripple, the capaci-
tance of the output capacitor C can be reduced. 
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Figure 4-15. Two-channel interleaved boost converter. 
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Figure 4-16. Waveforms for the analysis of input current ripple in a two-channel interleaved 
converter (D < 0.5). 

Input Current Ripple. It is interesting to note that when the duty cycle D in-
creases from about 0.35 in Figure 4-16 to 0.5, the ripples in the two inductor currents 
iLl and iL2 cancel each other and do not appear in /',, that is, AT, = 0. The ripple current 
starts to increase when D > 0.5. Therefore, the analysis for the input current ripple can 
be carried out for the following two cases. 

CASE 1: 0 < D ^ 0.5. The waveforms in Figure 4-16 can be utilized to analyze the 
input current ripple A/, in the two-channel converter. It is more convenient to perform 
the analysis for the /on period, during which the total input current /,■ increases monoto-
nously. The input current ripple of the converter can be calculated by 

ÙJ^iK.-K.y^iK.-K^DT, (4.22) 

where K¡ = diLXldt and K2 = diL2ldt, which are the slopes of the inductor currents iLX 

and iL2 during charging and discharging process, respectively. Thus, 

A/. v.-vy Ts=(l-2D)D 
VT 

(4.23) 

where L is the inductance of the each converter channel, that is, L = Lx = L2. 
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The maximum input current ripple A/, max can be determined by differentiating the 
above equation with respect to V{. 

9A7. 2V,-V\ f \ 
X-'-i- 7 > 0 (4.24) 

from which 

- Vn and D = 0.25 for AI, = A/;, (4.25) 

The maximum current ripple can be found by substituting Equation (4.25) into Equation 
(4.24): 

A/,-, 
VT 

_ OS 

81 
(4.26) 

Compare the above equation with Equation (4.12), where the maximum current ripple 
in the two-channel boost converter is half of the single-channel converter for D < 0.5. 

CASE 2: 0.5 < D < 1. The waveforms for the analysis of the input current ripple in 
the two-channel converter are shown in Figure 4-17, where the duty cycle D is 0.65. It 

Figure 4-17. Waveforms for analysis of input ripple current in a two-channel interleaved con-
verter (D > 0.5). 
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is more convenient to perform the analysis for the ioff period, during which the input 
current ¡, decreases monotonously. The input current ripple can be determined by 

Ml = (K2-Kl)tq/r = (K2-Ki)(l-D)T, 

v-v, v, Vv^ 
Ts = (2D-\)(\-D)^ 

Lu 

(4.27) 

Following the same procedure, the maximum input current ripple A / i l m a x can be de-
termined, which is the same as that given in Equation (4.26) for the ioff period. 

Based on Equations (4.10), (4.24), and (4.27), the input current ripple A/, for the 
single-channel (N=l) and two-channel (N= 2) converters versus duty cycle D is giv-
en in Figure 4-18 [6]. A/, is normalized according to the maximum ripple current 
A / i l m a x in the single-channel converter given by Equation (4.11). It is shown that the 
magnitude of input ripple current for the two-channel converter is much lower than 
that in the single-channel converter. In particular, the ripple current for the two-chan-
nel converter becomes zero at D = 0.5, whereas it reaches its maximum value for the 
single-channel converter. Figure 4-19 shows the ratio of the input ripple current A/,- to 
the channel ripple current AIL versus duty cycle D for the ./V-channel boost converters. 

Output Voltage Ripple. As mentioned earlier, one of the benefits of the inter-
leaved converters is the reduction of the output ripple. In the two-channel converter, 

A/,-

A/Ll,max 

0.8 

0.6 

0.4 

0.2 

0 

/ 

./ 

N=2 

' / M ' y / 
/ \f\f 
' i î V i ** 

-̂»=Tx 

1 \ 
/̂̂ 4\ 

o 
\ V / \ 

» A /■ \ 
* à \ I . \ 
* • \ 1 ■ \ 

• * \ / ■ \ 

y , v i i i 
0 0.2 0.4 0.6 0.8 D 

A/¿i, max = V Q ^ J ^ L I ) for single-channel converter 

Figure 4-18. Normalized input ripple current versus duty cycle D for N-channel interleaved 
boost converters. 
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Figure 4-19. Ratio of the input ripple current M¡ to the channel ripple current AIL versus duty 
cycle D for N-channel boost converters. 

the two parallel converters share the same output capacitor C, which makes the analy-
sis a little tedious. Computer simulation techniques can be used to determine the out-
put voltage ripples. Figure 4-20 shows the results for the relative output ripple voltage 
for the two-channel converter under the assumption that the converter operates in a 
continuous-current mode [6]. The relative output ripple voltage for the single-stage 
converter is also given in the figure, which is calculated according to Equation (4.13). 
The two-channel converter produces much lower voltage ripple in comparison to the 
single-channel converter. 

4.3.3 Multichannel Interleaved Boost Converters 

Figure 4-2la shows the converter topology for a three-channel (N= 3) boost converter 
interleaved by 360°/N= 120°. It is essentially composed of three single-channel con-
verters connected in parallel and operating in the interleaving manner. The gate signals 
for the converters are identical except for a time delay of TJ3 among the converters. 
The waveforms for the inductor currents, iLl, iL2, and iL3, and the total input current iL, 
are shown in Figure 4-2 lb. It can be observed that the frequency of the converter input 
current /, is three times that of the individual converters. 

Following the same procedure presented for the two-channel converters, the input 
current ripple in the three-channel converter can be derived and given by 
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Figure 4-20. Relative output ripple voltages [xTJ(RC)] versus duty cycle D for TV-channel 
boost converters. 

A/.. = 

(l-3D)D VT 

( l\VT 
3D(l-D)-±WX 

( 3 D - 2 )(!-£> ) ^ -

for 0 < D < -
3 

f o r - < D < -
3 3 

for - < D < 1 
3 

(4.28) 

where L is the inductance of the each converter channel, that is, L = L, =L2 = L3. 
The input current ripple AT, and output voltage ripple AV„ for the three- and four-

channel interleaved converters are illustrated in Figures 4-18 and 4-20, respectively. 
These current and voltage ripples are further reduced in comparison to those in the sin-
gle- and two-channel converters. As a result, the size and cost of the input and output 
filters can be further reduced. 

In practical wind energy conversion systems, the maximum power rating for each 
converter channel is around 500 kW to 600 kW. For a 1.5 MW WECS, three inter-
leaved converters are required. 

Case Study 4-1—PMSG Wind Energy System with a Two-Channel In-
terleaved Boost Converter. A 1.2 MW/690 V permanent magnet synchronous-
generator (PMSG) based wind energy conversion system is shown in Figure 4-22, 
where a two-channel interleaved boost converter and a PWM voltage source inverter 
are employed. The boost converter provides two main functions: (1) to boost its input 
DC voltage V¡ to a higher DC voltage V0 at its output, and (2) to perform maximum 
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Figure 4-21. Converter topology and waveforms of three-channel interleaved boost converter. 

Figure 4-22. A wind energy conversion system with a two-channel interleaved boost converter. 

www.EngineeringEBooksPdf.com



110 POWER CONVERTERS IN WIND ENERGY CONVERSION SYSTEMS 

power point tracking (MPPT) such that the system can deliver its maximum possible 
power captured by the turbine to the grid at any wind speed. The main function of the 
inverter is to keep its input DC voltage, which is the output of the boost converter, at a 
fixed value and also to control the reactive power to the grid. 

At a given wind speed, the generator operates at a speed of 0.7 pu and delivers 412 
kW (0.73 pu) power to the grid. The input voltage of the boost converter V¡ is 680 V. 
The output voltage of the boost converter V0 is kept at a constant value of 1200 V by 
the inverter, which is the voltage required to deliver power to the grid of 690 V (refer 
to Section 4.7 for details). The inductance of the two-channel converter is L = Lx = L2 

= 270 u-H and capacitance of the output filter capacitor C0 is 300 |xF. The boost con-
verter operates at a switching frequency of 2 kHz. Assuming that all the converters are 
ideal without power losses, investigate the input current ripple and output voltage rip-
ple of the boost converter. 

Assuming that the boost converter operates in the continuous-current mode, the 
duty cycle of the each converter channel is 

£> = A = f l , = l - Í i . = l — ^ . = 0.4333 (4.29) 
2 V0 1200 v ' 

The ripple current in the two inductors can be calculated by 

A / ¿ = A / i l = A / i 2 = D ( l - Z ) ) ^ - = 5 4 5 . 6 A (4.30) 

The boundary inductor current relates the inductor ripple current by 

/ i a = / i í I = / i í 2 = A / i / 2 = 272.8A (4.31) 

The boundary output current for each channel 

KB = U = Km = (1 - D)ILB = 154.6 A (4.32) 

The total average output current of the interleaved converter is 

/ 0 = />„ /> ;= 343.3 A (4.33) 

from which the average output current of each channel is 

Ioi=Io2=IJ2 = m.7A (4.34) 

Since Io[ = Io2 > IoB, the converter operates in the continuous current mode. 
The total input current of the boost converter is given by 

_ J ^ / ^ = P o / F ¡ - 4 1 2 x l 0 3 / 6 8 0 = 605.8A 

'~\l0/(l-D) = 343.4 / (1 - 0.4333) = 605.8 A 
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The percentage inductor ripple current in each channel can be found from 

^eb*-*±-J**- = mA% 
'¿2 LI2 605.8/2 

(4.36) 

The total input current ripple 

AI. = (1 - 2D)D %&■ = 128.4 A (4.37) 

The total input current ripple can be found from 

^ = l ^ = 21.2o/„ 
/, 606 

(4.38) 

which is much lower than the inductor ripple current of 180.1 % in each of the channels. 
The ratio of the total input ripple current A/, to the inductor ripple current AIL of 

each channel is 

^ = 1 ^ 1 = 23.5% 
AI, 545.6 

(4.39) 

which is verified by Point A in Figure 4-19. 
To determine the output ripple voltage of the interleaved boost converter, it is as-

sumed that the effect of the inverter operation on the DC voltage ripple is neglected. 
The load of the boost converter, which is the inverter, can be modeled by an equivalent 
resistance given by 

Reo= — = 3.495 Í2 (4.40) 

Making use of Figure 4-20, the percentage output ripple voltage can be obtained by 

AV„ r 
= 0.05x 

K-eq^o 
= 0.05x-

1/2000 

3.495x300x10" 
= 2.38% (4.41) 

If the operation of the two-channel converters were not interleaved, switches Sx and S2 

would be turned on and off simultaneously. The output ripple voltage would then be 

AV, 
^ = D 

yReqC0 

= 0.433x-
1/2000 

3.495x300x10" 
= 20.6% (4.42) 

which is around 8.6 times higher than that for the interleaved boost converter. 
In summary, the multichannel interleaved converter produces much lower input cur-

rent ripple and output voltage ripple in comparison to the single-channel boost converter. 
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4.4 TWO-LEVEL VOLTAGE SOURCE CONVERTERS 

Figure 4-23 a shows the simplified circuit diagram for a three-phase, two-level voltage 
source converter. The converter is composed of six switches, 5] to S6, with an antipar-
allel free-wheeling diode for each switch. The switches can be IGBT or IGCT devices, 
depending on the power and voltage ratings of the converter. 

The converter has been widely used in industry for many different applications. 
When the converter transforms a fixed DC voltage to a three-phase AC voltage with 
variable magnitude and frequency for an AC load, as shown in Figure 4-23b, it is often 
called an inverter. When the converter transforms an AC grid voltage with fixed mag-
nitude and frequency to an adjustable DC voltage for a DC load, it is normally known 
as an active rectifier or PWM rectifier. Whether it serves as an inverter or a rectifier, 
the power flow in the converter circuit is bidirectional: the power can flow from its DC 
side to the AC side, and vice versa. 

In wind energy conversion systems, the converter is often connected to an electric 
grid, and delivers the power generated from the generator to the grid as shown in Fig-
ure 4-23d. The converter in this application is referred to as a grid-connected or grid-
tied converter. It is also called an inverter since the converter normally delivers power 
from its DC side to the AC side. 

This section focuses on pulse-width modulation (PWM) schemes for two-level 
voltage source converters. Since the modulation schemes are applicable to the convert-
er that may operate as an inverter or a rectifier, the inverter is used as an example for 
the discussion. The section starts with an introduction to carrier-based sinusoidal 
PWM (SPWM) schemes, followed by a detailed analysis of space vector modulation 
(SVM) algorithms. 

4.4.1 Sinusoidal PWM 

The principle of the sinusoidal PWM scheme for the two-level converter is illustrat-
ed in Figure 4-24, where vma, vmb, and vmc are the three-phase sinusoidal modulat-
ing waveforms and vcr is the triangular carrier signal. The fundamental-frequency 
component in the inverter output voltage can be controlled by the amplitude-modula-
tion index: 

ma=Zs- (4.43) 
V 

where Vm and Vcr are the peak values of the modulating and carrier waves, respective-
ly. The amplitude-modulation index ma is usually adjusted by varying Vm while keep-
ing Vcr fixed. The frequency-modulation index is defined by 

™f=ff (4-44) 
J m 

where fm mdfcr are the frequencies of the modulating and carrier waves, respectively. 

www.EngineeringEBooksPdf.com



4.4 TWO-LEVEL VOLTAGE SOURCE CONVERTERS 113 

(a) Converter topology 

DC Supply AC Load 
(b) Inverter 

AC Grid DC Load 
(c) Active Rectifier 

Figure 4-23. Simplified two-level voltage-source converter (VSC). 

The operation of switches 5] to S6 is determined by comparing the modulating 
waves with the carrier wave. When vma > vcn the upper switch S{ in inverter leg a is 
turned on. The lower switch S4 operates in a complementary manner and thus is 
switched off. The resultant inverter terminal voltage vaN, which is the voltage at the 
phase-a terminal with respect to the negative DC bus N, is equal to the DC voltage Vdc. 
When vma < vcn 54 is on and St is off, leading to vaN = 0 as shown in Figure 4-24. Since 
the waveform of vaN has only two levels, Vdc and 0, the inverter is often referred to as a 
two-level inverter. It is noted that to avoid possible short-circuiting during switching 
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Figure 4-24. Sinusoidal pulse-width modulation (SPWM). 

transients of the upper and lower devices in an inverter leg, a blanking time (or dead 
time) should be implemented, during which both switches are turned off. 

The inverter line-to-line voltage vah can be determined by vab = vaN - vbN. The wave-
form of its fundamental-frequency component voM is also given in the figure. The 
magnitude and frequency of vabi can be independently controlled by ma and fm, respec-
tively. 

The switching frequency of the active switches in the two-level inverter can be 
found frorn/^ =fcr =fm x mf. For instance, vaN in Figure 4-24 contains nine pulses per 
cycle of the fundamental frequency. Each pulse is produced by turning S{ on and off 
once. With the fundamental frequency of 60 Hz, the resultant switching frequency for 
S\ isfsw ~ 60 x 9 = 540 Hz, which is also the carrier frequency fcr. It is worth noting 
that the device switching frequency may not always be equal to the carrier frequency 
in multilevel inverters. This issue will be addressed in the later sections. 
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When the carrier wave is synchronized with the modulating wave (»yis an integer), 
the modulation scheme is known as synchronous PWM, in contrast to asynchronous 
PWM, whose carrier frequency fcr is usually fixed and independent oifm. The asyn-
chronous PWM features a fixed switching frequency and easy implementation with 
analog circuits. However, it may generate noncharacteristic harmonics, whose fre-
quency is not a multiple of the fundamental frequency. The synchronous PWM 
scheme is more suitable for implementation with a digital processor. 

Case Study 4-2—Harmonic Analysis of Two-Level VSI with Carrier-
Based Sinusoidal Modulation. The purpose of this case study is to investigate the 
harmonic characteristics of the two-level voltage source inverter with carrier-based si-
nusoidal modulation. Figure 4-25 shows a set of simulated waveforms for the two-lev-
el inverter, where vab is the inverter line-to-line voltage, va is the phase-a load voltage, 
and ia is the phase-a load current. The inverter operates under the condition of ma = 

vab ■ i i in vdc umni THD = 92.07% 

In 371 

^^Mf^^^plhM^^^ 
THD = 92.07% 

' abrv *dc 

0.2 -

0.1 

Vû M= 0.49V, dc 

mf+2 

I I I I I I I I I I I +++ 

2rrtf±l 

I I I I I I M I I I 

3mf±2 

THD = 92.07% 

4ntf±\ 

H I I I I l ! I I I JX4 T IT I I I I I I I I IT I T I I I T 

1 5 10 15 20 25 30 35 40 45 50 55 60 n 

Figure 4-25. Simulated waveforms for the two-level inverter operating at ma = 0.8 and mf= 15, 
and/m = 60 Hz and/JH, = 900 Hz. 
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0.8, mf= \S,fm = 60 Hz, and^w = 900 Hz with a rated three-phase inductive load. The 
load power factor is 0.9 per phase. It can be observed that 

• All the harmonics in vab with order lower than (mf- 2) are eliminated. 
• The harmonics are centered around m^and its multiples, such as 2/n^and 3/Hy. 

The above statements are valid for n y s 9 with a mf multiple of 3. 
The waveform of the load current ia is close to sinusoidal with a total harmonic dis-

tortion (THD) of 7.73%. The low amount of harmonic distortion is due to the elimina-
tion of low-order harmonics by the modulation scheme and the filtering effect of the 
load inductance. 

Figure 4-26 shows the harmonic content of the inverter line-to-line voltage vab nor-
malized to its DC voltage Vdc as a function of ma, where Vabn is the nth-order harmonic 
voltage (rms). The fundamental-frequency component Vabi increases linearly with ma, 
whose maximum value can be found from 

*Vmax = 0.612 K/ formal (4.45) 

The THD curve for vab is also given in the figure. 

4.4.2 Space Vector Modulation 

Space vector modulation (SVM) is one of the real-time modulation techniques and is 
widely used for digital control of voltage source inverters. This section presents the 
principle and implementation of the space vector modulation for the two-level in-
verter. 

0 0.2 0.4 0.6 0.8 

Figure 4-26. Harmonic content of vab in Figure 4-25. 
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Switching States. The operating status of the switches in the two-level inverter 
in Figure 4-23a can be represented by switching states. As indicated in Table 4-1, 
switching state P denotes that the upper switch in an inverter leg is on and the inverter 
terminal voltage (vaN, vbN, or vcN) is positive (+Vdc), whereas O indicates that the in-
verter terminal voltage is zero due to the conduction of the lower switch. 

There are eight possible combinations of switching states in the two-level inverter 
as listed in Table 4-2. The switching state [POO], for example, corresponds to the con-
duction of S¡, S6, and S2 in the inverter legs a, b, and c, respectively. Among the eight 
switching states, [PPP] and [OOO] are zero states and the others are active states. 

Space Vectors. The active and zero switching states can be represented by ac-
tive and zero space vectors, respectively. A typical space vector diagram for the two-
level inverter is shown in Fig. 4-27, where the six active vectors Vx to V6 form a regu-
lar hexagon with six equal sectors (I to VI). The zero vector V0 lies at the center of the 
hexagon. 

To derive the relationship between the space vectors and switching states, refer to 
the two-level inverter in Figure 4-23a. Assuming that the operation of the inverter is 
three-phase balanced, we have 

v a ( / )+V j ( / )+v c ( / ) = 0 (4.46) 

where va, vb, and vc are the instantaneous load phase voltages. From a mathematical 
point of view, one of the phase voltages is redundant since, given any two phase volt-
ages, the third one can be readily calculated. Therefore, it is possible to transform the 
three-phase variables to two-phase variables through the abclaß transformation pre-
sented in Chapter 3: 

Vfl(0 

! .1 _I 
2 2 

0 Û _S 
2 2 

vo(0 

vb(t) 

vcC) 

(4.47) 

A space vector can be generally expressed in terms of the two-phase voltages in the a-
ß frame: 

v(t) = va(t) + jvß(t) (4.48) 

Switching state 

Table 4-1. Definition of switching states 

Leg a Leg b 

S\ S4 vaN S3 S6 vbN s5 

Lege 

S2 VcN 

P On Off Vdc On Off Vdc On Off Vd 

O Off On 0 Off On 0 Off On 0 
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Table 4-2. Space vectors, switching states, and on-state switches 

Space vector 

Zero vector 

Active vector 

V0 

vx 

Vi 

v, 

VA 

v5 

v6 

Switching state 
(three phases) 

[PPP] 
[OOO] 

[POO] 

[PPO] 

[OPO] 

[OPP] 

[OOP] 

[POP] 

on-state switch 

" 1 > " 3 > " 5 

■J4> ^ 6 > ^ 5 

Si, S6, S2 

" ] ) ^3> " 2 

0 4 , 0 3 , S2 

S4, S3, S¡ 

"$4, S6, S¡ 

■J1, -J6> ^ 5 

Vector definition 

F0 = 0 

V,=\vdce
J0 

Vi=\vj'^ 
.In 

Vi=\vdce
Jl 

3* 

• 5 * 

SECTOR III 

OPP 

SECTOR IV 

SECTOR II 

SECTOR I 

SECTOR VI 

Figure 4-27. Space-vector diagram for the two-level inverter. 
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Substituting (4.47) into (4.48), we have 

v (0 = | [ v.{t)eJ0 + vb(t)e
j2"n + vc(t)e

j^] {4A9) 

where ejx = cos x + j sin x and x = 0, 27r/3 or 4-7r/3. For the active switching state 
[POO], the generated load phase voltages are 

va(0 = f r * , vA(0 = - V d c , a n d vc(0 = - j F * (4.50) 

The corresponding space vector, denoted as Vu can be obtained by substituting (4.50) 
into (4.49): 

Vy=\vdce* (4.51) 

Following the same procedure, all six active vectors can be derived: 

2 y'(*-0-
Vk = -Vdce

 3 ¿ = 1,2,...,6 (4.52) 

The zero vector V0 has two switching states [PPP] and [OOO], one of which is redundant. 
As will be seen later, the redundant switching state can be utilized to minimize the switch-
ing frequency of the inverter or perform other useful functions. The relationship between 
the space vectors and their corresponding switching states is given in Table 4-2. 

Note that the zero and active vectors do not move in space and, thus, are referred to 
as stationary vectors. On the contrary, the reference vector vreyin Figure 4-27 rotates in 
space at an angular velocity 

w = 277f (4.53) 

where fis the fundamental frequency of the inverter output voltage. The angular dis-
placement between vre/and the a-axis of the a-ß frame can be obtained by 

0(0 = f (O(t)clt + 00 (4.54) 
Jo 

For a given magnitude (length) and position, vref can be synthesized by three nearby 
stationary vectors, based on which the switching states of the inverter can be selected 
and gate signals for the active switches can be generated. When vref passes through the 
sectors one by one, different sets of switches will be turned on or off. As a result, when 
vref rotates one revolution in space, the inverter output voltage varies one cycle over 
time. The inverter output frequency corresponds to the rotating speed of vreß whereas 
its output voltage can be adjusted by the magnitude of vref. 
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Dwell Time Calculation. As mentioned earlier, the reference vrejcan be synthe-
sized by three stationary vectors. The dwell time for the stationary vectors essentially 
represents the duty-cycle time (on-state or off-state time) of the chosen switches dur-
ing a sampling period 7 .̂ The dwell time calculation is based on the volt-second bal-
ancing principle, that is, the product of the reference voltage v^and sampling period 
Ts equals the sum of the voltage multiplied by the time interval of chosen space vec-
tors. 

Assuming that the sampling period Ts is sufficiently small, the reference vector vrej-
can be considered constant during 7 .̂ Under this assumption, vrefCan be approximated 
by two adjacent active vectors and one zero vector. For example, when vref falls into 
sector I, as shown in Figure 4-28, it can be synthesized by Vu V2, and V0. The volt-sec-
ond balancing equation is 

ïrefTs=VJa+V2Tb+V0T0 

Ta+Tb+T0 

(4.55) 

where Ta, Th, and T0 are the dwell times for the vectors Vu V2, and V0, respectively. 
The space vectors in Equation (4.52) can be expressed as 

ïref=Vrefe
je, Vx=-Vdc, V2=-VdJ \*tá V0 = 0 (4.56) 

where vref represents the magnitude of the reference vector and 6 is the angle between 
vre/and the a-axis of the a-ß frame as shown in Figure 4-27. 

SECTOR I 

Figure 4-28. vr(?/synthesized by F,,F2, and V0. 
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Substituting (4.56) into (4.55) and then splitting the resultant equation into the real 
(a-axis) and imaginary (ß-axis) components in the a-ß frame, we have 

Re : vref (cos 0) T, = | Vdc Ta+
l- Vdc Tb 

Im: vre/(sinÖ)7; = -^VdcTb 

(4.57) 

Solving (4.57) together with Ts = Ta + Tb + T0 yields 

-sin| 6 
3 

Tb = 
£T,V, ref sinÖ for 0 < 9< TT/3 (4.58) 

T =T-T -T 

To visualize the relationship between the location of vreyand the dwell times, let us ex-
amine some special cases. If vreylies exactly in the middle between Vx and V2 (i.e., 6 = 
TT/6), the dwell time Ta of V\ will be equal to Tb of V2. When vre^is closer to V2, Tb will 
be greater than Ta. If vref is coincident with V2, Ta will be zero. With the head of vref 

located right on the central point Q, Ta = Tb= T0. The relationship between the vref lo-
cation and dwell times is summarized in Table 4-3. 

Note that although Equation (4.58) is derived when vrefis in sector I, it can also be 
used when vr<;/is in other sectors, provided that a multiple of 7r/3 is subtracted from the 
actual angular displacement 6 such that the modified angle 8' falls into the range be-
tween zero and TT/3 for use in the equation, that is, 

e' = 6-(k-l)7i;/3 for 0 < 9'< TT/3 (4.59) 

where k = 1, 2 , . . . , 6 for sectors I, I I , . . . , VI, respectively. For example, when vre/is 
in sector II, the calculated dwell times Ta, Tb, and T0 based on Equation (4.58) are for 
vectors V2, F3, and V0, respectively. 

Modulation Index. Equation (4.58) can also be expressed in terms of modulation 
index m„: 

Table 4-3. vref location and dwell times 

vre{ Location 

Dwell times 

0 = 0 

Ta>0 

r„ = o 

O < 0 < 

T„>Th 

TT 

Ta=Tb 

IT IT 
— <d< — 
6 3 

Ta<Tb 

77 

Tb>0 
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T„ = Tm sinl 6 
S a | 3 

where 

Tb 

T0 

= Tsma sin 8 

= Ts 

ma = 

-T-T. 
a o 

Väc 

(4.60) 

(4.61) 

The length of the reference vector vref represents the peak value of the fundamental-
frequency component in the inverter output phase voltage, that is, 

» V ■Vax=^VaX (4.62) 

where VaX is the rms value of the fundamental component in the inverter output phase 
(phase-a) voltage. 

Substituting (4.62) into (4.61), one can find the relationship between ma and Va¡: 

VÏV=V6Jk (4.63) 
Väo Väc 

For a given DC voltage Vdc, the inverter output voltage VaX is proportional to modula-
tion index ma. 

The maximum length of the reference vector, vrefmax, corresponds to the radius of 
the largest circle that can be inscribed within the hexagon, as shown in Figure 4-27. 
Since the hexagon is formed by six active vectors having a length of 2Kdc/3, vrefmaK can 
be found from 

3 ' * " 2 ~S W . ™ » ^ * * ^ - ^ (4-64) 

Substituting (4.64) into (4.61) gives the maximum modulation index 

™a,max = 1 (4-65) 

from which the modulation index for the SVM scheme is in the range of 

0 < ma < 1 (4.66) 

Switching Sequence. With the space vectors selected and their dwell times cal-
culated, the next step is to arrange the switching sequence. In general, the switching 
sequence design for a given vref is not unique, but it should satisfy the following two 
requirements for the minimization of the device switching frequency: 
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1. The transition from one switching state to the next involves only two switches in 
the same inverter leg, one being switched on and the other switched off. 

2. The transition for vref moving from one sector in the space vector diagram to the 
next requires no or a minimum number of switchings. 

Figure 4-29 shows a typical seven-segment switching sequence and inverter output 
voltage waveforms for vre^in sector I, where vref\s synthesized by Vu V2, and V0. The 
sampling period 7̂  is divided into seven segments for the selected vectors. It can be 
observed that 

• The dwell times for the seven segments add up to the sampling period (Ts= Ta + 
Tb+T0). 

• Design requirement (1) is satisfied. For instance, the transition from [OOO] to 
[POO] is accomplished by turning S, on and S4 off, which involves only two 
switches. 

• The redundant switching sates for V0 are utilized to reduce the number of switch-
ings per sampling period. For the TQ/2 segment in the center of the sampling pe-
riod, the switching state [PPP] is selected, whereas for the TQ/4 segments on both 
sides, the state [OOO] is used. 

• Each of the switches in the inverter turns on and off once per sampling period. 
The switching frequency fsw of the devices is thus equal to the sampling frequen-
cy/^, that is,fsw =fsp = 1/7;. 

VaN 

o 

VbN 

0 

0 

»ab 

0 

Vo 

OOO 
Vx 

POO 

■ 
vdc 
• 

7b Ta 

4 | 2 
< ►■* * 

V2 Vo 

PPO ! PPP 

Vdc 

Vdc 

vdc 

n T0 

2 \ 2 

V2 

PPO 

n 
2 

M * 

Vi 
POO 

T 
1 a 
2 

■4 p 

Vo 

ooo! 

7-0 

4 
4 >• 

Figure 4-29. Seven-segment switching sequence for vref in sector I. 
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4.4.3 Harmonie Analysis 

The harmonic performance of the SVM scheme for the two-level voltage source in-
verter is analyzed through the following case study. 

Case Study 4-3—Two-Level Voltage Source Inverter with Space Vec-
tor Modulation. In this case study, the procedure for computer simulation and real-
time digital implementation of the SVM scheme is introduced. Simulation for the two-
level voltage source inverter is performance-based, and harmonic performance of the 
SVM scheme is analyzed. 

Figure 4-30 shows a block diagram for computer simulation and digital implemen-
tation of the SVM scheme. The input variables, v*, v¿f, and v*, are the three-phase ref-
erence voltages, which are also the required output-phase voltages of the inverter. The 
reference voltages are normally generated by the controller in a wind energy conver-
sion system. Through the abclaß transformation, the three-phase reference voltages in 
the abc stationary frame are transformed into two-phase variables, v^ and Vß, in the a-
ß stationary frame, from which the reference vector for the SVM scheme is estab-
lished: 

V = V e p (4.67) 

where 

-ref ■h)2 + M2 
(4.68) 

0 = t a n - ' ^ 
v„ 

With the reference vector in place, the modulation index ma and sector number can be 
calculated by Equations (4.61) and (4.59), the dwell times can be determined by Equa-
tion (4.60), and the switching sequence can be designed according to Table 4-4. Final-
ly, the gate signals for the six switches in the inverter can be generated. With the SVM 

* 

* 
Vr 

abc/aß 

% 

tan 

4vl+vl vref 

Eq.(4.47) Jref = vrefe-P 

Sector 

Eq. (4.59) 
Calculator —i 6' 

Sector # ( I -VI) 

yj r 
Eq. (4.61) Ts. 

Dwell Time 
Calculator 

Eq. (4.60) 

Switching 
Sequence 

•V 

•V 

>vofi 

Table 4-4 Gatings 

Figure 4 -30 . Block diagram for computer simulation and real-time digital implementation of 
the SVM algorithm. 
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Table 4-4. Seven-segment switching sequence 

Sector 

I 

II 

III 

IV 

V 

VI 

1 

Vo 

ooo 
v0 

0 0 0 
y0 

ooo 
Vo 

ooo 
Vo 

ooo 
Vo 

ooo 

2 

vx 
POO 

Vi 
OPO 

v3 
OPO 

v5 
OOP 

v5 
OOP 

Vx 
POO 

Switching segment 

3 

v2 
PPO 

v2 
PPO 

v* 
OPP 
v4 

OPP 
Ve 

POP 
vb 

POP 

4 

?o 
PPP 

^0 

PPP 

v0 
PPP 
Vo 

PPP 

Vo 
PPP 

Vo 
PPP 

5 

v2 
PPO 

v2 
PPO 

VA 
OPP 
v4 

OPP 

v6 
POP 
Ve 

POP 

6 

V, 
POO 

v, 
OPO 

Vl 
OPO 

v5 
OOP 

vs 
OOP 

v, 
POO 

7 

Vo 
0 0 0 

Vo 
OOO 

v0 
0 0 0 

Vo 
OOO 

Vo 
OOO 

Vo 
0 0 0 

scheme, the fundamental frequency and the magnitude of the inverter output voltages 
va, vb, and vc are equal to those of the three-phase reference voltage v*, v*, and vj. As 
result, the inverter output voltage is fully controllable by its references. 

The simulated waveforms for the inverter output voltages and load current are shown 
in Figure 4-31. The inverter operates under the condition of/= 60 Hz,fsw = 720 Hz, Ts = 
1/720 sec, and ma = 0.8 with a rated three-phase inductive load. The load power factor is 
0.9 per phase. It can be observed that the waveform of the inverter line-to-line voltage 
vab is not half-wave symmetrical, that is, vab{wt) ¥= - vab(wt + TT). Therefore, it contains 
even-order harmonics, such as 2nd, 4th, 8th, and 10th, in addition to odd-order harmon-
ics. The THDs of vab and ia are 80.2% and 8.37%, respectively. 

The two-level voltage source converter technology is widely accepted in the vari-
able-speed WECS, including doubly fed induction generator (DFIG), squirrel cage in-
duction generator (SCIG), and synchronous generator (SG) based wind energy sys-
tems. The converter can be used either as a rectifier that converts three-phase AC 
voltage produced by the generator to a DC voltage or as a grid-tied inverter that deliv-
ers the active power from the generator and rectifier to the grid. The modulation 
schemes presented above are applicable to the converter that may operate as a rectifier 
or an inverter. 

4.5 THREE-LEVEL NEUTRAL POINT CLAMPED CONVERTERS 

The diode-clamped multilevel inverter employs clamping diodes and cascaded DC ca-
pacitors to produce AC voltage waveforms with multiple levels [2]. The inverter can 
be generally configured as a three-, four-, or five-level topology, and the three-level in-
verter, often known as neutral point clamped (NPC) inverter, has found wide practical 
application, especially in medium-voltage (MV) variable-speed drives [3]. The NPC 
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Figure 4-31. Inverter output waveforms produced by SVM scheme with/] = 60 Hz,^w = 720 
Hz, and m„ = 0.8. 

inverter is also a good candidate for MV (3 kV-^ kV) wind energy systems. The main 
features of the NPC inverter include reduced dvldt and THD in its AC output voltages 
in comparison to the two-level inverter discussed earlier. More importantly, the invert-
er can be used in the MV wind energy systems without switching devices in series. For 
instance, the NPC inverter using 6 kV IGBT or IGCT devices is suitable for the 4 kV 
WECS, for which there is no need to connect the switches in series. 

4.5.1 Converter Configuration 

Figure 4.32 shows the simplified circuit diagram for the three-level NPC inverter. The 
inverter leg a is composed of four active switches Sx to S4 with four antiparallel diodes 
D{ to D4. In practice, either an IGBT or IGCT can be employed as a switching device. 

On the DC side of the inverter, the DC bus capacitor is split into two, providing a neu-
tral point Z. The diodes connected to the neutral point, DZ\ and Dn, are the clamping 
diodes. When switches S2 and S3 are turned on, the inverter output terminal a is con-
nected to the neutral point through one of the clamping diodes. The voltage across each 
of the DC capacitors is E, which is normally equal to half of the total DC voltage Vdc. 
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Figure 4-32. Three-level NPC inverter. 

The operating status of the switches in the NPC inverter can be represented by 
switching states as shown in Table 4-5. Switching state P denotes that the upper two 
switches in leg a are on and the inverter terminal voltage vaZ, which is the voltage at 
terminal a with respect to the neutral point Z, is +E, whereas N indicates that the lower 
two switches conduct, leading to vaZ = -E. 

Switching state O signifies that the inner two switches S2 and S2 are on and vaZ is 
clamped to zero through the clamping diodes. Depending on the direction of load cur-
rent ia, one of the two clamping diodes is turned on. For instance, a positive load cur-
rent (ia > 0) forces Dzx to turn on, and the terminal a is connected to the neutral point Z 
through the conduction of Dzx and S2. 

It can be observed from Table 4.5 that switches S{ and S3 operate in a complemen-
tary manner. With one switched on, the other must be off. Similarly, S2 and SA are a 
complementary pair as well. 

Figure 4-33 shows an example of switching states and gate signal arrangements, 
where vgi to vg4 are the gate signals for 5, to S4, respectively. The gate signals can be 
generated by carrier-based modulation, space vector modulation, or selective harmonic 
elimination schemes. The waveform for vaZ has three voltage levels, +E, 0, and -E, 
based on which the inverter is referred to as a three-level inverter. 

Table 4-5. Definition of switching states 

Switching 

P 
0 
N 

state 

Device 

5, 

On 
Off 
Off 

switching 

s2 
On 
On 
Off 

states (Phase a) 

S3 

Off 
On 
On 

S4 

Off 
Off 
On 

Inverter 
terminal voltage 

VaZ 

E 
0 

-E 
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Figure 4-33. Switching states, gate signals, and inverter terminal voltage vaZ. 

Figure 4-34 shows how the line-to-line voltage waveform is obtained. The inverter 
terminal voltages vaZ, vbz, and vcZ are three-phase balanced with a phase shift of 27r/3 
between each other. The line-to-line voltage vab can be found from vab = vaZ - vbz, 
which contains five voltage levels (+2E, +E, 0, —E, and -2E). 

4.5.2 Space Vector Modulation 

As indicated earlier, the operation of each inverter phase leg can be represented by 
three switching states P, O, and N. Taking all three phases into account, the inverter 
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Figure 4-34. Inverter terminal and line-to-line voltage waveforms. 
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has a total of 27 possible combinations of switching states and 19 different stationary 
space vectors (V0 ~ Vl8) as shown in Figure 4-35. The principle of the space vector 
modulation for the NPC inverter is the same as that for the two-level inverter, but the 
implementation is more complicated. For a given position in space, the reference 
vector vref can be synthesized by three adjacent stationary vectors, based on which 
the dwell times for each of the selected stationary vectors can be calculated. 
According to the calculated dwell times, the turn-on times of the switches during a 
sampling period Ts can be determined, from which the switching sequence can be de-
signed. The gate signals for the switches in the inverter can then be generated, based 
on which of the inverter output voltages are generated. When the reference vector vrej-
rotates in space for one cycle, the inverter output voltage varies by one cycle at the 
fundamental frequency [3]. 

Case Study 4-4—Three-Level NPC Inverter with Space Vector Modula-
tion. The main purpose of this case study is to investigate the harmonic profile of the 
three-level NPC inverter with space vector modulation, and then compare its THD 
profile with that of the two-level inverter. 

Consider a 3 MW/4000 V three-level NPC inverter modulated by the SVM scheme. 
The inverter is loaded with a three-phase inductive load with a power factor of 0.9. 
Figure 4-36 shows the simulated waveforms for the inverter operating a t /= 60 Hz, 7̂  = 
1/1080 sec,fswdev = 1080/2 + 60/2 = 570 Hz, and ma = 0.8. The gate signals vgl and vg4 

Figure 4-35. Space-vector diagram of the NPC inverter. 
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Figure 4-36. Simulated voltage waveforms of the NPC inverter (/", = 60 Hz, Ts = 1/1080 sec, 
fsw.dev= 570 Hz, and ma = 0.8). 

are for the switches 5, and SA of the inverter circuit in Figure 4-32. Since the inner 
switches S2 and 53 operate complementarity with S4 and S¡, their gatings are not shown. 

The waveform of the inverter terminal voltage vaZ is composed of three voltage lev-
els, whereas the inverter line-to-line voltage vab has five voltage levels. The waveform 
for vaZ contains triplen harmonics with the third and eighteenth being dominant. Since 
the triplen harmonics are of zero sequence, they do not appear in the line-to-line volt-
age vab. However, vab contains even-order harmonics such as the fourteenth and six-
teenth in addition to odd-order harmonics. This is due to the fact that waveform of vab 

produced by the SVM scheme is not half-wave symmetrical. 
The dominant harmonics in vab are the seventeenth and nineteenth, centered around 

the eighteenth harmonic, whose frequency is 1080 Hz. This frequency can be consid-
ered as the equivalent inverter switching frequency fSWfinv, which is approximately 
twice the device switching frequency fsw¡dev. 
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Figure 4-37 shows the THD profile of the output line-to-line voltage produced by 
the two- and three-level inverters. Both inverters are modulated by the SVM schemes. 
The device switching frequencies for the two- and three-level inverters are 720 Hz and 
570 Hz, respectively. It can be observed that the THD produced by the three-level in-
verter is much lower than that of the two-level inverter, which is one of the main ad-
vantages of the three-level converters. 

The two-level inverter is often used in low-voltage (e.g., 690 V) WECS, whereas 
the NPC inverter is normally used in medium-voltage (e.g., 4000 V) WECS. For a giv-
en power rating, the NPC inverter has much lower output current than the two-level in-
verter. For example, the rated output current of a 3 MW/4000 V NPC inverter with 
unity power factor operation is 433 A in comparison to 2510 A for a 3 MW/690 V two-
level inverter. The power cable that carries 2510 A current and runs from the top of the 
wind turbine tower to ground is much heavier and more costly than the 433 A cable 
and also has higher PR losses. 

4.6 PWM CURRENT SOURCE CONVERTERS 

Solid-state converters can be generally classified into voltage source converters 
(VSCs) and current source converters (CSCs). The voltage source converter produces 
a defined three-phase PWM output voltage waveform, whereas the current source con-
verter outputs a defined PWM current waveform. The PWM current source converter 
features simple converter topology, nearly sinusoidal waveforms, and reliable short-
circuit protection. It is particularly suitable for high-power applications such as 
megawatt variable-speed drives and wind energy conversion systems. 

This section mainly deals with the modulation schemes for the current source in-
verter. Two modulation techniques for the inverter are discussed: selective harmonic 
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Figure 4-37. THD 
inverters. 
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elimination (SHE) and space vector modulation (SVM). These modulation schemes 
are developed for high-power inverters operating with a switching frequency below 1 
kHz for reduction in switching losses. 

4.6.1 Current Source Inverter Topology 

A typical three-phase PWM current source inverter (CSI) circuit is shown in Figure 4-
38. The inverter is composed of six IGCT devices of symmetrical type or reverse 
blocking IGBTs. The inverter requires a DC current source idc at its DC input and pro-
duces a defined PWM output current iaw. 

The current source inverter normally requires a three-phase capacitor C, at its out-
put to assist in the commutation of the switching devices. For instance, at the turn-off 
of switch Su the inverter PWM current iaw falls to zero within a very short period of 
time. The capacitor provides a current path for the energy trapped in the phase-a load 
inductance. Otherwise, a high-voltage spike would be induced, causing damages to the 
switching devices. The capacitor also acts as a harmonic filter, improving the load cur-
rent and voltage waveforms. The value of the capacitor is normally in the range of 0.3 
to 0.6 per unit for an inverter with a switching frequency of 200 Hz to 400 Hz. 

4.6.2 Selective Harmonic Elimination 

The switching pattern design for the CSI should generally satisfy two conditions: (1) 
the DC current idc should be continuous and (2) the inverter PWM current iaw should 
be defined. The two conditions can be translated into a switching constraint: at any in-
stant of time (excluding commutation intervals) there are only two switches conduct-
ing: one in the top half of the bridge and the other in the bottom half. With only one 
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Figure 4-38. PWM current-source inverter. 
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switch turned on, the continuity of the DC current is lost. A very high voltage will be 
induced by the constant DC current, causing damage to the switching devices. If more 
than two devices are on simultaneously, the PWM current iaw is not defined by the 
switching pattern. For instance, with Su S2, and S3 conducting at the same time, the 
currents in S, and S3, which are the PWM currents in the inverter phases a and b, are 
load-dependent although the sum of the two currents is equal to idc. 

Selective harmonic elimination is an offline modulation scheme, which is able to 
eliminate a number of low-order unwanted harmonics in the inverter PWM current iaw. 
The switching angles are precalculated and then imported into a digital controller for im-
plementation. Figure 4-39 shows a typical SHE waveform that satisfies the switching 
constraint for the CSI. There are five pulses per half-cycle (Np = 5) with five switching 
angles in the first ir/2 period. However, only two out of the five angles, 0{ and 82, are in-
dependent. Given these two angles, all other switching angles can be calculated. 

The two switching angles provide two degrees of freedom, which can be used to ei-
ther eliminate two harmonics in iaw without modulation index control or eliminate one 
harmonic and provide an adjustable modulation index ma. The first option is preferred 
since the adjustment of iaw is normally done by varying idc. The number of harmonics 
to be eliminated is then given by k = (Np - l)/2. 

To determine switching angles such as 0, and 02 in Figure 4-39 for harmonic elimi-
nation, Fourier analysis can be performed, from which a set of nonlinear equations can 
be formulated [3]. These equations can be solved by numerical methods. Table 4-6 
gives a list of switching angles for the elimination of up to four harmonics in iaw. It is 
noted that the nonlinear equations for harmonic elimination may not always have a 
valid solution. If this happens, optimization techniques can be used to find optimal 
switching angles that minimize the magnitude of low-order harmonics. 

4.6.3 Space Vector Modulation 

In addition to the SHE scheme, the current source inverter can also be controlled by 
space vector modulation (SVM). This section presents the principle of the SVM 
scheme for current source inverters. 

Switching States. As stated earlier, the PWM switching pattern for the CSI 
shown in Figure 4-38 must satisfy the constraint that only two switches in the inverter 
conduct at any time instant, one in the top half of the CSI bridge and the other in the 
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Figure 4-39. Selective harmonic elimination (SHE) scheme. 
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Table 4-6. SHE switching angles 

Harmonics 
eliminated 

5 
7 
11 
5,7 
5,11 
5,13 

5,7,11 
5,7,13 
5,7,17 

5,7,11,13* 
5,7,11,17 
5,7,11,19 

»i 

18.00 
21.43 
24.55 

7.93 
12.96 
14.48 
2.24 
4.21 
6.91 
0.00 
0.07 
1.11 

Switching 

02 

13.75 
19.14 
21.12 

5.60 
8.04 

11.96 
1.60 
2.63 
4.01 

angles 

03 

21.26 
22.45 
25.57 
15.14 
16.57 
18.26 

04 

— 
— 
— 
— 
— 
— 
— 
— 
— 

20.26 
21.80 
23.60 

•Harmonics not completely eliminated but their magnitude minimized. 

bottom half. Under this constraint, the three-phase inverter has a total of nine switch-
ing states, as listed in Table 4-7. These switching states can be classified as zero 
switching states and active switching states. 

There are three zero switching states: (1,4), (3,6), and (5,2). The zero state (1,4) sig-
nifies that switches S{ and S4 in inverter-phase leg a conduct simultaneously and the 
other four switches in the inverter are off. The DC current source idc is bypassed, lead-
ing to iaw = ibw = icw = 0. This operating mode is often referred to as bypass operation. 

There exist six active switching states. State (1,2) indicates that switch S] in leg a 
and S2 in leg c are on. The DC current flows through S{, the load, 52, and then back to 
the DC source, resulting in iaw = Idc and icw = -Idc. The definition of the other five ac-
tive states is also given in the table. 

Table 4-7. Switching states and space vectors 

Type 

Zero states 

Active states 

Switching state 

(1.4) 
(3,6) 
(5,2) 

(6,1) 
(1.2) 
(2,3) 
(3,4) 
(4,5) 
(5,6) 

On-state switch 

S\, SA 

S5, S2 

s6,sl 
Su S2 

s2,s, 
¿3, O4 

¿4, ¿5 

s5,s6 

Inverter PWM current 

'<2W 

0 

¡dc 

Idc 
0 

-Idc 

-Idc 
0 

ibw 

0 

-Idc 
0 

Idc 

Idc 
0 

-Idc 

^cw 

0 

0 

-Idc 

-Idc 
0 

Idc 

Idc 

Space vector 

To 

h 
h 
h 
h 
h 
h 
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Space Vectors. The active and zero switching states can be represented by ac-
tive and zero space vectors, respectively. A space vector diagram for the CSI is shown 
in Figure 4-40, where /] to I6 are the active vectors and 70 is the zero vector. The active 
vectors form a regular hexagon with six equal sectors, whereas the zero vector 70 lies at 
the center of the hexagon. 

Assuming that the operation of the inverter in Figure 4-38 is three-phase balanced, 
that is, 

'm,(0+'*w(0+iw(0: 0 (4.69) 

where iaw, ibw, and icw are the instantaneous PWM output currents in the inverter phas-
es a, b, and c, respectively, the three-phase currents can be transformed into two-phase 
currents in the a-ß frame: 

iß it) 

1 -I 
2 

2 

1 " 

V3" 
2 . 

u(0 
ibw(0 

L'cwioJ 

(4.70) 

SECTOR III 

SECTOR IV 

SECTOR II 

SECTOR I 
a 

SECTOR V SECTOR VI 

Figure 4-40. Space-vector diagram for the current-source inverter. 
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A current-space vector can be generally expressed in terms of the two-phase currents as 

i(t) = ia(t) + jiß(t) (4.71) 

Substituting (4.70) into (4.71), T(t) can be expressed in terms of iam ibw, and icw: 

ï(0 = 1[ UOeJ0 + ibw(neJ2xli + UO*'*"3] (4.72) 

For the active state (6,1), Si and S6 are turned on, and the inverter PWM currents are 

im (0 = he, ibw (0 = - he and icw (0 = 0 (4.73) 

Substituting (4.73) into (4.72) yields 

2 
h=^Idce

j(-«l6) (4.74) 

Similarly, the other five active vectors can be derived. The active vectors can be ex-
pressed as 

2 v (*-')■ 
Ik = ~Idce

y 3 6> for * = 1,2,..., 6. (4.75) 
V3 

Note that the active and zero vectors do not move in space, and thus are referred to as 
stationary vectors. On the contrary, the current reference vector ^ i n Figure 4-40 ro-
tates in space at an angular velocity 

£0 = 27^ (4.76) 

where/is the fundamental frequency of the inverter output current iaw. The angular 
displacement between fre/and the a-axis of the a-ß frame can be obtained by 

0 (0 = I ' a¡(t)dt + en (4.77) >(')= f'ffl(0 
J o 

For a given length and position, 7 ^ can be synthesized by three nearby stationary vec-
tors, based on which the switching states of the inverter can be selected and gate sig-
nals for the active switches can be generated. When lref passes through sectors one by 
one, different sets of switches are turned on or off. As a result, when lref rotates one 
revolution in space, the inverter output current varies one cycle over time. The fre-
quency and magnitude of the inverter output current correspond to the rotating speed 
and length of Treß respectively. 

Dwell Time Calculation. As indicated above, the reference ïref can be synthe-
sized by three stationary vectors. The dwell time for the stationary vectors essentially 
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represents the duty-cycle time (on-state or off-state time) of the chosen switches dur-
ing a sampling period Ts. The dwell time calculation is based on the ampere-second 
balancing principle, that is, the product of the reference vector íref and sampling period 
Ts equals the sum of the current vectors multiplied by the time interval of chosen space 
vectors. Assuming that the sampling period Ts is sufficiently small, the reference vec-
tor ¿^can be considered constant during 7 .̂ Under this assumption, Tref can be approx-
imated by two adjacent active vectors and a zero vector. For example, with îref falling 
into Sector I as shown in Figure 4-41, it can be synthesized by Iu I2, and 70. The am-
pere-second balancing equation is thus given by 

I hef Ts =hT\+ h T2 + h T0 

[TS = Tl+T2 + T0 

(4.78) 

where Tx, T2 and T0 are the dwell times for the vectors 7b 72, and 70, respectively. Sub-
stituting 

lref - lref e 
je , h = -f=l*e 6> h =^Idce

 6 , and 70 =0 
S s (4.79) 

into (4.78) and then splitting the resultant equation into the real (a-axis) and imaginary 
(j3-axis) components leads to 

Re: v (cos 0)7; = Idc{Tx + T2) 

Im: ireAsmd)Ts = -±=Idc (-Tx + T2) 
Sdc 

(4.80) 

Figure 4-41. Synthesis of Lby/1 (72, and/0-
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Solving (4.80) together with TS=TÍ + T2 + T0 gives 

7] = masin(7T/6-0)7; 

r2=/wasin(;r/6 + 0 )7 ; fot-ni6 < 6 < n/6 (4.81) 

[To =TS -T,-T2 

where ma is the modulation index, given by 

lref _ Ig»] (4.82) 

in which Iawl is the peak value of the fundamental-frequency component in iaw. 
Note that although Equation (4.81) is derived when íre/is in sector I, it can also be 

used when íre/is in other sectors provided that a multiple of 7r/3 is subtracted from the 
actual angular displacement 0 such that the modified angle 6' falls into the range of 
-7T-/6 < Q'< 7r/6 for use in the equation, that is, 

d' = d-(k-l)n/3 for-n/6 < 0' < n/6 (4.83) 

where k = 1, 2 , . . . , 6 for sectors I, I I , . . . , VI, respectively. 
The maximum length of the reference vector, ire/imax, corresponds to the radius of 

the largest circle that can be inscribed within the hexagon as shown in Figure 4-40. 
Since the hexagon is formed by the six active vectors having a length of 2IdtJv3, 
W.max c a n be found from 

Substituting (4.84) into (4.82) gives the maximum modulation index 

» W = l (4-85) 

from which the modulation index is in the range of 

0 < ma < 1 (4.86) 

Switching Sequence. Similar to the space vector modulation for the two-level 
VSI, the switching sequence design for the CSI should satisfy the following two re-
quirements for the minimization of switching frequencies: 

1. The transition from one switching state to the next involves only two switches, 
one being switched on and the other switched off. 

2. The transition for /^moving from one sector to the next requires the minimum 
number of switchings. 
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Figure 4-42 shows a typical three-segment sequence for the reference vector lref re-
siding in sector I, where vgl to v^ are the gate signals for switches S{ to S6, respective-
ly. The reference vector Trefis synthesized by / b 72, and /0. The sampling period Ts is 
divided into three segments composed of Tu T2, and T0. The switching states for vec-
tors 11 and I2 are (6,1) and (1,2), and their corresponding on-state switch pairs are (S6, 
S{) and (Si, S2). The zero state (1,4) is selected for IQ such that design requirement 1 
above is satisfied. 

Case Study 4-5—Current Source Inverter with Space Vector Modulation. 
Consider a 1 MW/4000 V CSI using the space vector modulation. The inverter operates 
at /= 60 Uz,fsp = 1080 Hz, and/w = 540 Hz with ma=\. The filter capacitor C, is 0.3 pu 
per phase. The inverter is loaded with a three-phase balanced inductive load having a re-
sistance of 1.0 pu and an inductance of 0.1 pu per phase. The DC current of the inverter is 
adjusted such that the fundamental-frequency inverter output current iawl is rated. The 
simulated waveforms for the converter are shown in Figure 4-43, where iaw is the invert-
er PWM current and vab is the line-to-line output voltage of the inverter. 

The spectra for iaw and vab are also shown in the figure, where Iawn is the rms value 
of the nth-order harmonic current in iavi and 4wi,max is m e maximum rms fundamental-
frequency current that can be found from Equation (4.82): 

awl,max 

mo,max X ldc 

ill 
= 0.707/* formaimax=l (4.87) 

The PWM current iaw contains no even-order harmonics and its THD is 45.7%. Similar 
to the two-level inverter, the SVM current source inverter produces low-order harmon-
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Figure 4-42. Switching sequence for ire/m sector I. 
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Figure 4-43. Waveforms in a 1 MVA CSI using the SVM scheme (/j = 60 Hz,/svv = 540 Hz, ma 

= l,andC, = 0.3pu). 

ics such as the fifth and seventh. The magnitude of these harmonics can be substantial-
ly reduced by using multisampling techniques [7]. Unlike the voltage source inverters, 
the current source inverter does not have high dvldt in its output voltage waveform, 
and the THD of its line-to-line voltage vab is only 8.77%. 

4.6.4 PWM Current Source Rectifier 

Figure 4.44 shows a typical configuration of a PWM current source rectifier (CSR) in 
a wind energy conversion system. Like the current source inverter (CSI), the PWM 
rectifier requires a filter capacitor Cr to assist the commutation of switching devices 
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Figure 4-44. Typical configuration of a PWM current-source rectifier in a wind energy system. 

and filter out current harmonics. The capacitor size is dependent on a number of fac-
tors such as the rectifier switching frequency, LC resonant mode, required line current 
THD, and type of generator. It is normally in the range of 0.1 to 0.3 pu for WECS with 
a large synchronous generator and 0.3 to 0.6 pu for induction-generator-based WECS 
with a switching frequency of a few hundred hertz. Both the SHE and SVM schemes 
developed for the CSI can be used for the CSR. 

The DC output voltage vdc of the rectifier can be adjusted by two methods: modula-
tion index (ma) control and delay angle (a) control. The operating principle of delay 
angle control is the same as that of phase-controlled SCR rectifiers. 

The input active power of the rectifier can be expressed as 

Pac = 3 Val Iml cos« = V3 VaM Imy cos« (4.88) 

where Val, Vabl, and lawX are the fundamental-frequency rms phase input voltage, line-
to-line input voltage, and PWM input current of the rectifier, respectively. The delay 
angle a is defined as the angle between VaX and IawU respectively. The DC output pow-
er is given by 

Päc=VdcIdc (4.89) 

where Vdc and Idc are the average DC output voltage and current, respectively. Neglect-
ing the power losses in the rectifier, the AC input power is equal to the DC output 
power: 

V ^ , / ^ cosa = ^ 7 * (4.90) 

from which 

Vdc= V3/2 VMmacoSa (4.91) 

www.EngineeringEBooksPdf.com



142 POWER CONVERTERS IN WIND ENERGY CONVERSION SYSTEMS 

where 

ma=îmlIItk=^2ImXHdc (4.92) 

Equation (4.91) illustrates that for a given line-to-line input voltage Vabu the average 
DC voltage of the rectifier can be controlled by both modulation index ma and delay 
angle a. The above results will be used for the analysis of wind energy systems dis-
cussed in Chapters 7 and 9. 

4.7 CONTROL OF GRID-CONNECTED INVERTER 

Most commercial wind turbines deliver the generated power to the electric grid 
through power converters. A typical grid-connected (grid-tied) inverter for wind ener-
gy applications is shown in Figure 4-45, where a two-level voltage source inverter is 
used as an example. The inverter is connected to the grid through a line inductance Lg, 
which represents the leakage inductance of the transformer, if any, and the line reactor 
of 0.05 to 0.1 per unit, which is normally added to the system for the reduction of line 
current distortion. The line resistance is negligibly small and has little impact on the 
system performance. It is, therefore, omitted in the analysis. 

The grid-tied inverter can be modulated by the PWM schemes presented in the pre-
vious sections, such as the space vector modulation scheme. The inverter is a boost 
converter by nature, and its average DC voltage Vdc can be derived from Equation 
(4.63) and given by 

Vdc = i ü k f0r o < ma < 1 (4.93) 

where ma is the modulation index and Vali is the rms value of the fundamental-
frequency component of the inverter phase (phase-a) voltage v0/1. Assuming that VaiX 

Figure 4-45. Grid-connected inverter in a wind energy system. 
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is equal to the rms value of grid phase voltage Vg, which can be considered constant, 
the DC voltage can be boosted to a high value by a small ma. 

Figure 4-46a shows a simplified diagram for a wind energy system, in which the 
wind turbine, generator, and rectifier are replaced by a battery in series with a small re-
sistance that represents the power losses in the system. The power flow between the in-
verter and grid is bidirectional. Power can be transferred from the grid to the DC cir-
cuit of the inverter, or vice versa. For wind energy applications, the power is normally 
delivered from the inverter to the grid. The active power of the system delivered to the 
grid can be calculated by 

where <pg is the grid power factor angle, defined by 

<Pg=ZVi, -Zl 

(4.94) 

(4.95) 

The grid power factor can be unity, leading, or lagging, as shown in Figure 4-46b. It is 
often required by the grid operator that a wind energy system provide a controllable re-
active power to the grid to support the grid voltage in addition to the active power pro-
duction. Therefore, a wind energy system can operate with the power factor angle in 
the range of 90° < tpg < 270°. 
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Figure 4-46. Simplified system diagram and definition of power factor. 
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4.7.1 Voltage Oriented Control (VOC) 

The grid-connected inverter can be controlled with various schemes. One of the 
schemes is known as voltage oriented control (VOC), as shown in Figure 4-47. This 
scheme is based on transformation between the abc stationary reference frame and dq 
synchronous frame as introduced in Chapter 3. The control algorithm is implemented 
in the grid-voltage synchronous reference frame, where all the variables are of DC 
components in steady state. This facilitates the design and control of the inverter. 

To realize the VOC, the grid voltage is measured and its angle 6g is detected for the 
voltage orientation. This angle is used for the transformation of variables from the abc 
stationary frame to the dq synchronous frame through the abcldq transformation or 
from the synchronous frame back to the stationary frame through the dqlabc transfor-
mation, as shown in Figure 4-47. Various methods are available to detect the grid volt-
age angle 6g. Assuming that the grid voltages, v, 
anced sinusoidal waveforms, 6g can be obtained by 

ag, vbg, and vcg, are three-phase bal-

0 g = t a n - ' ^ 
v 

(4.96) 
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Figure 4-47. Block diagram of voltage-oriented control (VOC). 
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where vß and vß can be obtained by the abclaß transformation: 

2 

2 f 

V 

1 
• — v 
2 cg 

S V3" \ 

2 " V - Y ^ + 2v^) 

for v„„+v,+v =0 
0g eg eg 

(4.97) 

The above equation indicates that there is no need to measure the phase-c grid voltage 
vcg as shown in Figure 4-47. In practice, the grid voltage may contain harmonics and 
be distorted, so digital filters or phase-locked loops (PLLs) may be used for the detec-
tion of the grid voltage angle 8g. 

There are three feedback control loops in the system: two inner current loops for the 
accurate control of the dq-axis currents idg and iqg, and one outer DC voltage feedback 
loop for the control of DC voltage vdc. With the VOC scheme, the three-phase line cur-
rents in the abc stationary frame iag, ibg, and icg are transformed to the two-phase cur-
rents idg and iqg in the dq synchronous frame, which are the active and reactive compo-
nents of the three-phase line currents, respectively. The independent control of these 
two components provides an effective means for the independent control of system ac-
tive and reactive power. 

To achieve the VOC control scheme, the ¿/-axis of the synchronous frame is aligned 
with the grid voltage vector, therefore the (/-axis grid voltage is equal to its magnitude 
(vdg = vg)> a nd the resultant q-axis voltage vqg is then equal to zero (vqg = VvJ - vdg = 
0), from which the active and reactive power of the system can be calculated by 

3 3 
Pg = j ( V * + v

qg
i
qg) = -¿Wdg 

_ 3 3 
Qg = ^V<!g'dg - Vdgiqg ) = —JVdglqg 

for vqg=0 (4.98) 

The q-axis current reference i* can then be obtained from 

i„„ = -
-1.5V, 

(4.99) 
* 

where Q* is the reference for the reactive power, which can be set to zero for unity 
power factor operation, a negative value for leading power factor operation, or a posi-
tive value for lagging power factor operation. 

The J-axis current reference i%g, which represents the active power of the system, is 
generated by the PI controller for DC voltage control. When the inverter operates in 
steady state, the DC voltage vdc of the inverter is kept constant at a value set by its ref-
erence voltage vdc. The PI controller generates the reference current i*g according to 
the operating conditions. Neglecting the losses in the inverter, the active power on the 
AC side of the inverter is equal to the DC-side power, that is, 

Pg - ~Zvdgidg - vdJdc (4.100) 
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As mentioned earlier, the power flow of the inverter system is bidirectional. When 
the active power is delivered from the grid to the DC circuit, the inverter operates in 
a rectifying mode (Pg > 0), whereas when the power is transferred from the DC cir-
cuit to the grid (Pg < 0), the inverter is in an inverting mode. The control system will 
automatically switch between the two operating modes and, therefore, no extra mea-
sures should be taken for the controller. To study the bidirectional power flow, the 
DC load of the inverter can be modeled by a resistor R in series with a battery E, 
as shown in Figure 4-47. Since the average DC voltage Vdc of the inverter is set 
by its reference v*dc and is kept constant by the PI controller, the direction of the 
power flow is set by the difference between E and Vdc according to the following 
conditions 

E < Vdc —» idc>0 —> Pg > 0 —» Power from grid to load (rectifying mode) 

E>Vdc —> Idc<0 —» P < 0 —> Power from load to grid (inverting mode) 

E = Vdc —» Idc = 0 —» Pg = 0 —> No power flow between the DC circuit and the grid 

(4.101) 

To determine an appropriate DC voltage reference reference v%, one should take sys-
tem transients and possible grid voltage variations into account. Assume that when the 
inverter operates under the rated conditions, the modulation index ma is 0.8. The DC 
reference voltage can then be set by 

^ = 2 ^ S L = ^ = 3.06pu ( F „ = l p u ) (4.102) 
ma 0.8 

which gives around a 20% voltage margin for adjustment during the transients and grid 
voltage variations. 

4.7.2 VOC with Decoupled Controller 

To further investigate the VOC scheme, the state equation for the grid-side circuit of 
the inverter in the abc stationary reference frame can be expressed as 

^ S . = (v - v . V i 
dt Kag "'' g 

^ = ( % - v w K (4.103) 

^=(v -v)/L 
dt V c g a) g 

The above equations can be transformed into the dq synchronous reference frame 
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di 
- ^ = (väg-V«+<»gh

i
K)IL

g 

Cd7
=b«-v*-<0*L*i*)IL

g 

(4.104) 

where wg is the speed of the synchronous reference frame, which is also the angular 
frequency of the grid, and (OgLgiqg and WgLgidg are the induced speed voltages due to 
the transformation of the three-phase inductance Lg from the stationary reference 
frame to the synchronous frame, as discussed in Chapter 3. 

Equation (4.104) illustrates that the derivative of the ¿/-axis line current idg is related 
to both d- and g-axis variables, as is the <¡r-axis current iqg. This indicates that the sys-
tem control is cross-coupled, which may lead to difficulties in controller design and 
unsatisfactory dynamic performance. To solve the problem, a decoupled controller 
shown in Figure 4-48 can be implemented. 

vai ^ & + f o 

r^v-o^v* 
Decoupled Controller 

Figure 4-48. Voltage-oriented control (VOC) with a decoupled controller. 
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Assuming that the controllers for the dq-axis currents in Figure 4-48 are of the PI 
type, the output of the decoupled controller can be expressed as 

v* = " (* . +*2 / S ) ( 4 -idg) + (ûgLgiqg +vdg 
(4.105) 

where (kx + k2IS) is the transfer function of the PI controller. 
Substituting (4.105) into (4.104) yields 

^ = (kx+klIS)(i'dg-iig)lLg 

^L = {K+kilS)(i*qg-iqg)lLg 

(4.106) 

The above equation indicates that the control of the ¿-axis grid current idg is decoupled, 
involving only ¿-axis components, as is the ^-axis current iqg. The decoupled control 
makes the design of the PI controllers more convenient, and the system is more easily 
stabilized. 

4.7.3 Operation of Grid-Connected Inverter with VOC and 
Reactive Power Control 

The operation of the grid-tied inverter with VOC and reactive power control is ana-
lyzed through a case study below. 

Case Study 4-6—Operation and Analysis of Grid-Connected Inverter. 
Consider a 2.3 MW/690 V grid-connected inverter. This inverter is controlled by the 
VOC scheme with a decoupled PI controller as shown in Figure 4-48. The DC refer-
ence is set to 1220 V, which is 3.06 pu as specified by Equation (4.102). The system 
parameters and operating conditions are given in Table 4.8. 

Figure 4-49a illustrates the space vector diagram for the grid voltage vector vg. 
With the VOC scheme, vg is aligned with the ¿-axis of the synchronous frame, and ro-
tates in space at the synchronous speed of <og, which is also the grid angular frequency 
given by 

(Og=2nfg (4.107) 

whereyj is the frequency of the grid voltage. 
The <¡r-axis voltage vqg of the space vector vg is zero, and ¿-axis voltage vdg is equal 

to vg, which is the magnitude (peak value) of vg. The angle 6g of the vector is refer-
enced to the a-axis of the stationary frame. Based on vg and 6g in Figure 4-49a, the 
three-phase grid voltage in the stationary frame is reconstructed by 
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Table 4-8. Parameters and operating condition the grid-connected inverter 

Inverter ratings 
Control scheme 
System input 

references 
Inverter 

DC link circuit 

Electric grid 

Reference frame 
transformation 

2.3 MW, 690 V, 1924.5 A 
VOC with decoupled PI controller 

Q% 
Converter type 
Modulation scheme 
Switching frequency 
Resistance R 
Battery E 
Grid voltage/frequency 
Line inductance 
abcldq and dqlabc transformation 

Figure 4-48 
1220V (3.062 pu) 
Adjustable 
Two-level VSC 
Space-vector modulation 
2.04 kHz 
0.0207 ohms (0.1 pu) 
1259 V (3.16 pu) 
690 V/60 Hz 
0.1098 mH (0.2 pu) 
Equations 3.1 and 3.2, Chapter 3 
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Figure 4-49. Angle of grid-voltage vector for the VOC scheme. 
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vag=vgcos6s=vgcos(Ogt 

vbg=vgcos(0g-l20°)=vgcos(cogt-l20°) (4.108) 

vcg = vg cos(0g -240°)= vg cos (o)gt-240°) 

Figure 4-49b shows the waveforms of the phase-a grid voltage vag and the space angle 
6g. When vg rotates in space, 6g and vag varies from zero to 2 n periodically. When 6g is 
equal to zero, vdg reaches its peak value, shown at point A in Figure 4-49. 

The transient waveforms of the inverter are illustrated in Figure 4-50, where the in-
verter initially delivers the rated active power (Pg = -1 pu) and zero reactive power (Qg = 
0) to the grid. Ignoring all the ripples (produced by current harmonics), the ¿-axis current 
idg is -1.41 pu (rated) and the zero g-axis current iqg is zero. The corresponding wave-
forms of phase-a grid voltage and current during the transient are also given in the figure. 

At t = 0.05 sec, the battery voltage E starts to reduce such that the active power to 
the grid is reduced to 0.8 pu around t = 0.075 sec, which leads the reduction of the d-
axis current from its rated value to -1.13pu (V2 x 0.8). The g-axis current remains un-
changed during the transients due to the decoupled control of the active and reactive 
power. The magnitude of the phase-« grid current iag is reduced, but kept out of phase 
with its voltage. 

At t = 0.15 sec, the reference for the reactive power Q* starts to vary from zero to 
-0.5 pu, demanding a leading power factor operation. The q-axis current iqg reaches 
0.707 pu at t = 0.20 sec, which is half of the rated value. The ¿-axis current is almost 
kept constant during the transients. 

Figure 4-5la shows the simulated waveforms of the inverter operating in steady 
state I defined in Figure 4-50. The peak value of the phase-a grid current iag is 1.41 pu 

Figure 4-50. Transient waveforms of the grid-tied inverter with voltage-oriented control. 
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Figure 4-51. Steady-state waveforms of the grid-tied inverter with VOC scheme. 

(rated). The grid current iag is out of phase with its voltage vag. The active power deliv-
ered to the grid is 

p* = VJm
 cos % = ̂ J=x J=x cos 180° = -1 pu g "g ag 

(4.109) 

The negative value in the above equation indicates that the inverter delivers active 
power to the grid. 

Figure 4-5 lb shows the simulated waveforms when the system reaches steady state 
III in Figure 4-50. The measured phase-a current iag is 1.33 pu, which lags phase-a 
voltage vag by 212°. The active and reactive power to the grid can be calculated by 

^ = V . g
c o s ^ = 1 ^ x i l : ^ : x c o s 2 1 2 O = - 0 - 8 P u 

^ „ r 1-333 1.414 . „ , „ nc 

Qs = KJaS
 c o s % = —?—x —¡=-x sin 212° = -0.5 pu 

(4.110) 

"g "g Tg 4i V2 

The negative reactive power indicates that the inverter operates with a leading (capaci-
tive) power factor, which corresponds to operation in quadrant II of Figure 4-46. In 
practical WECS, the capacitive leading power operation is often required to support 
the grid voltage. 
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4.8 SUMMARY 

A variety of power converter topologies used in wind energy conversion systems 
(WECS) were analyzed in this chapter, including AC voltage controllers, DC/DC 
boost converters, two-level voltage source converters (VSC), three-level neutral point 
clamped (NPC) converters, and PWM current source converters (CSC). The operating 
principles and switching schemes of these converters were discussed in detail. For 
wind energy systems with grid-tied converters, a voltage oriented control (VOC) 
scheme with decoupled PI controllers was elaborated. Case studies were provided for 
the in-depth analysis of the converter systems. The equations and tables derived in this 
chapter will be used for the analysis and design of wind energy conversion systems in 
the subsequent chapters. 
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5 

WIND ENERGY 
SYSTEM CONFIGURATIONS 

5.1 INTRODUCTION 

In a continued effort to reduce the cost, increase the reliability, and improve the effi-
ciency of wind energy conversion systems (WECS), a variety of WECS configurations 
have been developed. A classification of the most common configurations is given in 
Figure 5-1, where the wind turbines can be generally classified into the fixed- and vari-
able-speed turbines. The fixed-speed turbines employ a squirrel-cage induction gener-
ator (SCIG) connected directly to the grid and, thus, do not need any power converter 
during normal operation. 

The variable-speed wind turbines can be divided into direct- and indirect-drive tur-
bines. In the direct-drive turbines, low-speed synchronous generators (SGs) with a 
large number of poles are employed. The speed of the synchronous generators is de-
signed to match the turbine speed such that the gearbox normally required in other 
configurations is eliminated. Both wound-rotor synchronous generators (WRSGs) and 
permanent-magnet synchronous generators (PMSGs) are suitable for the direct-drive 
turbines, for which a full-capacity power converter system is required. The converter 
system serves as an interface between the generator and the power grid. 

The indirect-drive turbines require a gearbox to match the low turbine speed to the 
high generator speed. The WRSG, PMSG, and SCIG equipped with full-capacity pow-
er converters have all been used in practical wind energy systems. In addition, doubly 
fed induction generators (DFIGs) with reduced-capacity converters and wound-rotor 
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Figure 5-1. Classification of wind energy system configurations. 

induction generators (WRIGs) with converter-controlled variable rotor resistance have 
also found practical applications. 

This chapter provides an overview of a variety of WECS configurations, including 
fixed-speed SCIG wind turbines without power converters, variable-speed WRIG and 
DFIG turbines with reduced-capacity converters, and variable-speed SCIG and SG tur-
bines with full-capacity power converters. Most of these configurations have found 
practical applications, and some have been proposed with promising features for further 
development. The main features and drawbacks of each configuration are discussed. 

5.2 FIXED-SPEED WECS 

The fixed-speed wind energy systems can be divided into (1) single-speed WECS, in 
which the generator operates at only one fixed speed; and (2) two-speed WECS, in 
which the generator can operate at two fixed speeds. 

5.2.1 Single-Speed WECS 

A typical configuration for a high-power (megawatts), fixed-speed wind energy sys-
tem is shown in Figure 5-2. The turbine is normally of horizontal-axis type with three 
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Figure 5-2. Fixed-speed wind energy system configuration. 

rotor blades rotating at low speeds, for example, 15 rpm as the rated speed. Squirrel-
cage induction generators are exclusively used in the system. Assuming that a four-
pole generator is connected to a 50 Hz grid, its speed is slightly higher than 1500 rpm, 
for which a gear ratio of about 100:1 is required. An example of a commercial fixed-
speed WECS is given in Table 1-8 in Chapter 1. 

To assist the start-up of the turbine, a soft starter is used to limit the inrush current 
in the generator winding. The soft starter is essentially a three-phase AC voltage con-
troller (presented in Chapter 4). It is composed of three pairs of bidirectional thynstor 
switches. To start the system, the firing angle of the thyristors is gradually adjusted 
such that the voltage applied to the generator is increased gradually from zero to the 
grid voltage level. As a result, the stator current is effectively limited. Once the start-
up process is over, the soft starter is bypassed by a switch, and the WECS is then con-
nected to the grid through a transformer. Since the system does not need a power con-
verter interface during normal operation, it is classified as a WECS without power 
converters. 

To compensate for the inductive reactive power consumed by the induction genera-
tor, a capacitor-based power-factor (PF) compensator is normally used. In practice, the 
compensator is composed of multiple capacitor banks, which can be switched into or 
out of the system individually to provide an optimal compensation according to the op-
erating conditions of the generator. 

Due to the use of a cost-effective and robust squirrel-cage induction generator with 
inexpensive soft starter, the fixed-speed WECS features simple structure, low cost, and 
reliable operation. However, compared to the variable-speed WECS, the fixed-speed 
system has a lower energy conversion efficiency since it can achieve the maximum ef-
ficiency only at one given wind speed. 

5.2.2 Two-Speed WECS 

Two-Speed Operation by Changing Number of Poles. To improve the en-
ergy conversion efficiency, two-speed SCIG wind energy systems have been devel-
oped. The speed of the generator changes with the number of stator poles. Switching 
from a four-pole to a six- or eight-pole configuration can introduce a speed reduction 
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of one-third or one-half, respectively. The number of poles can be changed by recon-
figuring the stator winding through appropriate parallel and series connection of the 
stator coils [1]. With the number of poles switched from four to six, for example, a 
generator connected to a 50 Hz grid can operate at slightly higher than 1500 rpm and 
1200 rpm, so the system can capture the maximum power at two different wind speeds, 
leading to improvements in energy efficiency. The detailed analysis of the efficiency 
improvements is given in Chapter 6. 

Two-Speed Operation by Two Generators. The two-speed operation can 
also be obtained by having two separate generators mechanically coupled to a single 
shaft: one is a fully rated high-speed generator (normally four poles) and the other is a 
partially rated low-speed generator (six or eight poles), as illustrated in Figure 5-3a. 
The selection of the generators is done through switch S according to the wind speeds. 
At high wind speeds, switch S is in Position 1, connecting the high-speed generator to 
the grid. When the wind speed reduces to a certain level, S is switched to Position 2. 
The low-speed generator is selected and delivers power to the grid. This WECS con-
figuration uses two off-the-shelf generators and, therefore, does not need a customized 
generator to achieve the two-speed operation. However, this approach requires two 
separate generators and also a long drive train that needs special consideration for the 
coupling of both generators. 

The two-speed operation can also be obtained by using a split gearbox with two 
shafts as shown in Figure 5-3b. The two shafts have the same gear ratio, and each shaft 
is connected to a separate SCIG. Similar to the single-shaft configuration, a fully rated 
four-pole generator is selected at high wind speeds, whereas a partially rated six- or 
eight-pole generator is switched on at low wind speeds. This configuration requires a 
special gearbox, but off-the-shelf generators may be used. 

The single- and dual-shaft WECS configurations require two generators, which 
increases the cost and weight of the system in addition to the added complexity in 
the mechanical components. Therefore, they have found limited practical applica-
tions. 

Figure 5-3. Configurations of two-speed WECS with two generators. 
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5.3 VARIABLE-SPEED INDUCTION GENERATOR WECS 

The variable-speed operation of a wind energy system can be realized by a WRIG, in 
which the rotor is connected to an external variable resistance, or by a DFIG with a re-
duced-capacity power converter in the rotor circuit. The former is one of the earliest 
commercial variable-speed WECS, and latter is one of the most widely used WECS to 
date. 

5.3.1 Wound-Rotor Induction Generator with External Rotor 
Resistance 

Figure 5-4 shows the simplified configuration for a variable-speed WRIG wind energy 
system with a converter-controlled external rotor resistance. The system configuration 
is the same as that of the fixed-speed wind energy system except that the SCIG is re-
placed with the WRIG. The external rotor resistance R^, is made adjustable by a con-
verter composed of a diode bridge and an IGBT chopper. The equivalent value of Rex, 
seen by the rotor varies with the duty cycle of the chopper. 

The torque-slip characteristics of the generator vary with the external rotor resis-
tance Rext, as shown in Figure 5-5. With different values oiRext, the generator can op-
erate at different operating points. This introduces a moderate speed range, usually less 
than 10% of the rated speed [2]. Slip rings and brushes of the WRIG can be avoided in 
some practical WECS by mounting the external rotor resistance circuit on the rotor 
shaft. This reduces maintenance needs, but introduces additional heat dissipation in-
side the generator. 

The main advantage of this configuration compared to the variable-speed WECS is 
the low cost and simplicity. The major drawbacks include limited speed range, inabili-
ty to control grid-side reactive power, and reduced efficiency due to the resistive loss-

Fiqure 5-4. WRIG wind energy system with a converter-controlled external rotor resistance. 
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Figure 5-5. Torque-slip characteristics of WRJG with external rotor resistance Rexv 

es. An example of commercial WECS with variable rotor resistance is given in Table 
1-9 in Chapter 1. 

5.3.2 Doubly Fed Induction Generator WECS with Reduced-
Capacity Power Converter 

The variable-speed DFIG wind energy system is one of the main WECS configura-
tions in today's wind power industry. As shown in Figure 5-6, the stator is connected 
to the grid directly, whereas the rotor is connected to the grid via reduced-capacity 
power converters [3]. A two-level IGBT voltage source converter (VSC) system in a 
back-to-back configuration is normally used. Since both stator and rotor can feed ener-
gy to the grid, the generator is known as a doubly fed generator. The typical stator volt-
age for the commercial DFIG is 690 V and power rating is from a few hundred kilo-
watts to several megawatts. 

The rotor-side converter (RSC) controls the torque or active/reactive power of the 
generator while the grid-side converter (GSC) controls the DC-link voltage and its 
AC-side reactive power. Since the system has the capability to control the reactive 
power, external reactive power compensation is not needed. 

The speed range of the DFIG wind energy system is around ±30%, which is 30% 
above and 30% below synchronous speed [3]. The speed range of 60% can normally 
meet all the wind conditions and, therefore, it is sufficient for the variable-speed oper-
ation of the wind turbine. The maximum slip determines the maximum power to be 
processed by the rotor circuit, which is around 30% of the rated power. Therefore, the 
power flow in the rotor circuit is bidirectional: it can flow from the grid to the rotor or 
vice versa. This requires a four-quadrant converter system as shown in Figure 5-6. 
However, the converter system needs to process only around 30% of the rated power. 
The use of reduced-capacity converters results in reduction in cost, weight, and physi-
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Figure 5-6. Configuration of DFIG wind energy system. 

cal size as well. Compared with the fixed-speed systems, the energy conversion effi-
ciency of the DFIG wind turbine is greatly enhanced. Examples of commercial DFIG 
wind turbines are provided in Table 1-10 in Chapter 1. 

Power converters normally generate switching harmonics. To solve the problems 
caused by the harmonics, different types of harmonic filters are used in practical wind 
energy conversion systems. The first three filters in Figure 5-7, parts a to c, are nor-
mally used in voltage source converters. To simplify the diagrams of various WECS 
configurations in this chapter, these filters are represented by a general block diagram 
in part d. The last filter (part e) in the figure is suitable for current source converters 
(CSC). 

The L filter is often used in the generator-side converters to reduce the harmonic 
distortion of the generator current and voltage, which leads to a reduction of harmonic 
losses in generator's magnetic core and winding. LC filters may also be used to 
achieve better results. The LCL filter is often employed in the grid-side converters to 

:: 
TT 

(e) Filter for current source converters 

Figure 5-7. Harmonic filters in wind energy conversion systems. 
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meet stringent harmonic requirements specified by various grid codes. LC filters are 
also found in practical WECS, but they are not as effective as the LCL filters. An 
added benefit of using these filters is that they can effectively mitigate high dvldt prob-
lems caused by fast switching of semiconductor switches. However, both LC and LCL 
filters may cause LC resonances. The filter parameters and resonant modes should be 
carefully designed to avoid possible LC oscillations. 

The filter shown in Figure 5-7e is essentially a three-phase capacitor for current 
source converters. In addition to the filter function, the capacitor is required by the 
CSC to assist in the commutation of the semiconductor switches [4]. Therefore, this 
filter capacitor is indispensable in current source converters. 

5.3.3 SCIG Wind Energy Systems with Full-Capacity Power 
Converters 

With Two-Level Voltage Source Converters. A typical voltage source con-
verter configuration for SCIG wind energy systems is shown in Figure 5-8, where a 
two-level voltage source rectifier (VSR) and voltage source inverter (VSI) using IGBT 
devices are employed. The two converters are identical in topology and linked by a 
DC-link capacitive filter. The generator and converters are typically rated for 690 V, 
and each converter can handle up to 0.75 MW. 

For wind turbines larger than 0.75 MW, the power rating of the converter can be in-
creased by paralleling IGBT modules. Measures should be taken to ensure minimum 
circulating current among the parallel modules. To minimize the circulating current, 
issues such as dynamic and static characteristics of IGBTs, design and arrangement of 
gate driver circuits, and physical layout of IGBT modules and DC bus should be con-
sidered. Some semiconductor manufacturers provide IGBT modules for parallel opera-
tion to achieve a power rating of several megawatts. 

An alternative approach to the paralleled converter channels is illustrated in Figure 
5-9, where three converter channels are in parallel for a megawatt IG wind turbine. 
Each converter channel is mainly composed of two-level voltage source converters in 
a back-to-back configuration with harmonic filters. An additional benefit of the paral-
leled converter channels is the improvement of energy efficiency [5]. For example, 
when the system delivers a small amount of power to the grid at low wind speeds, one 

Figure 5-8. Configuration for SCIG wind energy system with two-level VSCs. 
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Figure 5-9. Configuration of paralleled converter channels for low-voltage megawatt SCIG 
wind energy system. 

or two converter channels out of three can be turned off, leading to higher system effi-
ciency. This configuration provides redundancy as well, due to the paralleled convert-
er channels. If one channel fails, the other two channels can continue to operate under 
certain conditions. However, similar to the paralleled IGBT modules, measures should 
be taken to minimize circulating current among the paralleled converter channels. 

With Three-Level NPC Converters. The low-voltage converters discussed in 
the previous sections are cost-effective at low power levels. As the power rating of 
wind turbines increases to several megawatts, medium-voltage (MV) wind energy sys-
tems of 3 kV or 4 kV become competitive [6]. For example, the rated current of the 
generator and inverter in a 4 kV/3 MW wind turbine is around 433 A, which is much 
lower than 2510 A for a 690 V system. The cable cost and losses are reduced in the 
MV wind energy systems. 

Figure 5-10 shows a MV wind turbine that employs a full-capacity converter sys-
tem with a MV generator. Two back-to-back connected three-level neutral point clamp 
(NPC) converters are used in the system, where the converter power rating can reach 

Figure 5-10. Configuration for medium-voltage SCIG wind energy systems with three-level 
NPC converters. 
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6 MVA without any series or parallel switching devices or converters [7]. High-volt-
age switching devices, such as HV-IGBT and IGCTs of 4.5 kV to 6.5 kV, can be em-
ployed in the converters. To minimize switching losses, the device switching frequen-
cy is normally around a few hundred hertz. Although the NPC converter has found 
application in commercial medium-voltage SG WECS, commercial medium-voltage 
SCIG wind turbines have not been reported yet. 

All the power converters presented in previous configurations have been of the 
voltage source type. The current source converter (CSC) technology is also suitable for 
use in multimegawatt wind energy systems. The CSC technology has been successful-
ly used in high-power applications such as large industrial drives [8], but the applica-
tion of this technology to MV wind energy systems is yet to be explored. 

Figure 5-11 shows a typical current source converter configuration for variable-
speed wind energy systems [9]. Two identical converters are employed, one operating 
as a PWM current source rectifier (CSR) on the generator side and the other as a PWM 
current source inverter (CSI) on the grid side. As discussed in Chapter 4, these con-
verters require a three-phase capacitor on their respective AC sides to assist commuta-
tion of switching devices and mitigate switching harmonics. The rectifier and inverter 
are linked by a DC choke Ldc, which smoothes the DC current and also decouples the 
generator from the grid. 

The current source converter features simple converter structure with low switch 
count, low switching dvldt, and reliable short-circuit protection compared to the volt-
age-ource converter. Although the dynamic response of the CSC may not be as fast as 
the VSC, it is a promising converter configuration for use in medium-voltage wind en-
ergy systems. 

5.4 VARIABLE-SPEED SYNCHRONOUS GENERATOR WECS 

Synchronous generator wind energy systems have many more configurations than the 
induction generator WECS. This is mainly due to the fact that (1) the synchronous 
generator provides the rotor flux by itself through permanent magnets or rotor field 
winding and, thus, diode rectifiers can be used as generator-side converters, which is 

Figure 5-11. Configuration for SCIG with medium-voltage current source converters. 
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impossible in the induction generator WECS, and (2) it is easier and more cost-effec-
tive for the synchronous generator to have multiple-pole (e.g., 72 poles) and multiple-
phase (e.g., six phases) configurations than its counterpart. 

5.4.1 Configuration with Full-Capacity Back-to-Back Power 
Converters 

With Two-Level VSC and Three-Level NPC Converters. A typical config-
uration for SG wind energy systems with full-capacity power converters is shown in 
Figure 5-12, where back-to-back two-level voltage source converters are employed in 
low-voltage wind energy systems and three-level NPC converters are used in medium-
voltage wind turbines. Similar to the SCIG system presented earlier, parallel modules 
or converter channels are required in the LV systems for generators of more than 0.75 
MW, whereas in the MV systems a single NPC converter can handle power up to a few 
megawatts. 

Not all the SG wind turbines need a gearbox. When a low-speed generator with 
high number of poles is employed, the gearbox can be eliminated. The gearless wind 
turbine is attractive due to the reduction in cost, weight, and maintenance. Examples of 
practical SG wind turbine configurations are given in Table 1-11 in Chapter 1. 

With PWM Current Source Converters. Figure 5-13 shows a typical config-
uration for a medium-voltage SG wind energy system using current source converter 

Figure 5-12. SG wind energy system with two-level VSC and three-level NPC converters. 
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Figure 5-13. Configuration of medium-voltage SG wind energy system using CSC technology. 

technology. As discussed earlier, the current source converter has a number of advan-
tages over its counterpart. It is a promising converter topology for large SG WECS at 
the medium-voltage level of 3 kV or 4 kV. 

5.4.2 Configuration with Diode Rectifier and DC/DC Converters 

With Diode Rectifier and Multichannel Boost Converters. To reduce the 
cost of the wind energy systems, the two-level voltage source rectifier in Figure 5-12a 
can be replaced by a diode rectifier and a boost converter as shown in Figure 5-14a. 
This converter configuration cannot be used for SCIG wind turbines since the diode 
rectifier cannot provide the magnetizing current needed for the induction generator. 
The diode rectifier converts variable generator voltage to a DC voltage, which is 
boosted to a higher DC voltage by the boost converter. It is important that the genera-
tor voltage at low wind speeds be boosted to a sufficiently high level for the inverters, 
which ensures the delivery of the maximum captured power to the grid in the full wind 
speed range. 

The two-level inverter controls the DC link voltage and grid-side reactive power. 
The power rating of the system is in the range of a few kilowatts to several hundred 
kilowatts, and can be further increased to the megawatt level by using a two-channel or 
three-channel interleaved boost converter as shown in Figure 5-14b. 

Compared with the PWM voltage source rectifier, the diode rectifier and boost con-
verter are simpler and more cost-effective. However, the stator current waveform is 
distorted due to the use of the diode rectifier, which increases the losses in the genera-
tor and causes torque ripple as well. Both system configurations illustrated in Figure 5-
14 are used in practical systems. 

An alternative WECS configuration using a six-phase generator with a multichan-
nel boost converter is shown in Figure 5-15, where the output of the generator is recti-
fied by two diode bridge rectifiers. To increase the power rating, a three-channel inter-
leaved boost converter and two paralleled three-phase inverters are used [10]. This 
topology provides a low-cost alternative as compared to the full-capacity back-to-back 
VSC solution. 

With Diode Rectifier and Multilevel Boost Converters. Another configu-
ration for the diode boost inverter interface is illustrated in Figure 5-16, where a three-
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Figure 5-14. Configurations of SG wind energy systems with diode rectifier and boost convert-
ers. 

level boost converter is used. The three-level boost converter is composed of two sin-
gle-boost converters connected in cascade. This alternative has found practical appli-
cation with a power rating up to 1.2 MW. 

A variant of this configuration for medium-voltage wind turbines is shown in Fig-
ure 5-17, where the operation at the medium voltage of 3 or 4 kV is fulfilled by a three-
level boost converter and a three-level NPC inverter. Both IGCT and IGBT can be 
used in the converters. The added benefit of this configuration is that the neutral point 
voltage can be effectively controlled by the boost converters, and there is no need to 
develop a complex control scheme for the NPC inverter to balance the neutral point 

Figure 5-15. Configuration of SG WECS with six-phase generator and three-channel boost 
converter. 

www.EngineeringEBooksPdf.com



166 WIND ENERGY SYSTEM CONFIGURATIONS 

Figure 5-16. Low-voltage wind turbine with diode rectifier and three-level boost converter. 

voltage. Although this configuration is not commercialized yet, it is a promising topol-
ogy for medium-voltage wind turbines. 

With Diode Rectifier and Buck Converter for CSC WECS. Considering 
the concept of duality for voltage- and current source converters, a CSC configuration 
with diode rectifier and buck converter can be deduced from the VSC configurations 
presented in the previous section. The boost converter in the VSC topology that boosts 
the DC output voltage can be replaced by a buck converter that boosts the DC output 
current [11]. This enables the use of the simple diode rectifier for the CSC configura-
tions, as shown in Figure 5-18. 

The buck converter is the natural choice for this topology as it needs an output in-
ductor, which can also serve as the DC-link inductor needed by the CSC. This is contrast 
to the VSC topology in Figure 5-14a, where the boost converter shares the DC capacitor 
with the inverter. By controlling the duty cycle of the buck converter and modulation in-
dex and delay angle of the inverter, the generator-side active power (or generator 
torque), DC link current, and grid-side reactive power can be tightly controlled. 

Compared to the back-to-back CSC configuration introduced earlier in this chapter, 
the buck converter based WECS represents a reliable, simple, and cost-effective solu-

Fiqure 5-17. Medium-voltage WECS with three-level boost converter and NPC converter. 

www.EngineeringEBooksPdf.com



5.4 VARIABLE-SPEED SYNCHRONOUS GENERATOR WECS 167 

Figure 5-18. Configuration of MV wind turbine with buck converter and current source invert-
er. 

tion. However, the stator current contains higher THD due to the use of the diode recti-
fier, causing harmonic losses and torque ripples. 

5.4.3 Configurations with Distributed Converters for 
Multiwinding Generators 

In addition to paralleling devices or converters as discussed previously, it is possible to 
increase the power rating of wind energy systems by using distributed converters for a 
generator with multiple windings or for multiple generators. Correspondingly, the 
grid-side transformer can also be designed with multiple windings. This configuration 
has a number of advantages, including 

• Low-power converters for megawatt wind turbines. The total generated power 
can be delivered to the grid through a number of standard two-level voltage 
source converters. These converters can be mass-produced with low cost and im-
proved reliability. 

• No circulating current or power derating. The distributed converters are insulat-
ed from each other. There are no circulating currents among the converters, 
which also leads to no power derating for the converters. 

• Low torque ripple and harmonic distortion. In six-phase synchronous generators, 
the stator voltages across the two stator windings are phase-shifted such that 
low-order harmonic currents produced by the generator-side converters can be 
cancelled, leading to the reduction in torque ripples. On the grid side, phase-
shifting transformers can be used, which can cancel low-order harmonic currents 
produced by the grid-side converters. Consequently, smaller size filters can be 
used with reduced costs and losses. 

Configuration with Multiwinding Generators. The multiwinding generator 
approach is illustrated in Figure 5-19, where a six-phase generator is used and the 
power is delivered to the grid through two distributed converter channels. Each con-
verter channel is composed of two-level voltage source converters and filters. Since 
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Figure 5-19. Converter configuration for six-phase generator wind energy system. 

the two sets of the stator windings are insulated, there is no circulating current between 
the two converter channels. Therefore, the outputs of the two converter channels can 
be connected to the same transformer winding. Alternatively, a phase-shifting trans-
former can be used, as shown in dashed lines of Figure 5-19. With a proper design of 
switching schemes of the two inverters, the grid-side harmonic performance of the sys-
tem can be further improved by the phase-shifting transformer. 

Another example for the multiwinding generator is shown in Figure 5-20, where the 
generator has six sets of three-phase windings, and each winding feeds the wind power 
to the grid through a power converter channel. The system configuration is the same as 
that with the six-phase generator except that there are no phase displacements between 
the stator voltages of different windings. Although the multiwinding generator is spe-
cially designed at higher cost, this configuration has found practical application due to 
the advantages discussed earlier [12]. 

Figure 5-20. Generator with six stator windings for multimegawatt WECS. 
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Configuration with Multiple Generators. A recent configuration with four 
synchronous generators and distributed power converter stages is shown in Figure 5-
21 [13]. The system uses a distributed gearbox with multiple high-speed shafts that 
drive four independent generators. Each generator is interfaced to the grid via a partial-
ly rated converter channel, composed of a diode bridge rectifier and two-level voltage 
source converters. Since the power is divided among the four distributed converters, 
the wind turbine can reach multimegawatt power range without using paralleled 
switching devices or converters. 

The main advantage of this configuration is the high power density achieved by the 
distributed gearbox and multiple generator system. This leads to a light and small na-
celle for a multimegawatt WECS and thus reduces transportation and installation 
costs. The use of diode rectifier and standard two-level converter makes this a cost-ef-
fective solution. This configuration can provide redundancy for possible fault tolerant 
operation. If one converter channel has a fault, it can be taken out of service, and the 
power can be easily distributed among the other channels. If the wind speed is high, 
the blades can be pitched to reduce captured power to compensate for the faulty con-
verter channel. The main disadvantage of the system is that it requires a complex gear-
box. This system is commercially available on the market. An example of this config-
uration is given in Table 1-11 in Chapter 1. 

5.5 SUMMARY 

With the combination of different types of generators and power converters, a variety 
of WECS configurations have been developed. This chapter presented the most com-
mon configurations for practical and emerging wind turbines. Various technical issues 
related to these configurations were discussed, including generator types, power con-
verter topologies, active power control, energy conversion efficiency, and grid-side re-
active power compensation. Features and drawbacks for each of the configurations 

Figure 5-21. Configuration with four generators interfaced by diode rectifiers and two-level 
VSCs. 
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Table 5-1. Summary of large WECS configurations 

Wine turbine type 

Generator 

Power converter 
topologies 

Converter 
capacity 

Speed range 

Soft starter 

Gearbox 

Aerodynamic 
power control 

External 
reactive power 
compensation 

Active power 
control and 
MPPT 

Fixed speed 

SCIG 

No 

Not 
applicable 

< 1 % 

Yes 

Yes 

Stall, 
active stall, 

pitch 

Needed 

Not 
applicable 

WRIG + rotor 
resistance 

Diode rectifier 
+ chopper 

Small 

< 10% 

Yes 

Yes 

Pitch 

Needed 

Limited 
range 

Variable speed 

DFIG 

2-level 
VSC 

Reduced 

± 30% 

No 

Yes 

Pitch 

No 

Yes 

SCIG 

2- and 
3-level VSC, 
PWM CSC 

Full 

Full 

No 

Yes 

Pitch 

No 

Yes 

WRSG PMSG 

2- and 3-level VSC, 
diode rectifier 

+ boost, PWM CSC 

Full 

Full 

No 

Optional 

Pitch 

No 

Yes 

Full 

Full 

No 

Optional 

Pitch 

No 

Yes 

were analyzed. A summary of the WECS configurations presented in this chapter is 
given in Table 5-1. 
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6 

FIXED-SPEED INDUCTION 
GENERATOR WECS 

6.1 INTRODUCTION 

As introduced in Chapters 1 and 5, there are several types of wind energy conversion 
systems (WECS). One of the earliest systems adopted by the industry and the simplest 
in terms of structure and control is the fixed-speed WECS [1]. Its simplicity and low 
costs compared to the variable-speed WECS made this configuration popular during 
the early years of the wind energy industry, particularly during the 1990s. This config-
uration is also known as the Danish concept since it was initially developed and suc-
cessfully marketed by Danish companies. 

In the fixed-speed WECS, a squirrel-cage induction generator (SCIG) is normally 
used. The generator shaft is driven by the wind turbine and its stator is directly con-
nected to the grid. Under normal operating conditions, the stator frequency is fixed to 
that of the grid and the slip is very low (less than 1% for megawatt generators). The ro-
tor speed, determined by the difference between the stator and slip frequencies, varies 
little with wind speed. Such a system is, therefore, referred to as a fixed-speed WECS. 

The fixed-speed WECS features simple configuration, reliable operation, and low 
costs for manufacturing, installation, and maintenance. However, the fixed-speed op-
eration causes higher mechanical stress and higher power fluctuation compared with 
the variable-speed wind energy systems. The system has a lower overall energy con-
version efficiency since the generator speed cannot be adjusted to achieve maximum 
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174 FIXED-SPEED INDUCTION GENERATOR WECS 

power operation at different wind speeds. Furthermore, the fixed-speed wind energy 
system is unable to control the reactive power to the grid without using additional de-
vices. Nevertheless, the fixed-speed WECS is one of the viable technologies in the 
wind industry, especially in offshore wind farms where the wind is steadier and main-
tenance is more costly than inland wind farms. 

This chapter presents the operating principle and main characteristics of the fixed-
speed WECS. The single-speed and two-speed wind energy systems are introduced. 
The system start-up with both direct grid connection and soft starter are investigated. 
The grid-side reactive power compensation using capacitor banks is analyzed. The sys-
tem analysis is assisted by computer simulations and steady-state calculations through 
case studies. 

6.2 CONFIGURATION OF FIXED-SPEED WIND ENERGY 
SYSTEMS 

Figure 6-1 shows a typical fixed-speed wind energy system, which is mainly com-
posed of a three-blade wind turbine, a gearbox, a squirrel-cage induction generator, a 
three-phase soft starter, a power-factor (PF) compensator, and a transformer for grid 
connection. Examples of commercial fixed-speed WECS are given in Table 1-8 of 
Chapter 1. The functions of the main components are introduced below. 

6.2.1 Wind Turbine 

The wind power is captured by the blades, which convert the wind kinetic energy into 
rotational mechanical energy. Due to aerodynamic and mechanical design considera-
tions, the three-blade wind turbine rotating at low speeds has been the mainstream 
choice for large (megawatt) fixed-speed wind energy systems. 

The fixed-speed WECS starts to produce power when the wind speed is higher than 
the cut-in speed, which is normally around 3-4 m/s. When the wind speed is higher 
than the rated speed of around 12-15 m/sec, the power captured by the turbine is limit-
ed either by passive aerodynamic stall, active stall, or pitch control of the blades, as 

Figure 6-1. Configuration of fixed-speed SCIG wind energy conversion system. 
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discussed in Chapter 2. When the wind speed exceeds the cut-out speed of around 25 
m/s, the turbine is stopped by either full stall or full pitch of the blades to protect the 
turbine and generator from possible damage. 

6.2.2 Gearbox 

The rotating speed of large fixed-speed wind turbines is normally in the 6 to 25 rpm 
range, whereas the induction generator operates at much higher rotating speeds. The 
generator operating speed is determined by the grid frequency and the number of 
poles. Since a commonly used large SCIG has four, six, or eight poles, the synchro-
nous speed of the generator is in the range of 750 rpm to 1800 rpm for a grid frequen-
cy of 50 or 60 Hz. For instance, for a four-pole generator connected to a grid of 50 Hz, 
the synchronous speed is 1500 rpm. Therefore, a gearbox with a high gear ratio is re-
quired to match the low speed of the turbine to the high speed of the generator. A mul-
tiple-stage gearbox is usually required to achieve the high gear ratio. Examples of gear 
ratios for fixed-speed WECS are given in Table 6-1. 

6.2.3 Generator 

Squirrel-cage induction generators are exclusively used in the fixed-speed WECS. The 
generator power rating is in the range of a few kilowatts to a few megawatts. For large 
wind farms, megawatt generators are widely employed. The squirrel-cage induction 
generator is simple, reliable, cost-effective, and maintenance-free compared to other 
types of wind generators. This is achieved by using a robust squirrel-cage rotor struc-
ture, in which the rotor winding is made of copper bars embedded in the rotor magnet-
ic core. As a result, slip rings and brushes that are required in the wound-rotor induc-
tion and synchronous generators are eliminated. 

With the generator connected to the grid of 50 Hz or 60 Hz, the synchronous speed 
of the generator is fixed, and the rotor speed varies slightly with the system operating 
conditions. Figure 6-2 shows a torque-versus-speed curve of a 2.3 MW, 690 V, 50 Hz 
SCIG. When this four-pole generator delivers the rated power to the grid of 50 Hz, its 
rated rotor speed is 1512 rpm, which is only 0.8% higher than the synchronous speed 
of 1500 rpm. Therefore, the speed range for the generator is from 1500 rpm to 1512 

Table 6-1. Examples of gear ratios for fixed-speed WECS (rated slip = -1 %) 

Rated turbine 
speed (rpm) 

12 
14 
16 

4-pole 

126 
108 
94 

50 Hz grid 

6-pole 

84 
72 
63 

Gear ratio 

8-pole 

63 
54 
47 

4-pole 

152 
130 
114 

60 Hz grid 

6-pole 

101 
87 
76 

8-pole 

76 
65 
57 
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Tm (pu) Tm (kN.m) 
0 

-14.74 
(rated) 

-29.48 

0 -0.05 -0.10 -0.15 -0.2 -0.25 -1.0 slip s 
1500 1575 1650 1725 1800 1875 3000 Mrpm) 

Figure 6-2. Torque-versus-speed curve of a 2.3 MW, 690 V, 50 Hz SCIG. 

rpm under normal operation conditions. The speed range is so narrow that this type of 
wind energy system is known as the fixed-speed WECS. 

6.2.4 Soft Starter 

A soft starter is normally used between the generator and the grid to limit the high in-
rush current during the system start-up. The soft starter is basically an AC voltage con-
troller that increases the stator voltage gradually by controlling the firing angles of the 
SCR devices. The underlying operating principle is to apply segments of the grid volt-
age waveform in such a way that the resulting voltage to the stator has a smaller funda-
mental component, which effectively limits the current drawn by the stator during 
start-up. The firing angles are varied to increase the stator voltage gradually from zero 
to the full voltage of the grid. After the full voltage of the grid is applied to the genera-
tor, the soft starter is shorted by a bypass switch to eliminate the conduction losses of 
the SCR devices. In-depth analyses of the soft starter and its operating principle is giv-
en in Chapter 4 and, therefore, not be repeated here. 

6.2.5 Reactive Power Compensation 

The squirrel-cage induction generator draws lagging (inductive) reactive power from 
the grid during operation. A PF compensator device is normally installed to meet the 
grid code for reactive power compensation. The most commonly used PF compensator 
for the fixed-speed wind energy system is a power capacitor, which provides the lead-
ing reactive power to the grid. To effectively compensate for the reactive power of the 
system over the full operating range, a number of capacitor banks can be used, which 
can be switched in or out of the system for optimal results. 

-1.0 < 

-2.0 

-TO 

' — Operating region 

r- Rated torque/speed ^r¿r^*-r^r~^ 

\ Speed range: 
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6.2.6 Main Features and Drawbacks 

The fixed-speed wind energy system has a number of features. Compared with the 
variable-speed WECS, the fixed-speed system is simpler and more cost-effective. The 
induction generator in a fixed-speed WECS is directly connected to the grid without 
the need of a full-capacity power converter system. A soft starter is required to assist in 
the system start-up, but it uses low-cost SCRs instead of expensive IGBTs or IGCTs. 
The starter is bypassed as soon as the start-up process is over and, therefore, does not 
require large-size heat sinks. The squirrel-cage induction generator is robust and inex-
pensive, and does not have slip rings or brushes, which makes the generator almost 
maintenance-free. In addition, the system does not need digital controllers or associat-
ed sensors for sophisticated controls that are implemented in the variable-speed 
WECS. 

The fixed-speed wind energy system has some drawbacks. First of all, the system 
has low power conversion efficiency. The power that can be captured by the wind tur-
bine for a given wind speed varies with the rotational speed of the turbine. In order to 
capture the maximum power available from the wind at different wind speeds, the 
speed of the turbine and generator must be adjusted according to the optimal tip speed 
ratio (TSR), that is, the ratio of the tip speed of the blade to wind speed [2]. Hence, 
when the wind speed varies, the turbine speed needs to be changed accordingly to 
maintain the optimal TSR and capture the maximum power from the wind. Since di-
rect grid connection fixes the speed of the generator and turbine, the optimal TSR can-
not be maintained for different wind speeds, which reduces the power conversion effi-
ciency of the system. 

The fixed-speed operation and uncontrolled generator do not allow the system to re-
act quickly to wind gusts. This causes large power fluctuations transmitted to the grid 
and severe mechanical stress to the blades, the drive train, and, in particular, the gear-
box, which may shorten the life of these mechanical components. The inability to con-
trol the active power combined with the inability to control reactive power makes large 
fixed-speed WECS unsuitable for weak grids. The main advantages and drawbacks of 
the fixed-speed wind conversion system are summarized in Table 6-2. 

6.3 OPERATION PRINCIPLE 

6.3.1 Fixed-Speed Operation of SCIG 

To discuss the operating principle of fixed-speed wind energy systems, the power-ver-
sus-speed characteristics of both wind turbine and generator are illustrated in Figure 6-
3, where Pm is the mechanical power applied to the shaft of the generator and wm is the 
mechanical speed of the generator. Assuming that the mechanical losses of the gear-
box and drivetrain are neglected, the mechanical power produced by the turbine is 
equal to the mechanical power of the generator in per unit terms. In addition, the me-
chanical speed of the turbine is equal to that of the generator in per unit terms. There-
fore, the power versus speed curves of the turbine and generator can be shown in the 
same plot. 
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Table 6-2. Summary of main characteristics of fixed-speed WECS 

Advantages Description 

Simple system and low costs No PWM power converters 
No closed-loop controls 
Cost-effective generator (SCIG) 

Reliable generator and low Squirrel-cage rotor, no rotor winding 
maintenance No slip rings or brushes 

Compact size and light weight 

Disadvantages Description 

Low conversion efficiency Fixed-speed operation, unable to implement MPPT 

Low power quality No reactive power compensation capability 
Fluctuation in output power 
No voltage ride-through capability 

High mechanical stress Caused by gusts of wind and inability to control active power 
Reduction in life span of mechanical components 

Each turbine Pm-o> curve of the turbine corresponds to a specific wind speed. In 
theory, the number of such curves is infinite, but only a few curves are plotted in Fig-
ure 6-3 for analysis. On the contrary, the generator has only one Pm-<om curve. The 
speed of the generator varies slightly with its mechanical power, but the variation is so 
small (e.g., 0.008 pu in Figure 6-2) that the Pm-<om curve of the generator is virtually a 
vertical line. In steady state, the system operates at one of the intersections of the tur-
bine and generator P-co curves. 

Pm - com curve MPP 

0.2 0.4 0.6 0.8 1.0 1.2 am (pu) 

Figure 6-3. System operating points and maximum power points (MPP) at different wind 
speeds. 
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For a given wind speed, there is a corresponding maximum power point (MPP) on 
the turbine P-w curves. For the fixed-speed WECS, the system can operate only at one 
MPP, which is at the rated wind speed of 1.0 pu in the example of Figure 6-3. At the 
other wind speeds, the system operates at the points that are lower than MPP and, 
therefore, cannot capture the maximum power available from the wind, leading to low-
er power-conversion efficiency. In particular, when the wind speed is below 0.6 pu, no 
power can be captured by the system. 

6.3.2 Two-Speed Operation of Fixed-Speed WECS 

In order to improve power conversion efficiency of the fixed-speed WECS, two-speed 
SCIG wind energy systems have found practical applications [3]. The two-speed opera-
tion is realized by changing the number of poles of the stator winding. The synchronous 
speed of a generator connected to a grid of 60 Hz is 1800 rpm and 1200 rpm with four-
pole and six-pole configurations, respectively. By changing number of poles, the gener-
ator can operate at two different rotor speeds that are slightly higher than its synchro-
nous speed. The generator configured with four-pole operation at the rated wind speed 
can be switched to a six-pole configuration to allow lower speed operation at lower wind 
speeds. In this way, two optimal tip speed ratios that correspond to two maximum pow-
er points can be achieved at two different wind speeds. Doing so, more energy from the 
wind can be harvested, improving the overall efficiency of the wind energy system. 

To facilitate the analysis, a simplified stator winding with four-pole and eight-pole 
configurations is illustrated in Figure 6-4, where the phase-a winding is illustrated to-
gether with a schematic for three-phase winding for both configurations. The stator 
winding of the two-speed generator can be reconfigured through a switch. Changing 
from the four-pole to eight-pole configuration, and vice versa, is performed by switch 
S. When S is in Position 1, the stator winding produces only four magnetic poles. Coils 
a i and a3 are in series, which are then in parallel with series-connected a2 and aA. 
When S is in Position 2, the stator winding has eight poles, and all four coils in phase-
a are connected in series. 

To better understand the principle of two-speed operation, consider Figure 6-5, 
where the generator can operate at two fixed rotor speeds: o)mX = 1.0 pu with a four-
pole stator winding and wm2

 = 2/3 (0.67) pu with a six-pole stator winding. With the 
four-pole configuration at the rated wind speed (vwl = 1.0 pu), the generator operates at 
Point A, at which the maximum power capture is achieved. When the wind speed re-
duces to vw2, the captured power is only 0.07 pu, which is substantially lower than the 
maximum power of 0.296 pu available for that wind speed. The power difference AP 
is 0.226 pu, which represents the power loss due to the fixed-speed operation. Howev-
er, by changing the stator winding from four poles to six poles, the generator can oper-
ate at Point B with a fixed speed of 0.67 pu, at which the wind energy system can cap-
ture the maximum power of 0.296 pu available from the wind. 

Figure 6-6 shows the switch between the two fixed rotor speeds. For a given rotor 
speed wml or wm2, the operating points at difference wind speeds are indicated by solid 
dots and small circles. The switch between the two rotor speeds takes place at a specif-
ic wind speed, at which the two rotor speeds produce the same mechanical power Pm. 

www.EngineeringEBooksPdf.com



180 FIXED-SPEED INDUCTION GENERATOR WECS 

(a) 4-pole configuration 

(b) 8-pole configuration 

Figure 6-4. Induction generator with four-pole and eight-pole configurations. 

In this example, the wind speed of 0.875 pu satisfies the requirement. For a given wind 
speed vw, the operating point indicated by the solid dot always generates higher power 
than that indicated by the circle. Therefore, the power conversion efficiency of the 
wind energy system is improved by the two-speed operation. 

6.4 GRID CONNECTION WITH SOFT STARTER 

In a variable-speed WECS, the generator is connected to the grid through a converter 
system, and the stator current, torque, and speed of the generator are fully controllable 
during the system start-up. On the contrary, the generator in fixed-speed wind energy 
systems is directly connected to the grid without converters and, therefore, the opera-
tion of the generator is not controllable. However, a soft starter can be used during the 
system start-up [4], especially in large megawatt systems, to reduce the adverse impact 
of high inrush current on the wind energy system as well as the grid. 
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Pm (PU) 

-1.0 

-0.8 

-0.6 

-0.4 
-0.296 

-0.2 
-0.07 

0 

AP 

' : ' : ' : A ': 

/ B 
~^Vw2 

N ^ i = Ipu 

»ml (IP") 
* 

0.2 0.4 0.6 °'67 0.8 1.0 1.2 wm(pu) 

Figure 6-5. Power versus rotor speed characteristics of SCIG WECS with two fixed rotor 
speeds. 

The dynamic performance of a fixed-speed WECS with direct grid connection was 
investigated in Case Study 3-1 in Chapter 3, where a 2.3 MW, 690 V, 50 Hz, 1512 rpm 
squirrel-cage induction generator was used. For convenience, the transient waveforms 
during the system start-up are rearranged and presented in Figure 6-7. The generator is 
directly connected to the grid by a switch at t = 0 when the wind brings the rotor speed 
close to the rated speed (0.959 pu, 1450 rpm). The direct connection causes excessive 
inrush currents (ias, ibs, and ics) in the stator with a peak value of more than 10 pu, high 
electromagnetic torque Te (2 pu, peak), and, more importantly, high torque oscilla-
tions. The high inrush current may have an adverse impact to the grid, especially in the 

Pm(pu) 

-1.0 

-0.8 

-0.6 

-0.4 

-0.2 

0 

v w i=0 .875pu: /^ 

1 S \ ' 

• / jrir*^^ ■ *~~— ^**^ 

u Jm2Í^^^^^ 

^^S^Q.6pu 

» m l NWVV= I p u 

S - ^ X Ó ^ p u 

\A8puSv \ 

iQl7pu N. \ \ 

0.6 °'67 0.8 0.2 0.4 0.6 "'"' 0.8 1.0 1.2 rom (pu) 

Figure 6-6. Switch between the two fixed rotor speeds a>ml and u>m2. 
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Figure 6-7. Dynamic response of SCIG with direct grid connection (without soft starter). 

weak grid systems, and the high torque oscillations may cause excessive mechanical 
stress. Obviously, the direct grid connection of the SCIG during system start-up is not 
allowed in practice, especially for large turbines. 

In order to reduce the inrush current and torque oscillations during start-up, a soft 
starter is normally employed in fixed-speed wind energy systems. The dynamic perfor-
mance of the system during the soft start is investigated through the following case 
study. 

Case Study 6-1—Soft Start of Fixed-Speed WECS 

The fixed-speed wind energy system under investigation is shown in Figure 6-1. The 
power factor compensator is omitted for simplicity. A 2.3 MW, 690 V, 50 Hz, 1512 
rpm squirrel-cage induction generator is used in the study. When the wind speed is 
higher than its cut-in speed, the pitch angle of the blade is slightly adjusted, and a small 
amount of torque is produced to accelerate the turbine and the generator. Although the 
generator is rotating during the acceleration period, no stator voltage is induced due to 
the lack of magnetizing current to produce a magnetic flux that is needed to generate 
the stator voltage. 

When the rotor speed is close to its synchronous speed (0.959 pu, 1450 rpm), the 
generator is connected to the grid by the main switch shown in Figure 6-1. At the same 
time, the soft starter is activated with a large firing angle of 120°. A very low voltage is 
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produced by the soft starter, and a small stator current starts to flow through the gener-
ator as shown in Figure 6-8. 

The firing angle is then decreased gradually from 120° to 0° in 0.5 sec, at which the 
full grid voltage is applied to the generator. Compared with the transient waveforms 
produced by the direct grid connection in Figure 6-7, the peak inrush current is re-
duced from more than 10 pu to approximately 3.3 pu, which is mainly due to the slow 
increase of the stator voltage by the soft starter. Since the inrush current is substantial-
ly reduced, the torque oscillations are almost eliminated. The absence of torque oscil-
lations reduces mechanical stress in the drive train, increasing the life span of the me-
chanical system and reducing maintenance needs as well. 

During the system start-up, the mechanical torque Tm from the shaft of the generator 
is close to zero since a very small amount of torque is applied to the turbine. The gen-
erator operates below the synchronous speed in the motoring mode, producing a posi-
tive electromagnetic torque Te that accelerates the generator until it reaches the syn-
chronous speed. At this point, the bypass switch is closed and the system start-up 
process is completed. The system is now ready to capture and produce power from the 
wind. 

To produce power from the wind, the pitch angle is adjusted from its start-up posi-
tion to an optimal value. The mechanical torque Tm increases accordingly until it 
reaches its rated value of-1.0 pu, assuming that the wind speed is rated as well. Since 
the generator is in the generating mode and the mechanical torque \Tm\ from the gener-

Fiqure 6-8. Startup transients of fixed-speed WECS with a soft starter. 
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ator shaft is higher than the electromagnetic torque \Te\ produced by the generator, the 
rotor speed wm accelerates, and finally reaches its rated value of 1.0 pu, at which Te = 
Tm. The system enters into its steady-state operation, delivering the rated power to the 
grid. 

6.5 REACTIVE POWER COMPENSATION 

The induction generator in a fixed-speed wind energy system draws reactive power 
from the grid. In a variable-speed WECS, the reactive power control is usually realized 
by power converters that connect the generator to grid. However, this method is not 
applicable in fixed-speed WECS. To meet the grid code, the reactive power of fixed-
speed wind energy systems has to be compensated for [5]. 

The amount of reactive power Q drawn by an induction generator varies with the 
active stator power Ps or the slip of the generator. This can be appreciated in Figure 6-
9 for a typical large induction generator, where SR and PR are the rated apparent power 
and rated stator active power of the generator, respectively. The generator draws reac-
tive power close to a third of the total power rating when it is not delivering any active 
power to the grid. This reactive power is mainly associated with the magnetizing in-
ductance Lm of the generator. The amount of reactive power increases with the stator 
active power delivered to the grid. This increase is mainly caused by the large rotor 
current flowing through the stator and rotor leakage inductances Lls and Ltr. 

To overcome this problem, three-phase capacitors are commonly used as reactive 
power compensators [6]. Since the amount of reactive power varies with the active 
power as shown in Figure 6-9, the level of compensation needs to be adjusted ac-
cordingly. Therefore, it is common to have a set of capacitors that can provide dif-
ferent levels of reactive power compensation by switching them in or out of the sys-

\QISR\ 
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0.0 
0.0 

'■^-^-^' ßm 
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ainly due to 
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Figure 6-9. Typical characteristics of reactive versus active power of a squirrel-cage induction 
generator. 

www.EngineeringEBooksPdf.com



6.5 REACTIVE POWER COMPENSATION 185 

tern. Detailed analysis of the reactive power compensation is given in the following 
case study. 

Case Study 6-2—Reactive Power Compensation 

This case study starts with the design of a three-phase capacitor for reactive power 
compensation of a typical fixed-speed WECS operating under the rated conditions. 
The design procedure is then used to select the values of three additional capacitors to 
compensate for the reactive power of the generator over its full operating range. 

Consider a 2.3 MW, 690 V, 50 Hz, 1512 rpm SCIG fixed-speed wind energy sys-
tem. The generator parameters are given in Table B-l of Appendix B. The system is 
connected to a grid of 690 V/50 Hz (assuming the transformer turns ratio of 1:1 for 
simplicity). The generator operates under the rated conditions with its rated speed of 
1512 rpm, based on which the slip of the generator is 

1500-1512 

1500 
= -0.008 (6.1) 

Using the IG steady-state equivalent circuit of Figure 3-13b in Chapter 3, the imped-
ance of the induction generator can be calculated by 

Z,=R, + jXb + jXM[%-+jXlr 

The stator current is then determined by 

0.1837Z152.58°£2 (6.2) 

7 = ¿ = 6 9 0 / V J Z 0 ° =2168Z-152.58° A (1 pu) (6.3) 
Zs 0.1837Z152.580 

The stator power factor is obtained from 

PFS = cos (ps= -0.888 (6.4) 

Figure 6-10. Reactive power compensation by multiple capacitor banks. 
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where the power factor angle is 

(ps =ZVS -Zls =152.58° (6.5) 

The stator apparent, active, and reactive power are calculated by 

'S=WJ, =3x398.4x2168 =2.591 MVA 
S SS 

Ps = Ss cos(0s) = -2.3 MW (6.6) 

Qs = Ss sin(</>s ) = 1.193 MVAR 

To compensate for the lagging reactive power drawn by the induction generator, a 
three-phase capacitor Cx is connected to the system. The reactive power provided by 
the capacitor can be calculated by 

Qc=WcIc=Ws)2°>sCx (6-7) 

where Ic is the capacitor current; Vc is the capacitor voltage, which is the same as the sta-
tor voltage Vs due to the shunt connection; and a)s is the stator/grid angular frequency. 

To achieve a unity power factor, the capacitor should provide a reactive power of 
1.193 MVAR, that is, 

ßc=3(Fs)
2<asC,=1.193MVAR (6.8) 

from which 

O 1 193x106 

C, = ~ = , = 7,975 |xF (0.46 pu) (6.9) 1 3(Vsfœs 3x(398.4)2x(2^x50) v ; 

Since the voltage across each of the capacitors is relatively low (only 398.4 V, wye-
connected), the three-phase capacitor can be connected in delta. The capacitance for 
the delta-connected capacitor can then be reduced to 

CA = C,/3 = 2,658 MT (6.10) 

In this case, the line-to-line voltage of 690 V is applied to each of the capacitors. 
Following the same procedure, the reactive power of the wind energy system can be 

calculated at different active power levels delivered to the grid. Figure 6-11 shows the 
relationship between the calculated reactive and active power (P-Q curve) of the sys-
tem, where \SR\ = 2.591 MVA and \PR\ = 2.3 MW, which are the rated apparent and ac-
tive power of the generator, respectively. With the capacitor Cx of 0.46 pu, the reactive 
power drawn by the generator is rally compensated by the capacitor at the rated stator 
power (PJPR = 1.0). However, with the decrease of the stator power Ps, the generator 
draws less reactive power from the grid, and system starts to be overcompensated. 
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Figure 6-11. Reactive power compensation by capacitor banks. 

To have an effective compensation over the full operating range of the generator, 
different values of the capacitor should be used. A satisfactory compensation can be 
made with three or four different capacitors. Figure 6-11 shows performance of the re-
active power compensation with four groups of the capacitors over the full operating 
range of the generator. With the capacitance of Cx = 0.46 pu, C2 = 0.37 pu, C3 = 0.31 
pu, and C4 = 0.28 pu, the reactive power of the generator can be rally compensated at 
\PJPR\ = 1.0, 0.75, 0.5, and 0.25, respectively. 

Figure 6-12 illustrates the connection of the capacitors to achieve the required ca-
pacitances for the reactive power compensation presented above. Three switches are 

Figure 6-12. Connection of capacitors for reactive power compensation over the full operating 
range. 
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employed to connect or disconnect the capacitors Cb Cn, and Cm to/from the system. 
Capacitor CIV is permanently connected to the system for compensation of the reactive 
power drawn by the magnetizing inductance, which is always there when the system is 
in operation. The values for the other required capacitances, C b C2, and C3, can be ob-
tained by selecting different combinations of switches Su S2, and 53. 

Figure 6-13 shows the power factor improvement through reactive power com-
pensation by the capacitors. The power factor of the generator is kept near to unity 
(> 0.99) when the turbine is delivering active power above 10% of its rated capacity 
to the grid. Compared with the uncompensated power factor curve, the system pow-
er factor is substantially improved, especially when the system delivers less than 50% 
of the rated active power to the grid. 

It is worth mentioning that reactive power compensation can also be performed using 
shunt power converter circuits installed between the generator and grid. These circuits are 
also known as active VAR compensators. They can perform dynamic compensation of 
the reactive power over the full operating range without the need for the step changes in 
capacitors. However, they are more complex and expensive due to the use of power con-
verters and controllers. These systems may be used to correct the power factor of a wind 
farm at the point of common coupling, where the wind farm is connected to the grid. 

6.6 SUMMARY 

In this chapter, the main characteristics of fixed-speed wind energy conversion sys-
tems using squirrel-cage induction generators were presented. The system operating 
principle was discussed, including the torque-speed curves of the generator, power 

PF 
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Figure 6-13. Power factor improvement through reactive power compensation by capacitor 
banks. 
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curves of the wind turbine, and reactive power compensation. The dynamic response 
of the fixed-speed system with hard and soft start was investigated. To improve the 
power conversion efficiency, a two-speed wind energy system was presented. Case 
studies were provided to facilitate the analysis of the fixed-speed wind energy systems. 
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7 
VARIABLE-SPEED WIND 

ENERGY SYSTEMS 
WITH SQUIRREL CAGE 

INDUCTION GENERATORS 

7.1 INTRODUCTION 

In variable-speed squirrel cage induction generator (SCIG) wind energy conversion 
systems (WECS), full-capacity power converters are required to adjust the speed of the 
generator in order to harvest the maximum possible power available from the wind. A 
typical configuration for the SCIG wind energy system is shown in Figure 7-1, where a 
back-to-back power converter configuration is normally employed. The generator-side 
converter (rectifier) is used to control the speed or torque of the generator with a maxi-
mum power point tracking (MPPT) scheme. The grid-side converter (inverter) is em-
ployed for the control of DC link voltage and grid-side reactive power. The control of 
the grid-tied converter has been described in Chapter 4 and, therefore, is not discussed 
in this chapter. 

This chapter focuses on the control schemes for the SCIG wind energy systems. 
The principles of direct and indirect field oriented control (FOC) and direct torque 
control (DTC) are discussed. The system dynamic and steady-state performance are 
analyzed. The analysis is assisted by computer simulations and steady-state equiva-
lent circuits. In addition to voltage source converter (VSC) based WECS, the appli-
cation of current source converters (CSCs) in SCIG wind energy systems is also pre-
sented. 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 191 
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Figure 7-1. Typical configuration of variable-speed SCIG wind energy system. 

7.2 DIRECT FIELD ORIENTED CONTROL 

7.2.1 Field Orientation 

The field orientation control can be generally classified into stator flux, air-gap flux, 
and rotor flux orientations. The rotor flux orientation is simple and easy to implement 
and is one of the more popular schemes used in both AC drives and wind energy sys-
tems [1]. The essence of field oriented control is the decoupled control of the rotor flux 
\r and electromagnetic torque Te of the generator to achieve high dynamic perfor-
mance. Using the rotor flux orientation, the stator current of the generator can be de-
composed into a flux-producing component, which produces the rotor flux Ar, and a 
torque-producing component, which produces the torque Te. These two components 
are then controlled independently. 

Rotor flux orientation is achieved by aligning the d-axis of the synchronous refer-
ence frame with the rotor flux vector Xr, as shown in Figure 7-2. The resultant dq-axis 
rotor flux components are 

where Ar is the length (magnitude) of \r. The rotating speed of the synchronous refer-
ence frame is given by 

cos=2nfs (7.2) 

where ̂  is the stator frequency of the generator. 
Substituting Equation 7.1 into the torque equation of (Equation 3.16 of Chapter 3) 

yields 

Te=KTXriqs (7.3) 

where KT= (3PLJ3Lr). If the rotor flux Ar is kept constant during the generator opera-
tion, the developed torque is directly controlled by the q-axis stator current iqs. 
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Figure 7-2. Rotor flux field oriented control (the ¿/-axis of the synchronous frame aligned 
with Xr). 

The stator current vector Ts in Figure 7-2 can be resolved into two components 
along the dq axes. The J-axis current ids is the flux-producing current, whereas the q-
axis current iqs is the torque-producing current. In field oriented control, ids is normally 
kept at its rated value while iqs is controlled independently. With decoupled control for 
ids and iqs, high dynamic performance can be realized. It is noted that the stator current 
vector is rotates in space at the synchronous speed and, therefore, ids and iqs are DC 
currents in steady state. 

One of the key issues associated with the rotor flux oriented control is to accurately 
determine the rotor flux angle 0̂  for field orientation. Different methods can be used to 
find 6f. If the angle is obtained through the measurement of generator terminal voltages 
and currents, the method is known as direct field oriented control. For the indirect field 
oriented control, the rotor flux angle is obtained from 

ef=er+esl (7.4) 

where 6r and 6S¡ are the measured rotor position angle and calculated slip angle, re-
spectively. 

7.2.2 Direct FOC for SCIG Wind Energy Systems 

Figure 7-3 shows a typical block diagram of direct field oriented control for the induc-
tion generator [2], To implement the FOC scheme, the rotor flux magnitude Ar and its 
angle 9f are identified by the rotor flux calculator based on the measured stator volt-
ages (vaJ and vbs) and currents (ias and ibs). 
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Figure 7-3. Direct field oriented control with rotor flux orientation. 

There are three feedback control loops: one for the rotor flux linkage Ar, one for the d-
axis stator current ids, and another for the q-axis stator current iqs. For the rotor flux con-
trol, the measured Ar is compared with its reference A* and the error is passed through a 
PI controller. The output of the PI regulator yields the d-axis stator current reference i%. 
The torque reference T* is generated by the maximum power point tracking scheme dis-
cussed in Chapter 2. The ç-axis stator current reference can then be calculated by 

t-¡¡K (7'5) 
The feedback <&7-axis stator currents ids and iqs are compared with their references, and 
the errors are sent to current PI controllers to generate stator voltage references v*s and 
v^. The dq-axis voltages in the synchronous reference frame are then transformed to 
the three-phase stator voltages v*s, v%, and v*s in the stationary frame through the 
dqlabc transformation block. 

Both carrier-based modulation and space vector modulation schemes presented in 
Chapter 4 can be used to generate gating signals for the rectifier. If a carrier-based 
modulation scheme is employed, v*s, v%s, and v*s are the modulating signals, which are 
compared with a triangular carrier wave to generate PWM gatings for the switching 
devices in the rectifier. For the space vector modulation, the reference vector, vrefi is 
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generated according to the three-phase reference voltages v*s, v%, and v*s, based on 
which the PWM gating signals are produced. 

As shown in Figure 7-3, the rotor flux angle df is used in the abcldq and dqlabc 
transformation for field orientation. Neglecting switching harmonics produced by the 
rectifier, the variables above the transformation blocks (see Figure 7-3) are all in the 
stationary reference frame, which are sinusoidal in steady state, whereas the variables 
below transformation blocks are all DC signals in the rotor flux synchronous frame. 

7.2.3 Rotor Flux Calculator 

To calculate the rotor flux magnitude and angle, the generator model in the stationary 
<&¡r-axis frame in Figure 7-4a can be utilized. The stator flux vector can be expressed as 

k=\Çs-RÂ)dt (7.6) 

The rotor flux vector can be calculated by 

í=LX+L¿,=Lrt*j^+LmT,=jf-$-aL¿) (7.7) 

PK 5 ¿ m P^-r 

o I 

(a) SCIG dynamic model in the stationary frame 

+ ç-axis (stationary) 
; »5 £; 

(b) Space vector diagram in the stationary frame 

Figure 7-4. Dynamic model of SCIG and space vector diagram for rotor flux calculation. 
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where cr is the total leakage factor, defined by 

a = l — 
L.L. 

(7.8) 

Decomposing the rotor flux Xr into the d- and g-axis components in the stationary 
frame, we have 

X =-¡-(X -aLi ) 
qr L s qs 

(7.9) 

from which the magnitude and angle of the rotor flux are 

K - v^ífr+^< 

e^tan"1-^ 
(7.10) 

V 
Vr 

It can be seen from the above equations that the rotor flux magnitude Xr and its angle Of 
can be identified based on measured stator voltage, stator current, and generator para-
meters (Ls, Lr, Lm, and Rs). No rotor current is needed for the calculation. Figure 7-4b 
shows the vector diagram for the rotor flux vector Xr and stator current vector is used 
in the rotor flux calculator. When the two vectors rotate one revolution in space, their 
dq-axis components, \dn Kqr, ids, and iqs, vary one cycle over time due to the use of the 
stationary (stator) frame. Neglecting the switching harmonics, these variables are sinu-
soidal in steady state. 

Figure 7-5 shows the block diagram for the digital implementation of a rotor 
flux calculator. Of the three stator voltages vas, vbs, and vcs, only two need to be mea-
sured and the third can be found from vas + vbs + vcs = 0. The same is true for the sta-
tor currents. The stator voltages and currents are then transformed into two-phase 
variables through abclaß stationary transformation blocks. The other blocks are 
derived from Equations 7.6 to 7.10. The output of the rotor flux calculator is the ro-
tor flux angle 6f for field orientation and its amplitude Ar for rotor flux feedback con-
trol. 

It should be noted that the dq-axis voltages and currents in the rotor flux calculator 
are all AC signals (sinusoidal in steady state), which may cause problems for the inte-
grators, such as undesired DC offsets during system start-up. In practice, the integra-
tors can be replaced by first-order, low-pass filters with a low cut-off frequency up to a 
couple of hertz. The replacement of integrators by low-pass filters has little impact on 
system operation since the wind generator normally operates at much higher stator fre-
quencies than the filter cutoff frequency. 
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Figure 7-5. Block diagram of a rotor flux calculator. 

7.2.4 Dynamic and Steady-State Analysis of Direct FOC WECS 

To study the operation and performance of the FOC SCIG wind energy system, three 
case studies are provided. One investigates the dynamic behavior of the system dur-
ing the system start-up, one examines the steady state operation of the system, and 
another analyzes the dynamic performance of the system with a step change in wind 
speeds. 

Case Study 7-1—Start-up Transient Analysis. In this case study, the start-
up process of a 2.3 MW/690 V SCIG wind energy system with direct FOC scheme is 
investigated. The speed of the turbine and generator is brought from zero to its rated 
value by wind, at which time a step rotor flux reference (rated) is applied. The rotor 
flux starts to build up, and when it reaches the rated value, a step torque reference (rat-
ed) is applied. The wind energy system then delivers its rated power to the grid at the 
rated wind speed. 

It is assumed that the generator speed does not change during the electrical transients 
since the mechanical system of the wind turbine is much slower than the electrical sys-
tem. It is also assumed that the DC link voltage is kept constant by the grid-side con-
verter and, therefore, a constant DC voltage source instead of a grid-connected convert-
er is used in simulation to absorb the energy from the wind turbine. The parameters and 
operating conditions of the SCIG wind energy system are given in Table 7-1. 

Figure 7-6 shows the simulated waveforms of the wind energy system during its 
start-up transients. The transient process is analyzed step by step below. 

1. At t = 0, a step rotor flux reference A* (rated) is applied. The reference for the 
electromagnetic torque, Tf, is set to zero. 

2. During the period of 0 < t < 0.42 sec, the magnitude of the phase-a rotor flux \ar 

increases over time t. The rotor flux PI controller is saturated due to the large er-
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Table 7-1. Parameters and operating conditions of the SCIG WECS with direct FOC 
scheme 

Induction generator 

System input variables 

Control scheme 

Generator-side converter 

Grid-side converter 

Rotor flux calculator 

Reference frame 
transformation 

Generator ratings: 
2.3 MW, 690 V, 50 Hz, 1512 rpm 

2168 A, 14.74 kN-m 

Step input of rotor flux reference 
aU = 0 

Step input of torque reference at 
t = 0.8 sec 

Direct rotor flux FOC 

Converter type 
Modulation scheme 
Switching sequence 
Switching frequency 

Replaced by a DC voltage source 
with a fixed DC voltage 

Algorithm 
Integrator: 
Replaced by a first-order, low-pass 

filter with a cutoff frequency f0 

of 0.1 Hz 

abcldq transformation 
dqlabc transformation 

Generator parameters: 
Table B-l (Appendix B) 

A* =1.711 Wb (rated) 

T*= -14.74 kN-m (1.0 pu) 

Figure 7-3 

Two-level VSC 
Space vector modulation 
Seven segment; Table 4-4 
2 kHz 

Vic= 1220 V (3.06pu) 

Figure 7-5 
Transfer function: 

2<„ 
2TT/>+1 

Eq. (3.1), Chapter 3 
Eq. (3.3), Chapter 3 

ror between the rotor flux reference A* and measured Ar. The output of the con-
troller is the reference for the ¿/-axis stator current, i%, which is the magnetizing 
component of the stator current. The controller saturation level for i% is set to 
the rated value of the stator current such that the rotor flux can be established at 
its maximum rate. During this period, the g-axis stator current iqs, which is the 
torque-producing component of the stator current, is kept zero due to the zero 
torque reference (T*= 0). 

3. During the period of 0.42 ^ t < 0.8 sec, the rotor flux \r reaches its rated value 
(1.349 pu, peak) set by the reference, and the rotor flux controller is out of satu-
ration. The ¿/-axis current ids is decreased to 0.368 pu, the g-axis current is still 
zero, and the phase-a stator current im falls to 0.368 pu as well, which is, in fact, 
the magnetizing current of the generator. 

4. At / > 0.8 sec, a step torque reference of the rated value (-1 pu) is applied. The 
<7-axis stator current iqs quickly increases to 1.365 pu, while the ¿/-axis current ids 

is kept constant at 0.368 pu due to the independent control of the dq-axis cur-
rents. The rms stator current is given by Is = V7^+7^/V2 = 1.0 pu (rated). The 
generator operates with the rated rotor flux and stator current, which leads to the 
rated electromagnetic torque Te, as shown in Figure 7-6. 
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Figure 7-6. Simulated waveforms during the start-up of the SCIG wind energy system. 

Case Study 7-2—Steady-State Analysis of SCIG WECS Under Rated 
Operating Conditions. The steady-state waveforms of the 2.3 MW/690 V SCIG 
wind energy system operating under the rated conditions are shown in Figure 7-7. In 
fact, some of these waveforms are from Figure 7-6 in the period of / = 0.93 to 1.0 sec. 
Included are the waveforms for the phase-a PWM stator voltage vas, the fundamental-
frequency stator voltage vasl, stator current ias, phase-a rotor flux linkage Xan rotor flux 
angle Of, and ufo-axis stator currents. The steady-state analysis is performed based on 
the generator steady-state equivalent circuit of Figure 3-13 in Chapter 3. 

With the parameters given in Table B-l in Appendix B and the generator operating 
under the rated conditions, its input impendence is 

zs = Rs + JXls
+JXJ/ 

R 
^JX>, = 0.1838Z152.6° ÎÎ for i = -0.008 (rated) (7.11) 

The rms and peak values of the stator current are 

7 = ¿ = 6 9 0 / ^ Z 0 ° =2168Z-152.6°A (1.0pu) 1 Zs 0.1838Z152.60 

i = 4lls = A/2 x 2168 = 3066 A (1.414 pu) 

(7.12) 
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Figure 7-7. Steady-state waveforms of the SCIG WECS operating under the rated conditions. 

According to the reference direction of the rotor current given in the steady-state 
equivalent circuit of Figure 3-13 in Chapter 3, the rotor current can be found from 

h= 7 ^ ^ = 2030.8Z-167.7°A (0.937 pu) (7.13) 

V s 

The magnetizing flux linage is calculated by 

Am = (Is-Tr)Lm = 1.2168Z-83.9° Wb (7.14) 

The rms rotor flux linkage is 

\=\~LJr =1.2096Z-77.7°Wb (7.15) 

The peak rotor flux is then given by 

Ar= 7 2 4 = 1.7106 Wb (1.349 pu) (7.16) 
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The peak value (1.414 pu) and phase angle (-152.6°) of the stator current, and the peak 
value (1.349 pu) and phase angle (-77.7°) of the rotor flux obtained from the above 
steady-state analysis correlate well with the values obtained from the simulation re-
sults given in Figure 7-7. 

A phasor diagram for the steady-state operation of the generator is given in Figure 
7-8a. To find the dq-axis stator currents, ids and iqs, the d and q axes are added to the 
phasor diagram with i/-axis aligned with the rotor flux as shown in Figure 7-8b. This 
alignment is due to the rotor flux FOC implemented in the control of the wind ener-
gy system. Note that the dq axes in this diagram are stationary and, therefore, do 
not rotate in space at the synchronous speed for field orientation. They are simply 
added to the steady-state phasor diagram to determine the dq-axis components of the 
stator current. Based on this diagram, the dq-axis stator currents (rms) can be calcu-
lated by 

\Ids = Iscos(Z/s-ZAr) = 2168cos(-74.9°) = 564.8 A (0.261 pu) 

1/ = /, sin(ZTs -ZÄr) = 2168sin(-74.9°) = -2093 A (-0.965 pu) 
(7.17) 

The current peak values are given by 

| i A =>/2/ < ù =798.7A (0.368 pu) 

k = > / 2 / = -2960A (-1.365 pu) 
(7.18) 

which confirm the values obtained by simulation in Figure 7-7. 
Similarly, the dq-ax\s stator voltage (rms) can be calculated by 

J F A = Vs cos(ZV -ZÄr) = (690/ >/3)cos(77.7°) =84.9 V (0.2130 pu) 

\yv =Vssin(ZVs -ZÄr) = (690/ >/3)sin(77.7°) = 389.2 V (0.977 pu) 
(7.19) 

Is=l.0Z 152.6° pu 

VJ=1.0Z0°pu 

77.7° 

Ar (Rotor Flux) 

q-axis 

11.T VJ=1.0Z0°pu 

A /¿s = 0.261 pu 

\ Ar (Rotor Flux) 

Ld-axis 

(a) Phasor diagram (b) Calculation of Ids and Iqs 

Figure 7-8. Phasor diagram of the induction generator superimposed with dq axes. 
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from which their peak values are given by 

vA = 4lVds = 120.0 V (0.301 pu) 

vg s= 4lVqs= 550.5 V (1.382 pu) ( ? ' 2 0 ) 

Case Study 7-3 SCIG WECS Transients with a Step Change in Wind 
Speeds. In this case study, the transients of a 2.3 MW/690 V SCIG wind energy sys-
tem caused by a step change in wind speeds is investigated. The torque and power ver-
sus rotor speed characteristics of the system at the wind speed of 8.4 m/sec and 12 
m/sec are illustrated in Figure 7-9. With the implementation of the MPPT scheme, the 
electromagnetic torque Te of the generator is proportional to the rotor mechanical 
speed square (wm)2, whereas its mechanical power Pm is proportional to the rotor speed 
cube (wm)3, as discussed in Chapter 2. It is noted that the turbine mechanical speed is 
equal to the rotor mechanical speed in per-unit terms and, therefore, we do not need to 
consider the gear ratio of the gearbox in the discussion. 

The system initially operates with a rotor speed of 0.7 pu as indicated by Point A in 
Figure 7-9. The case study investigates the transients when the wind speed suddenly 
increases to its rated value of 12 m/sec and the operating point is moved from Point A 
to D. The generator and system parameters for the case study remain the same as those 
given in Table 7-1. 

In order to reduce the simulation time, the combined moment of inertia of the wind 
turbine and the generator was reduced to 1.8% of its actual value. With the rotational 
losses of the turbine shaft neglected, the mechanical torque Tm of the generator is then 
equal to the mechanical torque generated by the turbine. The simulated waveforms are 
given in Figure 7-10. 

During the period of 0 < t < 0.1 sec, the wind energy system operates in steady state 
at 0.7 pu rotor speed, at which point the mechanical torque Tm from the turbine shaft is 
-0.49 pu (generating mode). The electromagnetic torque of the generator Te contains 
certain amount of torque ripple caused by the harmonics in the stator current, but its 
average value (-0.49 pu) is equal to the mechanical torque. At / = 0.1 sec, the system 
operates at Points in Figures 7-9 and 7-10. 

At í s 0.1 sec, the wind speed suddenly increases to its rated value of 12 m/sec. The 
turbine mechanical torque Tm is instantly increased to its rated value of-1.0 pu (Point 
B in Figures 7-9 and 7-10). However, the mechanical speed of the generator wm cannot 
change instantaneously at t = 0.1 sec due to the moment of inertia. As a result, the 
torque reference T* produced by the MPPT block remains unchanged, and the genera-
tor torque Te remain unchanged as shown in Figure 7-10. 

During the period of 0.1 < t < 0.38 sec, the difference between the turbine mechani-
cal torque Tm and the generator electromagnetic torque Te accelerates the generator, 
and the rotor speed increases accordingly. Moving through Point C from B, the system 
finally reaches a new operating point D at t = 0.38 sec. The turbine mechanical torque 
Tm reaches Point D via its Tm-<am curve, whereas the generator torque Te reaches the 
same operating point via its own Te-o>m curve, as shown in Figures 7-9 and 7-10. 
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Figure 7-9. Torque and power versus rotor speed characteristics of the wind turbine and gener-
ator with MPPT control. 
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When t > 0.38 sec, the wind energy system reaches its steady state. With the rated 
wind speed, the generator operates under the rated conditions with rated torque and 
rated stator current. The waveforms of the dq-axis stator currents, ids and iqs, are also 
given in Figure 7-10. With the rotor flux feedback control, the ¿-axis stator current i^ 
is kept constant during the system transients, which in turn makes the rotor flux Ar con-
stant. The dq-axis stator currents {ids = 0.368 pu and iqs = -1.365 pu) and stator volt-
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Figure 7-10. Transient waveforms of SCIG wind energy system with a step change in wind 
speed. 

ages (vA = 0.301 pu and vqs = 1.382 pu) correlate well with the steady-state analysis 
performed in Case Study 7-2. 

7.3 INDIRECT FIELD ORIENTED CONTROL 

7.3.1 Principle of Operation of Indirect FOC 

As mentioned earlier, the indirect FOC is essentially the same as that for the direct 
FOC, but the method for obtaining the rotor flux angle is different [3]. The rotor flux 
angle in the indirect FOC can be obtained from 
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df = ¡(o)r + o)s,)dt (7.21) 

where cor is the measured rotor speed and ws, is the calculated slip frequency. 
The slip frequency o)s¡ can be derived from the generator model of Figure 3-7a in 

Chapter 3 in the synchronous frame, from which 

Substituting the rotor current 

PXr=-RrJr-jœslXr (7.22) 

l=-^(K-Ljs) (7.23) 

into (7.22) yields 

PK = -J-& - LJ,)- j(Osl Xr (7.24) 

from which 

X,(l+Tr(p + j(Osl))=Lj3 (7.25) 

where rr is the rotor time constant, defined by 

xr=LrIRr (7.26) 

Decomposing (7.25) into the dq-axis components and taking into account the rotor 
flux orientation (\qr = 0 and Xdr = Ar), we have 

{(oslxrXr=LJqs 

from which the slip frequency is obtained: 

«s/ = - ^ - V (7-28) 

A typical block diagram of the SCIG wind energy system with indirect FOC is 
shown in Figure 7-11, where the rotor flux angle fy for field orientation is obtained by 
measuring the rotor speed wr and calculated slip frequency OÙS1 (7.28) through an inte-
grator. There are three feedback loops, one for the rotor flux A„ one for the d-axis sta-
tor current ids, and another for the #-axis stator current iqs. The rotor flux reference X* 
is normally set at its rated value, and the actual rotor flux can be obtained from 
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Figure 7-11. Indirect field oriented control for an SCIG wind energy system. 

where ids is the measured ¿-axis stator current. 
The reference torque T* is generated by the MPPT block according to the measured 

wind speed or rotor speed. The reference for the <¡r-axis current reference i*s can be ob-
tained from the torque equation (7.5): 

<;=7Vr; (730) 

For a constant A„ the torque-producing current i* is proportional to T*. 

7.3.2 Steady-State Analysis of Indirect FOC SCIG Wind Energy 
System 

The steady-state performance of an SCIG wind energy system with indirect rotor flux 
FOC is investigated through a case study given below. 
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Case Study 7-4—Steady-State Analysis of Indirect FOC SCIG Wind En-
ergy System. For a wind energy system operating at the maximum power point, the 
rotor speed wm and turbine mechanical torque Tm can be easily determined from the 
Tm-u>m curve of the system. However, the stator frequency (os and slip 5 of the genera-
tor are unknown, which may cause difficulties in analyzing the system based on the 
per-phase, steady-state equivalent circuit of the generator. 

The problem can be solved when the induction generator is controlled by the rotor 
flux FOC scheme. The rotor flux Ar is normally kept at its rated value by the FOC, 
which provides the starting point for the analysis. The procedure for the analysis and 
calculation is summarized in Table 7.2. 

Let us consider the 2.3 MW/690 V SCIG wind energy system in Case Study 7-3 
again. At the wind speed of 8.4 m/s, the generator operates at 0.7 pu rotor speed. The 

Table 7.2. Steady-state analysis of SCIG wind energy system 

Rotor flux linkage (Wb) 

Rotor speed (rad/sec) 

Electromagnetic torque (Nm) 

¿-axis current (A) 

q-axis current (A) 

Stator current (A) 

Slip frequency (rad/sec) 

Stator frequency (rad/sec) 

Slip 

Generator impedance (ft) 

Stator current (rms) (A) 

\r (Rated, controlled by FOC) 

(om (Given, based on wind speed) 

Te
 = Tm (Given, from the Tm - u>m profile) 

. K 
lds L„ 

2L T 

KTXr 3PLm Xr 

- Yds + i qs 

m - Lm j - RrLm i 
Sl T l "S L I " 

(Û=(Ûr +CO, 'si 

£>si 

2s = Rs + jXls + jXJI 
R 

^JXlr 

L = L / A / 2 Z 0 ° (Reference phasor) 

Stator voltage (rms) (V) 

Stator power factor angle 

Vs = IsZs=VsZ(p 

<ps=ZVs-Zls=<p 
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rotor flux Àr is kept at its rated value of 1.711 Wb by the FOC scheme. The ¿-axis sta-
tor current can then be calculated by 

^ = T L = -,,l"L10!n-3 =80L4A ( ° - 3 6 9 p u ) <7-31) 
Lm 2.1346x10 

The turbine mechanical torque is given by 

T
m

 =7,
m.RxO-72 =-14,740 x0.72= -7.2226 kN-m (7.32) 

The <?-axis current is calculated by 

2Lr Te 2x2.1995xl0"3 -7222.6 , Acn „ A , n „ n , 
z = - — - = r = -1450.2A (-0.669pu) (7.33) 
q 3PLm Xr 3x2x2.1346xl0"3 1.7106 

The peak stator current can then be obtained by 

is =yjijs +i2
qs =V801.42 +1450.22 =1656.9A (0.764pu) (7.34) 

The above calculated ids, iqs, and is are essentially the same as those obtained by simu-
lation in Figure 7-10. 

The slip frequency is determined by 

R.Lm . 1.497xl0"3x2.1346xl0"3 ,,Acn^ , „„,„ _,, 
m,i = -!L-S!-im = z x (-1450.2) = -1.2317 rad/sec (7.35) 

LrK
 qs 2.1995xl0-3xl.7106 V ' 

The stator frequency can be found from 

cos = (Qr+(osl = (1512x0.7)(2?r/60)P-1.2317= 220.4 rad/sec (35.08 Hz) (7.36) 

from which the slip is 

s = ̂ - = -5.588xl0- 3 (7.37) 

The rms value of the stator current is expressed as 

7, = is I V2Z0° = 1171.6Z0°A (7.38) 

With the generator impedance of 

2,=R,+jXb + jXJI —+JX.T 
s j 

= 0.2349Z144.9°Q (7.39) 

www.EngineeringEBooksPdf.com



7.3 INDIRECT FIELD ORIENTED CONTROL 209 

The rms stator voltage can be calculated by 

Vs = 1SZS = VsZ(p = 275.2Z144.90 V (0.691 pu) (7.40) 

Figure 7-12 shows the phasor diagram of the generator for the calculation of dq-axis 
stator voltages, where the stator current is the reference phasor according to Equation 
7.38. The dq axes are added to the phasor diagram to assist in the calculation of the dq-
axis stator voltage. According to the steady-state equivalent circuit of the generator 
presented in Chapter 3, the rotor current can be found from 

7r= ^ - ^ -̂ = 995.2Z-28.9°A (7.41) 

\s ) 

The magnetizing flux is 

Äm=(Ts-Ir)Lm=l.2U3Z58.0°Wb (7.42) 

The rms rotor flux linkage can be obtained by 

Ä =Ä -L.T = A Z 0 . =1.2096Z61.1°Wb (7.43) 
r m Ir r r I v ' 

The angle between the stator voltage and rotor flux is 

92=(p-ei =83.8° (7.44) 

from which the dq-axis stator voltages can be calculated by 

lvds = 4T/S cos02 = 42.0 V (0.105 pu) 

\vqs = 4lVs sin 62 = 386.9 V (0.971 pu) 

/ ¿-axis 

<j-axis 

(7.45) 

Figure 7-12. Phasor diagram for the calculation oí dq-axis stator voltages. 
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The calculated dq axis stator currents (ids = 0.369 pu and iqs = -0.669 pu) and stator 
voltages (vds = 0.105 pu and vqs = 0.971 pu) at the generator speed of 0.7 pu correlate 
well with the simulated results given in Figure 7-10. 

7.4 DIRECT TORQUE CONTROL 

Direct torque control (DTC) is an advanced control scheme originally developed for 
motor drives. The control scheme can be easily adopted for wind energy conversion 
systems. It is characterized by simple control algorithm and easy digital implementa-
tion. In this section, the principles of operation of the DTC scheme are introduced and 
the converter switching logic is discussed [4,5]. The dynamic and steady-state analyses 
of a wind energy system implementing the DTC scheme are then provided. 

7.4.1 Principle of Direct Torque Control 

The electromagnetic torque developed by an induction generator can be expressed in a 
number of ways, one of which is 

3P / 
Te=— —*-KK*™f>T (7-46) 

2 oLsLr 

where \s and \r are the magnitude (peak value) of the stator and rotor flux linkage vec-
tors Xs and À*r, and 6T is the angle between the two vectors, often known as torque an-
gle. The essence of direct torque control is to control the electromagnetic torque of the 
generator by adjusting the torque angle 8r while keeping the magnitude of the stator 
flux at a constant value (normally at its rated value). Note that with the stator flux kept 
at its rated value, the rotor flux \r of the generator is almost constant, varying only a 
few percent around its rated value over a wide operating range. As a result, the torque 
can be directly controlled by dT. 

Referring to the induction generator model of Figure 7-4a, the stator flux Xs relates 
the stator voltage vector vs by 

pXs=vs-Rsls (7.47) 

The above equation shows that the derivative of Xs reacts instantly to changes in vs. 
The stator voltage vs is, in fact, the pulse-width modulated output voltage of the rectifi-
er, which can be controlled by the reference vector vm/in the space vector modulation. 
Since vref is synthesized by the voltage vectors (switching states) of the rectifier, a 
proper selection of the vectors can make the magnitude and angle of Xs adjustable. 

Figure 7-13 shows the direct torque control method implemented for a two-level 
voltage source rectifier. The dq-axis plane for the stator flux Xs is divided into six sec-
tors, I to VI. The stator flux Xs in the figure falls into sector I, and its angle 6S is refer-
enced to the d-axis of the stationary reference frame. When the induction generator op-
erates in the motoring mode, the stator flux vector Xs leads the rotor flux vector X„ and 
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Figure 7-13. Principle of direct torque control. 

the torque angle 8r is positive. In the wind energy system, the generator normally oper-
ates in the generating mode. The torque angle 6T is negative, and resultant torque Te is 
negative, which is consistent with the induction generator model presented in Chapter 
3. The torque angle can be determined from 

eT=ZX1-¿kr=e,-8r (7.48) 

where 6r is the rotor flux angle referenced to the ¿-axis of the stationary reference 
frame as shown in Figure 7-13. 

Let us now examine the impact of the voltage vectors of the rectifier V0 to V6 on Xs 

and 6T (refer to Section 4.4.2 for the definition of voltage vectors). Assume that X̂  and 
8T in Figure 7-13 are the initial stator flux vector and torque angle. When voltage vec-
tor V2 is selected, the stator flux vector will become X's = Xs + V2At after a short time 
interval Ar, leading to an increase in flux magnitude (\'s > Xs) and torque angle (0¿> 
6T). If voltage vector V5 is selected, Xs will change to X" = A, + V5At, causing a de-
crease in flux magnitude (A"< \s) and torque angle 6'¡- < 6T. Similarly, the selection of 
P3 and V6 can make one variable increase and the other decrease. Therefore, \s and 6T 

can be controlled separately by proper selection of rectifier voltage vectors. 
Note that the changes in vs have little impact on Xr during the short time interval Ar 

due to the large rotor time constant. Therefore, in the above analysis it is assumed that 
the rotor flux vector Xr is kept constant during Ai. 

7.4.2 Switching Logic 

Figure 7-14 shows a typical block diagram of a direct torque controlled induction gen-
erator WECS. The direct torque control is realized by the rectifier, whereas the DC 
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Figure 7-14. DTC scheme for an SCIG wind energy system. 

link voltage control and grid-side reactive power control are achieved by the inverter. 
Since the grid-tied inverter is discussed in Chapter 4, it is not repeated here. Similar to 
the FOC scheme, the stator flux and electromagnetic torque are controlled separately 
to achieve good dynamic performance. The stator flux reference A* is compared with 
the calculated stator flux As, and the error AAS is sent to the flux comparator (FC). The 
torque reference T* is compared with the calculated torque Te, and their difference ATe 

is the input to the torque comparator (TC). The output of the flux and torque compara-
tors (xA and xT) are sent to the switching logic unit for proper selection of the voltage 
vectors (switching states) of the rectifier. 

Both flux and torque comparators are of a hysteresis (tolerance band) type, whose 
transfer characteristics are shown in Figure 7-15. The flux comparator has two output 
levels (xK = +1 and -1), whereas the torque comparator has three output levels (xr = 
+1, 0, and -1), where +1 requests an increase in \s or 6T, -1 demands a decrease in As 

or 6T, and 0 signifies no changes. The tolerance bands for the flux and torque compara-
tors are 8K and 8T, respectively. 

Table 7-3 gives the switching logic for the stator flux reference X* rotating in the 
counterclockwise direction. The input variables are xx, xT, and the sector number, and 
the output variables are the rectifier voltage vectors. The output of the comparators 
dictates which voltage vector should be selected. For example, assuming that X* is in 
sector I, the comparator output of xA = xT = +1 signifies an increase in As and Te. Volt-
age vector V2 can then be selected from Table 7-3. This selection will make both Â  
and dT increase, as shown in Figure 7-13. 
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•*M XT\ 

+1 +1 

-1 

AXj -Xs-Xs 

- 1 -

(a) Flux comparator (b) Torque comparator 

Figure 7-15. Characteristics of hysteresis comparators. 

When the output of the torque comparator xT is zero (no need to adjust Te), the zero 
vector V0 can be selected. Having two alternatives for the switching states V0, that is, 
[OOO] and [PPP], in the switching table can help reduce the converter (semiconduc-
tor) switching frequency. For instance, when xT changes between +1 and 0 or between 
0 and - 1 , the zero states in the table ensure that only two switches are involved during 
the transition, one being turned on and the other being turned off. 

It is worth noting that to achieve the MPPT control of the wind energy system in 
Figure 7-14, the generator torque Te should follow the reference T* accurately. This re-
quirement can be satisfied by adding a PI controller before the torque comparator, as 
shown in the figure. The PI regulator ensures that the generator torque is equal to its 
reference given by the MPPT scheme when the system operates in steady state. It 

Table 7-3. Switching logic for X* rotating in the counterclockwise direction 

Comparator 

*A 

+1 

-1 

output 

+1 

0 

-1 

+1 

0 

-1 

I 

v2 [PPO] 
V0 

[PPP] 

v6 
[POP] 

v, 
[OPO] 

Vo 
[OOO] 

v5 
[OOP] 

II 

v, 
[OPO] 

Vo 
[OOO] 

Vx 

[POO] 

v* 
[OPP] 

Vo 
[PPP] 

v6 
[POP] 

Sector 

III 

VA 
[OPP] 

Vo 
[PPP] 

v2 
[PPO] 

Vs 
[OOP] 

Vo 
[OOO] 

Vi 
[POO] 

IV 

v5 [OOP] 
Vo 

[OOO] 

v3 
[OPO] 

v6 
[POP] 

Vo 
[PPP] 

v2 
[PPO] 

V 

v6 [POP] 
Vo 

[PPP] 

v. 
[OPP] 

V\ 
[POO] 

Vo 
[OOO] 

v> 
[OPO] 

VI 

Vx 

[POO] 

Vo 
[OOO] 

v5 
[OOP] 

v2 
[PPO] 

Vo 
[PPP] 

v* 
[OPP] 
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Table 7-4. Switching logic for the stator flux rotating in the clockwise direction 

Comparator 
output 

*A xT 

1 +1 

0 

-1 

-1 +1 

0 

-1 

I 

h 
[POP] 

Vo 
[PPP] 

v2 
[PPO] 

v5 
[OOP] 

Vo 
[OOO] 

r3 
[OPO] 

ii 

Vs 
[OOP] 

Vo 
[OOO] 

Vx 
[POO] 

vA 
[OPP] 

Vo 
[PPP] 

v2 
[PPO] 

Sector 

III 

V, 
[OPP] 

Vo 
[PPP] 

v6 
[POP] 

v3 
[OPO] 

v0 
[OOO] 

Vi 

[POO] 

IV 

v, 
[OPO] 

Vo 
[OOO] 

Vs 
[OOP] 

v2 
[PPO] 

Vo 
[PPP] 

v6 
[POP] 

V 

Vi 
[PPO] 

Vo 
[PPP] 

vA 
[OPP] 

Vi 
[POO] 

Vo 
[OOO] 

vs 
[OOP] 

VI 

v, 
[POO] 

Vo 
[OOO] 

^3 

[OPO] 

v6 
[POP] 

Vo 
[PPP] 

v4 
[OPP] 

should be pointed out that this PI controller is not required in a motor drive with DTC 
control, where the torque reference T* is given by a speed PI controller. In that case, 
any errors between Te and T* will not affect the accuracy of the motor speed due to the 
speed PI controller, and the actual motor speed will be always equal to its reference 
when the drive operates in steady state. 

The switching logic given in Table 7-3 is only valid for the generator rotating in the 
counterclockwise direction. When the generator operates in the clockwise direction, 
the switching logic in Table 7-4 can be used. 

7.4.3 Stator Flux and Torque Calculator 

The stator flux vector Xs in the stationary frame can be expressed as 

K — K, + M 
s as J qs 

= \(v* - R , Q d t +j\(vqs -RJqs)dt 
(7.49) 

from which its magnitude and angle are 

K - v^* + ̂  2 
■qs 

( 1 \ 

0, = tan •qs 

^ds 

(7.50) 

where vds, vqs, ids, and iqs are the measured stator voltages and currents. The developed 
electromagnetic torque can be calculated by 
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3P 
(7.51) 

The above equations illustrate that the stator flux and developed torque can be ob-
tained by measured stator voltages and currents. The only generator parameter re-
quired in the calculations is the stator resistance Rs. This is in contrast to the direct ro-
tor flux FOC schemes, where most of the generator parameters are needed. The 
algorithm for the flux/torque calculator is represented by a block diagram of Figure 
7-16. 

7.4.4 Transient Analysis of SCIG WECS with DTC 

The transient performance of the SCIG wind energy system with direct torque control 
is investigated through a case study. In order to better compare the performance of the 
DTC scheme with that of the FOC scheme in Case Study 7-3, the operating conditions 
of the two systems are kept the same. 

Case Study 7-5—Transient Analysis of an SCIG WECS with DTC. Con-
sider a 2.3 MW/690 V SCIG wind energy system controlled by the DTC scheme. The 
dynamic behavior of the system is investigated when the wind speed suddenly changes 
from 8.4 m/sec to 12 m/sec, which is the same range as that in Case Study 7-3. To en-
sure an accurate control of the generator torque Te, a PI controller is added to the 
torque control loop as shown in Figure 7-14. The generator and system parameters for 
the case study are given in Table 7-5. 

Figure 7-17 illustrates the simulated waveforms for the DTC wind energy system 
when the rotor speed changes from 0.7 pu to its rated value of 1.0 pu. The waveforms 
include the rotor mechanical speed (om, generator mechanical torque Tm, electromag-
netic torque Te, phase-a stator current ias, and phase-a stator voltage vaj (also the recti-
fier PWM input voltage). Comparing the waveforms with those in Figure 7-10, one 
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Figure 7-16. Block diagram of the flux/torque calculator for use in DTC scheme. 

www.EngineeringEBooksPdf.com



216 VARIABLE-SPEED WIND ENERGY SYSTEMS 

Table 7-3. Parameters and operating condition of the SCIG WECS with DTC 

Induction generator 

System input variables 

Generator ratings: 
2.3 MW, 690 V, 50 Hz, 1512 rpm 
2168 A, 14.67 kN-m 

Stator flux reference (rated) 
Initial generator torque at wind 

speed of 8.4 m/s (0.7 pu) 
Step change in wind speed at 

t = 0.1 sec 

Generator parameters: 
Table B-l (Appendix B) 

A* = 1.803 Wb (1.422 pu) 
Tm = -7222.6 N-m (0.49 pu) 

vw = 12 m/sec (1.0 pu) 

DTC scheme 

Generator-side converter 

Grid-side converter 

Stator flux calculator 

PI controller 

Reference frame 
transformation 

Control scheme 

Flux tolerance band 
Torque tolerance band 
Switching Frequency 

Converter type 
Modulation scheme 

Replaced by a DC voltage source 
with a fixed DC voltage 

Algorithm 

Torque control loop 
Stator flux loop 

Not applicable 

Figure 7-14 with the torque PI 
controller implemented 

SA = 0.01 pu 
Sr=0.08pu 
Around 2.7 kHz at 0.7 pu rotor 

speed and 2 kHz at rated 
rotor speed 

Two-level voltage source 
Not applicable 

Vdc= 1220 V (3.06 pu) 

Figure 7-16 

Yes 
No 

can observe that the dynamic performance of the DTC WECS is very close to that of 
the FOC wind energy system. 

To further study the system performance, the waveforms of the stator flux \s, ro-
tor flux \ n and torque angle 6T are given in Figure 7-18. The stator flux contains 
some ripples, but its average value is kept at 1.422 pu set by its reference A* During 
the transient process caused by the step changes in wind speed, the stator flux re-
mains constant by the DTC scheme. The rotor flux Ar contains little ripple due to the 
filtering effect of the stator and rotor leakage inductances. However, the ripple mag-
nitude varies with the system operating conditions. At the rotor speed of 0.7 pu, the 
rotor flux is 1.373 pu, but it decreases to 1.349 pu when the rotor speed increases to 
1.0 pu. Since the stator flux is held constant, the variation of the rotor flux is mini-
mal, only 0.024 pu in this case. The torque angle 6T is negative, leading to a nega-
tive torque. This indicates that the generator operates in the generating mode, deliv-
ering power from the generator to the grid through power converters. When the 
generator operates at 0.7 pu speed with 0.49 pu torque, the torque angle is -5.8°. 
With the rated operating conditions, the torque angle of the generator is -12.1°. All 
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Figure 7-17. System transient waveforms with a step change in wind speed from 0.7 pu to 1.0 pu. 

of the above values are verified by steady-state analysis presented in the following 
section. 

7.4.5 Steady-State Analysis of SCIG WECS with DTC 

For the direct torque controlled WECS, one of the system input variables is the stator flux 
reference A* Through closed loop feedback control, the stator flux of the generator is 
kept to the reference (\s = A*). The other known variables include the rotor speed wr and 
the generator mechanical torque Tm. To perform the steady-state analysis, we need to de-
termine the slip frequency a)sl and stator frequency ws, based on which all other system 
variables can be calculated. The slip and stator frequencies are determined as follows. 

The rotor circuit of the induction generator model of Figure 3-7a (Chapter 3) in the 
synchronous frame can be described by 

K'dr + PK - ®siK =0 
Rriar+P\r+<0

SlKr=Q 
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218 VARIABLE-SPEED WIND ENERGY SYSTEMS 

Figure 7-18. Waveforms of the rotor/stator fluxes and torque angle with a step change in wind 
speed from 0.7 pu to 1.0 pu. 

Since all of the variables are DC quantities in the steady state, the above equation can 
be simplified to 

iRridr-a)slXqr=0 

[Rriqr+(OslÁdr=0 

The dq-axis rotor currents can be expressed as 

A-dr ~ Lm'ds 
ldr 

-qr 

"■qr Lmlqs 

Substituting (7.54) into (7.53) yields 

\A>dr ~Lm'ds -tr^sl^qr ~ ° 

[A-qr-LJqs+trOAdr = ° 

(7.53) 

(7.54) 

(7.55) 

Referring to (7.9), the dq-axis rotor fluxes can be expressed in terms of stator vari-
ables: 

www.EngineeringEBooksPdf.com



7.4 DIRECT TORQUE CONTROL 219 

(7.56) 

Substituting (7.56) into (7.55) yields 

\Ks =Lsids +Trws/(A?S -aLsiqs) 
(7.57) 

To simplify the analysis, let us align the stator flux axis with the ¿-axis of the synchro-
nous frame, that is, 

Xqs = 0 and \ds = A, 

Substituting (7.58) into (7.57) gives 

\K =Lsids-<yLsrrcos¡iqs 

from which the J-axis stator current can be calculated by 

Xs+oLsxr(Osli 
lds= ; -

(7.58) 

(7.59) 

(7.60) 

and the slip frequency ws/ can be found by solving 

{*r<yy< 
Ls

lqs 

r scosl+l = 0 

The stator frequency can then be found from 

(7.61) 

(7.62) 

The q-axis stator current iqs in Equations 7.60 and 7.61 can be obtained from the torque 
equation: 

Te— ~ (iqs^-ds - ids\s) 

With A = 0 and \ds = As, the torque equation can be simplified to 

3P 
(7.63) 
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220 VARIABLE-SPEED WIND ENERGY SYSTEMS 

from which the q-axis current is 

■qs 

2Te 

3P?ic 

(7.64) 

where Te is determined by the MPPT scheme at a given wind speed, and \s is normally 
equal to its rated value set by A* 

The step-by-step procedure for the analysis and calculation is summarized in Table 
7-6. 

Case Study 7-6—Steady-State Analysis of SCIG WECS with Direct 
Torque Control. In this case study, the steady-state analysis of the 2.3 MW/690 V 
SCIG wind energy system is performed. All system parameters remain the same 
as those in Case Study 7-5, and the generator operates at 0.7 pu rotor speed. With 

Table 7-6. Steady-state analysis of SCIG wind energy system 

Stator flux linkage (Wb) 
Rotor speed (rad/sec) 
Electromagnetic torque (N-m) 

q-axis current (A) 

Slip frequency (rad/sec) 

\s (Rated, controlled by DTC) 
oir (Given, based on wind speed) 
Te = Tm (Given, from the Tm - u>m profile) 

IT. 
'qs iPX. 

(rr<?) tí, - r
 s«>si + 1 = ° 

Lslqs 

Xr +<rL,TrcoJ„, 
a-axis current (A) 

Stator current (A) 

Stator frequency (rad/sec) 

Slip 

Generator impedance (fl) 

Stator current (rms) (A) 

Stator voltage (rms) (V) 

Stator power factor angle 

lds j 

¡■2 -2 
ls - \lds +lqs 

(os = cor+œsl 

Msl 
s = —— 

(0r 

Zs=R+jXls + jx(^+jXlr 
\s J 

Is = / ' i /V2Z0° (Reference phasor) 

Vs = IsZs=VsZ<p 

(ps=ZVs-Z7s=<p 
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direct torque control, the stator flux is kept at the rated value set by its reference, that 
is, 

Xs = A* = V2 x 1.2748 = 1.803 Wb (1.422 pu) (7.65) 

For a given generator speed of 0.7 pu, the generator mechanical torque is 

Tm =T
n.R

x<°* =-14,740xO.72 =-7222.6 N-m (7.66) 

With the rated stator flux, the ^-axis current of the generator is 

2Te 2 x (-7222.6) 
q 3PAS 3x2x1.803 

The slip frequency a>s¡ is determined by 

-1335.4 A (7.67) 

, , (\-a)TX , 
{TroY(Ol

sl - i -^^(Osl +1 = 0.0073 Û£ +0.8494 asl +1 =0 (7.68) 

from which 

i-1.1895rad/sec (0.1893 Hz) 
cos, = \ (7.69) 

(— 115.2 rad/sec (omitted) 

The fi?-axis current is calculated by 

Àç +aL,Trœ,ria, 
ids = — q = 955.4 A (7.70) 

The stator frequency is 

1512X2TT 
cas = cor+œsi= Px0.7-1.1895 = 220.48rad/s (35.09Hz) (7.71) 

60 

from which the slip is 

5 = - ^ - = -5.4xl0"3 (7.72) 
0), 

The rms stator current is then obtained by 

7, = ^¡¡l +i2
qs 142 = V955.42 +1335.42 /V2 = 1161.1Z00 A (7.73) 
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The generator impedance is given by 

,(R. A 

s 
= 0.2412Z144.3°Q (7.74) 2,=R,+jX,,+jXmll 

The rms stator voltage is calculated as 

Vs = 1SZS = 280.0Z144.30 V (7.75) 

The rotor current is found from 

/ = i^L - = 978.0Z-29.8°A (7.76) 

JXm+ -+ + JXA 
\s ) 

The magnetizing flux is calculated by 

A~m =(Ts-Tr)Lm = 1.2325^57.2° Wb (7.77) 

The rms stator flux linkage is obtained by 

4 = Am + Lls x Js = 1.2748Z54.4° Wb (7.78) 

and its peak value is 

Xs =4lAs = V2xl.2748 = 1.803 Wb (1.422 pu) (7.79) 

which is equal to the its reference A* 
The rms rotor flux linkage is obtained by 

AT = Äm-LlsxTr = 1.2308¿60.2° Wb (7.80) 

and its peak value is 

Xr = 7 2 4 = 72x1.2308 = 1.7406 Wb (1.373 pu) (7.81) 

The torque angle is then 

dT = ZÄs - ZÄr = 54.4° - 60.2° = -5.8° (7.82) 

The calculated values for the stator flux \s (1.422 pu), rotor flux Ar (1.373 pu), and 
torque angle 0T (-5.8°) at the rotor speed of 0.7 pu match well with the simulated re-
sult given in Figure 7-18. For further verification, the generator torque can be calcu-
lated by 
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3P T 

' 2 sL.L. s r T 
s r 

3x2 2.1346X10"3 

2 0.0582 x 2.19952 xl(T3x 2.19952 xlO"3 

x 1.2748 x 1.2308 x 2 x sin(54.4° - 60.2°) 

-7222.6 N-m (-0.49 pu) 

(7.83) 

which is equal to the mechanical torque Tm of 0.49 pu at the wind speed of 0.7 pu. 

7.5 CONTROL OF CURRENT SOURCE CONVERTER 
INTERFACED WECS 

7.5.1 Introduction 

The current source converter (CSC) is a good candidate for megawatt wind energy sys-
tems operating at the medium voltage level of a few kilovolts due to its unique fea-
tures, presented in Chapter 4. Figure 7-19 shows a typical system configuration of the 
CSC based wind energy system, where a current source rectifier (CSR) is used to con-
trol the induction generator, whereas a current source inverter (CSI) is employed to 
control the DC link current and grid-side power factor. The two converters are linked 
by a DC choke Ldc, which makes the DC link current smooth and continuous. To re-
duce the DC link current ripple to an acceptable level (normally less than 15%), the 
size of the DC choke is in the range of 0.6 to 1.2 pu. As discussed in Chapter 4, the 
current source converter requires a capacitor (Cr for the rectifier and C, for the invert-
er) at its AC terminals to assist in the commutation of the switching devices. The ca-
pacitor also acts as a harmonic filter. 

To be consistent with the induction machine dynamic model presented in Chapter 3, 
the stator current is flows into the stator circuit as shown in Figure 7-19. The reference 
directions for the PWM rectifier current iwr and the capacitor current icr are defined ac-
cordingly. As a result, the active power P and electromagnetic torque Te produced by 
the induction machine when operating as a generator are negative, as summarized in 
Table 3-2 of Chapter 3. 

Figure 7-19. System configuration of CSC interfaced wind energy system. 

www.EngineeringEBooksPdf.com



224 VARIABLE-SPEED WIND ENERGY SYSTEMS 

Based on Equation 4.91 of Chapter 4, the average DC voltage Vdc of a current 
source rectifier can be calculated by 

Vdc= Jy2Vablmcosa (7.84) 

where FaMis the fundamental-frequency rms line-to-line input voltage of the rectifier, 
m is the modulation index of the PWM scheme, and a is the delay angle of the rectifi-
er. Note that the subscript a associated with ma in Equation 4.91 is omitted here for 
simplicity. The average DC voltage Vdc can be adjusted by either a or m or both. Equa-
tion 7.84 is also valid for the current source inverter since the converter topologies for 
the CSR and CSI are identical. 

With the delay angle and modulation index control for both rectifier and inverter, 
the CSC wind energy system has three possible control options: 

1. Delay angle control with fixed modulation index (variable a with fixed m) 
2. Modulation index control with fixed delay angle (variable m with fixed a) 
3. Controlling both delay angle and modulation index (variable a and variable m) 

Option 1—Variable a with Fixed m. In this control option, there are two inde-
pendent control variables: delay angles for the rectifier ar and for the inverter a,. The 
modulation indices for the rectifier and inverter, mr and m¡, are fixed and kept at their 
maximum value mmax, that is, 

mr = m¡ = mm a x (7.85) 

With the fixed modulation index, the most effective modulation technique is the selec-
tive harmonic elimination (SHE) scheme [6]. Compared with other modulation 
schemes for the current source converters presented in Chapter 4, the SHE scheme has 
superior harmonic performance with minimum switching frequency. Since the con-
verter does not need DC current shoot-through (bypass) operation with the fixed mmax, 
a minimum switching frequency can be achieved while eliminating a given number of 
harmonics. For instance, for a grid frequency of 60 Hz and a converter switching fre-
quency of only 540 Hz, four dominant harmonics (normally the 5th, 7th, 11th, and 
13th) can be eliminated. The switching losses are, therefore, minimized. 

The two independent control variables, ar and a¡, can be used to effectively control 
the active power set by the MPPT scheme and the DC link current of the system. How-
ever, the grid-side reactive power is not controllable, and it varies with the operating 
conditions of the WECS. 

Option 2—Variable m with Fixed a. The two independent control variables in 
this option are the modulation indices, mr for the rectifier and m, for the inverter. In 
principle, these two variables can be employed to control the active power and DC cur-
rent of the system. However, the modulation index control requires the two converters 
to operate in the DC current bypass mode, which not only increases the conduction 
losses of switching devices due to high DC current, but also increases the switching 
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losses. This control option can fulfill the same functionality as Option 1, but is not rec-
ommended due to higher power losses. 

Option 3—Variable a and Variable m. With a combination of variable a and 
variable m for both rectifier and inverter, one can simultaneously control the system 
active power, DC link current, and grid-side reactive power, which are the three main 
control tasks for a wind energy system. The ability to control the system reactive pow-
er is required by various grid codes for large wind turbines. 

In the following section, the control scheme for the CSC induction generator WECS 
with Option 1 is investigated. The control with Option 3 will be presented in Chapter 9 
of this book. 

7.5.2 Control of CSC WECS with Variable a and Fixed m 

Figure 7-20 shows the space vector diagram for the CSC wind energy system with ro-
tor flux field oriented control (FOC). The rotor flux vector Xr is aligned with the ¿-axis 
of the synchronous reference frame. The stator voltage vector vs leads the stator cur-
rent vector Ç by an angle <ps, which is the power factor angle of the generator, defined 
by cps = ¿Jvs - ¿Js. When the induction machine operates as a generator, the power fac-
tor angle is greater than TT/2. The capacitor current vector Tcr leads vs by W2. The recti-
fier PWM current Twr is a vector sum of Ts and Xcn and its angle with respect to the a-
axis of the stationary frame is 6wn defined by 

dwr=ef + ar (7.86) 

q-axis 

Figure 7-20. Space vector diagram for an SCIG WECS with direct FOC scheme. 
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where 6f is the rotor flux angle with respect to the a-axis, and ar is the rectifier delay 
angle, which is the angle of Twr with respect to Xr The delay angle is a constant value 
when the system operates in steady state since both lwr and Xr rotate in space at the 
same speed. On the contrary, 0̂  and 6wr vary periodically from zero and 2TT over time. 
It is noted that for the conventional SCR rectifier, the delay angle is referenced to the 
input or supply voltage of the rectifier, whereas with the rotor flux FOC the delay an-
gle is referenced to the rotor flux vector Xr. 

Figure 7-21 shows a simplified block diagram for the CSC induction generator 
WECS with delay angle control. In this scheme, there are two feedback control loops, 
one for the rotor flux angle Ar and the other for the DC current idc. The active power 
control is achieved by regulating the rectifier DC output voltage vdcr and the DC cur-
rent idc. The DC voltage vdcr is controlled by the rectifier delay angle an whereas the 
DC current idc is regulated by the inverter delay angle a¡. 

Generator-Side Control. For the generator control, the rotor flux Ar and rotor 
flux angle ö^are calculated based on the measured stator voltages, vas and vbs, and cur-
rents, ias and ibs. The rotor flux angle fy is used for field orientation. The detailed algo-
rithm for the rotor flux calculation is given in Figure 7-21 and, therefore, not repeated 
here. The measured stator voltages and currents in the abc stationary frame are trans-
formed into the dq-axis synchronous frame by the abcldq transformation block. 

Figure 7-21. Block diagram for an CSC WECS with delay angle control. 
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The g-axis (torque-producing) stator current reference i*s and ¿-axis (flux-produc-
ing) current reference ids are generated in the same manner as that shown in Figure 7-
3. The dq-axis rectifier input PWM currents are calculated by 

( .* .* 
ldwr — 'rfs "*" Icrd ,- o-s 

.» ♦ ( 7 - 8 7 ) 

Iqwr lqs ^crq 

where icrd and icrq are the dq-axis capacitor currents, given by 

\'crd=(PVds-^s^s)Cr 

['crg=(PVgs+(OsVds)Cr 

It is noted that the subscripts crd and crq are used in the above equations instead oí der 
and qer to avoid confusion with the subscript dc for the DC link variables. The first 
term on the right-hand side of Equation 7.88 represents capacitor transient current and 
the second term is the steady-state current. To reduce the sensitivity and noise caused 
by the derivative terms (pvds andpvqs), the effect of the capacitor transient response on 
the system dynamic performance may be neglected. Equation 7.88 can then be simpli-
fied to 

\hrd =-°)svasCr 
I V ( 7 g 9 ) 

[icrq =cos vds Cr 

for use in the capacitor current calculator in Figure 7-21. 
The references for the dq-axis rectifier PWM currents, i%r and i*wn are then sent to 

the Cartesian-to-polar transformation block for calculating the magnitude of the recti-
fier PWM current i%r and the delay angle ctr: 

wr \j\dtvr ) \qwr ) (7.90) 

a.=tan"'(vAlr) 
The sum of ar and 6f is the angle 6wr of the rectifier PWM current /„,„ which is fed to 
the PWM generation block to produce gating pulses for the rectifier. 

According to the definition of the modulation index, the DC current reference is ob-
tained by 

For the SHE scheme without bypass operation, the maximum modulation index mmax 

varies slightly with the number of harmonics to be eliminated, but is close to 1.03 [1]. 
Equation 7.91 indicates that the use of mmax results in a minimum DC current that leads 
to the reduction of switching and conduction losses of semiconductor devices. 
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Grid-Side Control. The main function of the inverter is to adjust the DC current 
idc according to its reference i*c through a PI controller. The phase-a and -b voltages 
across the filter capacitor C„ {vaci, and vbci) are detected. The measured capacitor volt-
ages are sent to the 6ci and vci calculator, which is sometimes referred to as a phase-
locked loop (PLL). The algorithm for the calculator is the same as that given in Section 
4.7.1 and thus is not repeated here. 

To improve the dynamic performance of the system, a DC voltage feed-forward 
control is implemented for the DC current control, in which the measured or esti-
mated DC voltage vdcr is added to the output of the PI controller. The PI controller 
output is the reference voltage v*Ldc for the DC choke, which determines the rate of 
changes of the DC current when the system is in transient. As a result, the inverter-
side DC voltage reference v*c, is the sum of the rectifier-side DC voltage vdcr and 
v*Ldc. In doing so, the changes in the rectifier output voltage vdcr due to the wind ve-
locity or other system variations will be directly reflected in v%¡ for a quick adjust-
ment. 

Based on Equation 7.84, the inverter delay angle can be obtained by 

i 
a, = cos ' , , dci—r = cos ' 

ïïïiiv h. V 
y ab,ci / rr 

1 - 5 v c / « , n ™ 

(7.92) 

where Vabci is the fundamental-frequency rms line-to-line voltage of the filter capaci-
tor C„ and vci is the fundament peak phase voltage of the capacitor. The angle 6wi of 
the inverter current iwi for the PWM generation block is obtained by subtracting the in-
verter delay angle a, from the capacitor voltage angle 6ci, based on which the PWM 
block produces the gating signals for the inverter. 

7.5.3 Steady-State Analysis of CSC WECS 

The steady-state analysis of a CSC interfaced wind energy system is investigated by 
computer simulation and a steady-state equivalent circuit in the following case study. 

Case Study 7-7—CSC Interfaced SCIG WECS. Consider a 3 MW/3000 V 
squirrel cage induction generator wind energy system using current source convert-
ers. The induction generator is controlled by an indirect FOC scheme and operates at 
its rated speed. System parameters and operating conditions are given in Table 7-7. 

The simulated waveforms of the wind energy system are shown in Figure 7-22. The 
waveform of the phase-a stator voltage vas is slightly distorted, whereas the stator cur-
rent ias is close to sinusoidal. The stator current lags the stator voltage by 153.3°, which 
is the power factor angle <ps. Both the peak stator current and voltage are at 1.414 pu 
(rated), and the average DC current Idc is 1.28 pu. The phase-a rotor flux kar has a peak 
value of 1.351 pu, which is the rated rotor flux. The rectifier delay angle referenced to 
Aaris92.7°. 

To verify the simulation results in Figure 7-22, steady-state analysis based on the 
steady-state equivalent circuit of Figure 7-23 is performed. The procedure summarized 
in Table 7-2 is used to assist in the analysis. 

www.EngineeringEBooksPdf.com



7.5 CONTROL OF CURRENT SOURCE CONVERTER INTERFACED WECS 229 

Table 7-7. Parameters and operating condition of the CSC SCIG wind energy system 

Induction generator 

System input variables 

Control scheme 

Current source rectifier 
(CSR) 

Current source inverter 
(CSI) 

DC link circuit 

Electric grid 

Generator ratings: 
3 MW, 3000 V, 60 Hz, 1812 rpm 
646 A, 15.8 kN-m 

Rotor flux reference 
Mechanical torque of the generator 

at 1.0 pu rotor speed 

Indirect rotor flux field oriented 
control 

Converter type 
Modulation scheme 

Switching sequence 
Switching frequency 
Filter capacitor Cr 

Converter type 
Modulation scheme 
Harmonic elimination 
Switching frequency 
Filter capacitor C, 

DC link choke Ldc 

Grid voltage (no transformer) 
Line inductance L„ 

Generator parameters: 
Table B-3, Appendix B 

A* = 6.2105 Wb (rated) 
Tm = -16.02 kN-m (1.0 pu) 

Figure 7-21 

PWM current source 
Space vector modulation 

"V.max — * 

Three segments, Figure 4-42 
540 Hz 
296.9 uF (0.3 pu) 

PWM current source 
SHEw,max= 1.03 
5th, 7th, 11th, and 13th 
540 Hz 
618.6 u,F 

8.5 mH (1.196 pu) 
0.0134 i l (0.005 pu) 

3000 V/60 Hz 
0.071 mH (0.01 pu) 
0.0134 ohm (0.005 pu) 

Analysis of Generator-Rectifier Operation. With the rotor flux \r kept at its 
rated value of 6.2106 Wb (peak) by the FOC scheme, the ¿/-axis stator current can be 
calculated by 

6.2106 
ds Lm 27.168X10"3 

= 228.6 A (0.354 pu) (7.93) 

With MPPT control, the mechanical torque of the generator operating at the rated 
speed is 

T
m = T

m,R -16,020 N-m (7.94) 

The «y-axis current can be calculated by 

2 1 T 2 x 2 7 . 9 5 x l 0 " 3 -16020 
e r e 

KT\ 3PLm Ar 3x2x27.168xl0-3 6.2105 
= -884.6 A (-1.369 pu) 

(7.95) 
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Vas, ¡as (PU) 
2.0 

1.414 

-1.414 
-2.0 

W (PU) 

« > ^ 'Nui ^ Í / ^ ""%, > ^ N. : e^ *"* 

* i AJ I \ s* • i *** »v v • 

1 ' 1 

Jt i (ps =153.3° 
I« 

371 at 

2.0 
1.414 in» "lawr\ 

JCTÖI = 75.5° 

m /(fc=1.28 

Figure 7-22. Generator-side waveforms of the CSC wind energy system under steady-state op-
eration. 

The rms stator current can then be obtained by 

I, =-J'Í+'l /V2=V228.62+884.62 /V2=646.1A (7.96) 

The slip frequency can be determined by 

RrL„ . 16 .623xl0~ 3 x27 .168xl0 - 3 

iU-i 
L.K 27.95xl0~Jx6.2105 

-x(-884.6) = -2.5132rad/s (7.97) 

The stator frequency of the generator can be found from 

(û=(àr +û)0, =1812x 
In 

v 6 0 y 

P-2.5132 = 376.9912rad/s (60 Hz) (7.98) 

from which the slip is 

s = ^ - = -0.00667 (7.99) 
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Figure 7-23. Steady-state equivalent circuit of the induction generator with rectifier-side filter 
capacitor Cr. 

Based on the steady-state equivalent circuit of Figure 7-23, the stator impedance can 
be calculated by 

zs = Rs+jXls+jXji 
R \ 

L + JX„ = 2.681¿153.3° Q 

The rms stator voltage can be obtained by 

Fs = /sZä=1732.0Z153.3°V 

The rotor current can be found from 

T - JXJ, 

JXm+\^ + jX,^ 

:608.0Z-14.5°A 

(7.100) 

(7.101) 

(7.102) 

(7.103) 

(7.104) 

The magnetizing flux can be expressed as 

K = <J, -1 )K = 4-4172Z69.3 ° Wb 

The rotor flux linkage can be obtained from 

[Är = Äm-L,Tr = 4.3915Z75.5 ° Wb 

[Xr=j2Ar= 6.2106 Wb (1.351 pu) 

The capacitor current can be calculated by 

Icr =OcüsCr)Fs=(y376.9912x0.0002968)(1732.0Z153.3o) = 193.8Z-116.7°A 

(7.105) 

The rectifier PWM current can be found from 

7 w r =7 j + 7 c r =646.1Z0 o + 193.8Z-116.7o = 585.2Z-17.2°A (7.106) 
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The delay angle for the rectifier can be obtained by 

ar=¿Ár-¿7„ = 75.5o -(-17.2°) = 92.7° (7.107) 

and the stator power factor angle of the generator is 

çs=ZVs-ZÏs=\53.3° (7.108) 

The above calculated results validate the simulation results given in Figure 7-22. 
The steady-state analysis can also be performed using the dq-axis stator currents 

and voltages. To obtain the dq-axis components, the d- and q-axes are added to the 
phasor diagram of Figure 7-24 with the ¿/-axis aligned with the rotor flux phasor 
OBAr. Note that the dq axes in this analysis are stationary, and do not rotate in space. 
These are simply added to the steady-state phasor diagram to determine the dq-axis 
components of the stator current and voltage. Based on the diagram, the following an-
gles can be defined: 

0 , = Z J s - Z Ä r = O ° - 75.5° = -75.5° 

• 62 = ZVs-ZÄr =153.3°- 75.5° =77.8° (7.109) 

8, =ZTwr-Zls=-17.2° 

The dq-axis stator current can then be determined by 

ids = 4lls cos dx = 4l 646.1 cos 75.5° 

iqs = 4lls sin 0, = -4l 646.1 sin 75.5° 

d-axis 
* 

Vs / 

q-axis / ^ds \^ 02 

Figure 7-24. dq-axis components of stator voltage and current. 

= 228.78 A 

= -884.62 A 
(7.110) 
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The dq-axis stator voltages can be calculated by 

\vds = 4lVs cos02 = V2 1732. Icos 77.8° = 517.65 V 

\vqs = 4lVs sin02 = V2 1732.1 sin 77.8° = 2394.24 V 

The dq-axis currents of the rectifier-side capacitor Cr can be found from 

\icrd = -2nfsvqsCr = -2;rx60x2394.24x296.8xl0~6=-267.89 A 

\icrq = 2nfsvdsCr = 2;rx50x517.65x296.8xl0~6= 57.92 A 

The dq-a\\s PWM currents of the rectifier can be calculated by 

i W = ids + icrd = 228.78 - 267.89 = -39.11A 

\iqwr = iqs + icrq = -884.62 + 57.92 = -826.70 A 

and the rms value of the PWM current is 

(7.111) 

(7.112) 

(7.113) 

Iwr=^L+i^/yÍ2=5S5.2A (7.114) 

The rectifier delay angle is 

a = t a n- i V l = t an-iZ^Z0=927o ( 7 H 5 ) 

W -39.11 

which is the same as that given in Equation 7.107. 

Analysis of Inverter Operation. Figure 7-25 shows the simulated waveforms 
of DC link current idc, phase-a capacitor voltage vaci, and phase-a inverter PWM cur-
rent iawi. The average DC current is 1.28 pu, and the peak of the capacitor voltage 
waveform is close to that of the grid voltage of V2 pu. The inverter delay angle a, 
with reference to the capacitor voltage is around 165°. 

For steady-state analysis, it is assumed that the DC choke is ideal without power 
losses. The active power delivered from the generator to the DC link circuit is 

Pdc=3VsIscos<l>s=3 x 1732.1 x 646cos(l53.3 °) =-3 x l06W (7.116) 

The DC current Idc is related to the fundamental-frequency component of the rectifier 
PWM current Iawr] by 

/ * = -j2Imrl/mrtBm=&x5»5.2/1.0 = 827.6 A (1.28 pu) (7.117) 

where mr max is the maximum modulation index of the SVM scheme. The rectifier is then 
controlled only by its delay angle ar. The rectifier-side DC voltage can be calculated by 
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¡de (Pu) 

-1.28pu 

-1.41pu 

•«-1.28pu 

Figure 7-25. Grid-side waveforms of the CSC wind energy system under steady-state opera-
tion. 

Vdcr =^= 3 X 1 ° = -3,624.9 V dcr Idc 827.6 
(7.118) 

The DC voltage is negative, signifying that the rectifier delivers the active power from 
the generator to the DC link circuit. The DC voltage can also be calculated by using 
Equation 7.84: 

Vicr = V372Fa6;/nrmaxcos(|0s|+|03|)= ^ 7 1 x 3000x 1.0 x cos (153.3° + 17.2°) 

= -3623.8 V 
(7.119) 

Neglecting the winding resistance of the DC choke Ldc, the inverter-side DC voltage is 

Vdci=Vdcr =-3623.8 V (7.120) 

Assuming that line-to-line voltage across the inverter capacitor C, is the same as that of 
grid as shown in the simulated waveforms, the inverter delay angle can be calculated by 
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a¡ - cos ' 'dci 

\ 
l/2™i,maxKbg 

163.2° (7.121) 

where /n, max is the maximum modulation index of the SHE scheme as listed in Table 
7-7, and Vabg is the line-to-line grid voltage. The inverter delay angle of 163.2° is close 
to that given in the simulation in Figure 7-25. The small error (2.6%) is mainly caused 
by using the grid voltage in the equation instead of the capacitor voltage in the simula-
tion for simplicity. 

7.6 SUMMARY 

In this chapter, advanced control schemes for squirrel cage induction generator (SCIG) 
based wind energy conversion systems were presented. The principle of operation of 
direct and indirect field oriented control (FOC) schemes and direct torque control 
(DTC) were analyzed in detail. To help attain a deep understanding of the operation 
and performance of the SCIG wind energy systems, case studies for the wind energy 
systems using voltage and current source converter technologies were developed. The 
dynamic and steady-state behaviors of the systems were investigated by both theoreti-
cal analysis and computer simulation. 
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8 

DOUBLY FED INDUCTION 
GENERATOR BASED WECS 

8.1 INTRODUCTION 

The doubly fed induction generator (DFIG) wind energy system is widely accepted in 
today's wind energy industry. The DFIG is essentially a wound rotor induction genera-
tor in which the rotor circuit can be controlled by external devices to achieve variable 
speed operation. A typical block diagram of the DFIG wind energy system is shown in 
Figure 8-1. The stator of the generator is connected to the grid through a transformer, 
whereas the rotor connection to the grid is done through power converters, harmonic 
filters, and the transformer. 

The power rating for the DFIG is normally in the range of a few hundred kilowatts 
to several megawatts. The stator of the generator delivers power from the wind turbine 
to the grid and, therefore, the power flow is unidirectional. However, the power flow in 
the rotor circuit is bidirectional, depending on the operating conditions [1]. The power 
can be delivered from the rotor to the grid and vice versa through rotor-side converter 
(RSCs) and grid-side converters (GSCs). Since the maximum rotor power is approxi-
mately 30% of the rated stator power, the power rating of the converters is substantial-
ly reduced in comparison to the WECS with full-capacity converters. 

With variable speed operation, a DFIG wind energy system can harvest more ener-

gy from the wind than a fixed-speed WECS of the same capacity when the wind speed 

is below its rated value. The cost of the power converters and harmonic filters is sub-

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 2 3 7 
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Figure 8-1, Simplified block diagram for DFIG wind energy conversion system. 

stantially lower than that in the WECS with full-capacity converters. The power losses 
in the converters are also lower, leading to improved overall efficiency. In addition, 
the system can provide leading or lagging reactive power to the grid without addition-
al devices. These features have made the DFIG wind energy system one of the pre-
ferred choices in the wind energy market. 

In this chapter, the steady-state analysis for the DFIG wind energy system is pre-
sented. Dynamic behavior of the system with stator voltage oriented control (SVOC) is 
investigated. A number of case studies are provided to help the reader understand the 
principle and operation of the system. 

8.2 SUPER- AND SUBSYNCHRONOUS OPERATION OF DFIG 

Figure 8-2 shows an example of mechanical power Pm versus slip 5 characteristics of 
a DFIG wind energy system. The negative value of mechanical power indicates that 
the DFIG is in the generating mode, as discussed in Chapter 3. Since the rotor speed 
of the DFIG is adjustable, one of the maximum power point tracking (MPPT) 
schemes presented in Chapter 2 can be implemented to harvest the maximum avail-
able power from the wind turbine. When operating at the maximum power point 
(MPP) on the turbine power-speed curves, the generator's mechanical power from 
the shaft Pm is proportional to the cube of the rotor speed wr, as illustrated in Figure 
8-2. 

The rotor speed of the generator in Figure 8-2 is in the range of 0.5cos to l.2(o„ 
which corresponds to about 58% of the full speed range (zero to l.2<as). This speed 
range is normally sufficient for a wind energy system since the power generated at 
42% of the rated speed is equal to 0.074 pu (0.423), only 7.4% of the rated power. The 
rated slip at which the rated power (1 pu) is generated in this example is -0.2, which 
represents the rated steady-state operating point of the system. Dynamically, the DFIG 
may operate up to a slip of-0.3 pu (30% above the synchronous speed ws). As a con-
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Figure 8-2. An example of power-speed characteristics in a DFIG wind energy system with 
MPPT control. 

sequence, the power converters in the rotor circuit should be designed to handle about 
30% of the rated stator power. 

Depending on the rotor speed, there are two modes of operation in a DFIG WECS 
[2]: (1) supersynchronous mode, in which the generator operates above the synchro-
nous speed CÚS; and (2) subsynchronous mode, in which the generator operates below 
the synchronous speed, as shown in Figure 8-2. The slip is negative in the supersyn-
chronous mode and becomes positive in the subsynchronous mode. 

Figure 8-3 shows the power flow in a DFIG wind energy system [3]; the harmon-
ic filter in the rotor circuit and the grid-side transformer are omitted for simplicity. 
Depending on whether the slip is positive or negative, the rotor circuit can receive or 
deliver power from or to the grid. In the supersynchronous operation mode, the me-
chanical power \Pm\ from the shaft is delivered to the grid through both stator and ro-
tor circuits. The rotor power \Pr\ is transferred to the grid by power converters in the 
rotor circuit, whereas the stator power \PS\ is delivered to the grid directly. Neglecting 
the losses in the generator and converters, the power delivered to the grid |Pg| is the 
mechanical power \Pm\ of the generator, as illustrated in Figure 8-3a. 

For the subsynchronous operation in Figure 8-3b, the rotor receives the power from 
the grid. Both mechanical power \Pm\ and rotor power \Pr\ are delivered to the grid 
through the stator. Although the stator power \PS\ is the sum of \Pm\ and \Pr\, it will not 
exceed its power rating since in the subsynchronous mode the mechanical power \Pm\ 
from the generator shaft is lower than that in the supersynchronous mode. As in the 
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Air Gap 

\PJ •\P<\ 

\Ps\=\PJ-\Pr\ \Pg\=\PJ 
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0 
Grid 

(a) Supersynchronous mode 

Air Gap 
\p5\= \pm\ + \pr\ i/y=LPmi 

RSC GSC Ö 
Grid 

DFIG 

(b) Subsynchronous mode 

Figure 8-3. Power flow in DFIG wind energy conversion system. 

previous case, neglecting the losses, the total power delivered to the grid \Pg\ is the in-
put mechanical power \Pm\. 

Since the DFIG generates less power when operating in the subsynchronous mode, 
the power rating for the converter is determined by the rated or maximum slip in the 
supersynchronous mode, in which the converters handle the highest rotor power. For 
instance, the maximum slip for a DFIG during transients caused by gusts of wind is 
|-0.3|, and the power to be processed by the converters is approximately 0.3 of the 
maximum stator power. 

8.3 UNITY POWER FACTOR OPERATION OF DFIG 

This section starts with derivation of steady-state equivalent impedance for the rotor-
side converter, based on which the analysis of the DFIG wind energy system under 
unity power factor operation is performed. The torque-slip characteristics of the 
DFIG with the rotor-side converter taken into account are also developed and ana-
lyzed. 

8.3.1 Steady-State Equivalent Circuit of DFIG with Rotor-Side 
Converter 

In order to investigate the steady-state performance of the DFIG wind energy system, 
the rotor-side converter can be modeled by an quivalent impedance. Figure 8-4 shows 
a steady-state equivalent circuit of DFIG WECS. This equivalent circuit is developed 

www.EngineeringEBooksPdf.com



8.3 UNITY POWER FACTOR OPERATION OF DFIG 241 
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Figure 8-4. Steady-state equivalent circuit of DFIG with the rotor-side converter represented 
byReqanàXeq. 

by adding the converter equivalent impedance to the SCIG steady-state model of Fig-
ure 3-13 (Chapter 3). The equivalent impedance of the converter is defined by 

Zeq = Req + JXeq = Req + J<°slL, ■eq 
(8.1) 

where ws¡ is the angular slip frequency and Leq is the equivalent inductance of the RSC. 
Note that the frequency of the rotor current in the actual rotor winding flowing into the 
converter is (osh not the stator frequency (os. In order to integrate the converter equiva-
lent impedance into the steady-state model with the stator frequency cos, the impedance 
Zeq should be divided by slip s. The equivalent impedance referred to the stator side is 
then given by 

Zeq/s = Req/s + J®slLeq ''S' = Rea '' * + M A -eq 
(8.2) 

where ws, = sa>s. 
Assuming that the stator operates at a unity power factor, the air-gap power of the 

generator can be calculated by 

Pag=3(Vs-IsRs)Is 

From the induction machine theory, the air-gap power can also be calculated by 

P =(0'T-
"g p 

(8.3) 

(8.4) 

where Tm is the mechanical torque and P is the number of pole pairs of the generator. 
Substituting (8.4) into (8.3) yields 

^ L = 3{VS-ISRS)IS (8.5) 
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from which 

RJ2
s-VsL+^^- = 0 (8.6) 

Solving (8.6), we have 

/ . = ■ 
3P 

27? 
(8.7) 

With the magnitude of the stator current calculated, we can use the equivalent circuit 
of Figure 8-4 to find the rotor voltage Vr and rotor current lr. The voltage across the 
magnetizing branch is 

Vm=Vs-Is(Rs+jcosLls) 

where the stator voltage and current are given by 

Vs=VsZ0° and 7i=7sZ180° 

(8.8) 

(8.9) 

The stator voltage and current are 180° out of phase, indicating that the DFIG is in the 
generating mode and the stator power factor (PFS) is unity. 

The magnetizing current can be determined by 

(8.10) 

The rotor current is 

7, = 7 s - 7 m 

The rotor voltage can be calculated by 

Vrls = Vm-lr - + J(»sLlr 

(8.11) 

(8.12) 

from which 

Vr=sVm-lr(Rr+js(OsLlr) (8.13) 

The rotor voltage and current relate to the equivalent resistance Req and reactance Xeq by 

Vrls 

L 
ReJs + jXeJs eq' 

(8.14) 

www.EngineeringEBooksPdf.com



8.3 UNITY POWER FACTOR OPERATION OF DFIG 243 

from which 

Req + JXeq ~ -J~ (8.15) 

Figure 8-5 shows an example of the rotor current, rotor voltage, and equivalent imped-
ance of the rotor-side converter when the slip of the DFIG varies from +0.3 to -0.3. 
The rotor current Ir increases with the slip, while the rotor voltage Vr decreases when 
the slip varies from 0.3 to zero, reaches near zero at s = 0, and increases with a positive 
slip. The phase angle of the rotor voltage, rotor current, and the rotor power factor an-
gle <pr {<pr = ¿LVr- <pr= ZJr) are also given in the figure. 

When the DFIG operates in the supersynchronous mode, the equivalent resistance 
Req of the RSC is positive, indicating that an active power is delivered from the rotor to 

Vn Ir (pu) 

S (slip) 

200° 

100° 

-100° 

-200° 

Req, Xeq (pu) 
0.4 

¿'r 

¿yr t (p r =ZV r -Z/ r 

v: 

0.3 0.2 0.1 0 -0.1 -0.2 S (slip) 

Figure 8-5. Rotor-side converter equivalent impedance (PFS = 1). 
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the converter. When the generator is in the subsynchronous mode, Req is negative, sig-
nifying that the converter transfers active power to the rotor. 

Case Study 8-1—Equivalent Impedance of Rotor-Side Converter. Con-
sider a 1.5 MW, 690 V, 50 Hz, 1750 rpm DFIG wind energy system. The parameters 
of the generator are given in Table B-5 of Appendix B. The generator operates with an 
MPPT scheme, and its mechanical torque Tm is proportional to the square of the rotor 
speed. The stator power factor is unity. This case study investigates the relationship 
between the rotor voltage, rotor current, and the equivalent impedance of the rotor-side 
converter when the DFIG operates at supersynchronous, synchronous, and subsyn-
chronous speeds. 

CONVERTER EQUIVALENT IMPEDANCE AT 1750 RPM (SUPERSYNCHRONOUS MODE). 

From Equation (8.7), the stator current is calculated by 

I = ï — — = -1068.2 A (8.16) 
2R, 

(the other solution, 4 = 1 . 5 4 x 1 o5 A, is omitted), where Vs = 690/V3 V, Tm = -8185.1 
Nm, <ps = 2TT x 50 rad/sec, Rs = 6.25 mil and P = 2. 

Using the equivalent circuit of Figure 8-4, the voltage across the magnetizing 
branch is 

Vm = V,-l,(R,+jœ,L„) 

= 690/V3Z0°-1068.2Z180°x(0.00625 + ./1007rx0.1687xl0-3) (8.17) 

= 401.2 + y56.6 = 405.2Z80 V 

The magnetizing current is calculated by 

lm = Vm = 32.92-,7233.26 = 235.6Z-82.0° A (8.18) 
MA» 

The rotor current is 

Jr = 7 s - 7 m = - 1 1 0 1 . 1 + y233.26 = 1125.6Z168.0° A (8.19) 

The rotor voltage is 

Vr = sVm -lr (Rr +js(OsLlr ) = 67.97Z-164.9° V (8.20) 

where s = (a>s - b)r)l(i)s = -0.1667. 
The equivalent impedance for the rotor-side converter is given by 

Z =Vrllr =0.05375 Q +70.2751 il (8.21) 
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from which 

[Rea = 0.05375 £2 
\ q (8.22) 
\Xeq =0.02751 Q 

CONVERTER EQUIVALENT IMPEDANCE AT 1500 RPM (SYNCHRONOUS SPEED). When 
the generator operates at 1500 rpm, the stator current is 

y ±iV* _**£&, 

Is=
 ! — — = -786.3 A (8.23) 

(the other solution, Is= 1.511 x 105 A, is omitted), where rm = -(1500/1750)2 * 8.1851 
= -6.0135 kN-m. 

The voltage across the magnetizing branch is 

Vm=V s-ls(Rs+jO)sL,s)= 400.5+ j4\J = 402.6Z5.9° V (8.24) 

The magnetizing current can be determined by 

lm = — ^ — = 24.23-;232.82 = 234.1Z-84.Io A (8.25) 

The rotor current is 

7, = 7, - l m = -810.50 + ;232.82 = 843.28Z164.0° A (8.26) 

The rotor voltage is 

Vr =sVm -lr(Rr+jsa>¿lr) = -IrR, = 2.2178^-16° V (8.27) 

Thus, the equivalent resistance and reactance for the rotor-side converter are 

Zeq =Vr/Ir= 0.00263 Z -180° = -0.00263 + j 0.0 Q. (8.28) 

Alternatively, the following equation can be established based on Figure 8-4: 

Vm -~h (Rr/s + jcosLlr ) =7, (Req ls + jXeq Is ) (8.29) 

from which 

sVn - 7 , (Rr +jscosLlr ) = I (Reg +j(OslLeq ) (8.30) 

With the slip 5 and slip frequency <usl equal to zero, the above equation is simplified to 

-IrRr=IrReq (8.31) 
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Thus the equivalent resistance and reactance for the rotor-side converter are 

[R„ = -R. = -0.00263 Q 
q (8.32) 

[Xeq=O)slLeq=0 

When the DFIG operates at the synchronous speed, both slip s and the slip frequency 
ws! are zero. This implies that a DC current flows through the rotor circuit and the rotor 
leakage reactance Xlr and the equivalent reactance Xeq are both zero. In this case, the 
induction generator operates just like a wound rotor synchronous generator, in which 
the rotor flux is produced by a DC current through a DC exciter. In the DFIG wind en-
ergy system, the DC excitation is provided by the rotor-side converter. 

CONVERTER EQUIVALENT IMPEDANCE AT SUBSYNCHRONOUS SPEED. Following the 

same procedure, the calculated rotor voltage, rotor current, and the equivalent imped-
ance of the rotor-side converter in the subsynchronous mode (1200 and 1350 rpm) are 
summarized in Table 8-1. For the convenience of comparison, the calculated results 
for the DFIG operating in the synchronous (1500 rpm) and supersynchronous (1650 
and 1750 rpm) modes are also given in the table. 

8.3.2 Torque-Slip Characteristics of DFIG WECS 

To find the torque-slip characteristics of the DFIG, we can follow the same procedure 
as that in the Chapter 3, except that the total rotor circuit resistance is the sum of Rr and 
Req, and the total reactance is the sum of Xlr and Xeq. Figure 8-6 shows a set of typical 
torque-slip curves of the DFIG operating at the supersynchronous, synchronous, and 
subsynchronous speeds. With different values of Req and Xeq, different torque-slip 
characteristics can be obtained. For example, with Reqi of 0.047 pu and Xeql of 0.027 
pu for the 1.5 MW/690 V DFIG, the torque-slip Curve 1 is obtained, whereas Curve 2 
corresponds to Req2 of-0.072 pu andXe?2 of-0.033 pu. At the synchronous speed, the 
torque-slip curve is a straight line (Curve 3). 

In an MPPT controlled wind energy system, the mechanical torque is proportional 
to the square of the generator speed (Tm <* <a2¡), as discussed in Chapter 2. This rela-
tionship is illustrated by Curve 4 in Figure 8-6. The intersections of this curve with 
other torque-slip curves are the steady-state operating points of the generator. For ex-

Table 8-1. Equivalent impedance of RSC in 1.5 MW/690 V DFIG WECS (PFS = 1) 

Rotor speed 
(rpm) 

Slip 
Tm (kNm) 

KW) 
1(A) 
R,q(0) 
Xeq (il) 

1200 

0.2 
-3.849 

83.756^6.2° 
569.285Z 155.9° 

-0.126989 
-0.074293 

1350 

0.1 
-4.871 

43.068Z7.4" 
697.103Z160.50 

-0.055113 
-0.027918 

1500 

0 
-6.014 

2.218Z.-16.00 

843.281 ¿164.0° 
-0.00263 

0 

1650 

-0.1 
-7.276 

39.711Z-165.8" 
1006.991^166.6° 

0.034942 
0.018281 

1750 (rated) 

-0.1667 (rated) 
-8.185 

67.965 L-164.9° 
1125.566¿168.0° 

0.053751 
0.027513 
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3.8 1 : L_liiL^iLZ¿i±: : : 1 

0.3 0.2 0.1 0 -0.1 -0.2 S (slip) 
0.7cûç 0.8(0,, 0.9(üj cûç l.lcOj 1.2cos cor 

Figure 8-6. Torque-slip characteristics of DFIG wind energy system (PFS = 1). 

ample, at Point A, where Curve 4 intersects with Curve 1, the generator operates in the 
supersynchronous mode with a slip of-0.05. At a lower wind speed, the generator op-
erates at Point B, where Curve 4 intersects with Curve 2, and the generator is in the 
subsynchronous operating mode with a slip of+0.05. 

It should be noted that whether the slip is positive or negative, the DFIG is always 
in the generating mode and delivers its mechanical power \Pm\ to the grid. This is dif-
ferent from the operation of the squirrel-cage induction generator presented in Chapter 
3, where the generator is in the motoring mode when the slip is positive and in the gen-
erating mode with a negative slip. 

For comparison purposes, the torque-slip characteristics of the DFIG with the rotor 
circuit shorted (Req = Xeq = 0) is given by Curve 5 in Figure 8-6, whose maximum 
torque rmax is much lower than that of the torque-slip curves with Req and Xeq taken 
into account. 

To find the maximum torque of the DFIG, a simplified steady-state equivalent cir-
cuit, shown in Figure 8-7, can be used, where the magnetizing branch is moved to the 
left of the stator circuit (compared with Figure 8-4). Since the magnetizing inductance 
is much higher than the stator resistance and inductance, such an arrangement will not 
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Figure 8-7. Simplified DFIG steady-state equivalent circuit for calculation of Tm 

generate large errors in calculations. The electromagnetic torque of the generator can 
be then expressed as 

P 
T — "S 

eos/P cos/P 

1 

1 * ( 3 / ; ) ^ 

3Vf R.+R„. 
(8.33) 

coJP (Rs+Rr ls + Rels)2+(Xh+X,r +Xeq Is)2 

The maximum torque Tmax and the slip at the maximum torque sTmax can be obtained 
by setting dTJds = 0, from which 

(Rr+Rea)
2+X? 

5 T max 
eq 

Rf+(xls+xlry 
(8.34) 

The plus and minus signs in the above equation signify the sub- and supersynchronous 
modes of operation. For a given value of Req and Xeq, the maximum torque can be 
found by substituting (8.34) into (8.33): 

7L„ =-
1 3Vf 

2(0, IP 
R.+ (xl5+xlr)xei 

R, + R„„ 

(8.35) 

-J((^+^)2 + ^ ) x 1 + 
(3+4)2 

The above equation is valid for both super- and subsynchronous modes of operation. 
Taking the torque-slip Curve 1 with Req = 0.017744 Í1 (0.047 pu) and Xeq = 

0.009985 Í! (0.027 pu) as an example, the calculated sTmax a nd m̂ax f°r t n e 1-5 
MW/690 V DFIG are -0.239 and -3.27 pu, which is Point C in Figure 8-6. For Curve 
2 with Req = -0.026722 il (-0.072 pu) and Xeq = -0.012331 O (-0.033 pu), sTmax and 
Tmax are 0.285 pu and 3.34 pu, respectively, which is Point D in the figure. 

www.EngineeringEBooksPdf.com



8.3 UNITY POWER FACTOR OPERATION OF DFIG 249 

8.3.3 Steady-State Analysis of DFIG WECS with PFS - 1 

To facilitate the steady-state analysis of the DFIG wind energy system, the equivalent 
circuit of Figure 8-4 can be rearranged as shown in Figure 8-8, where the mechanical 
power Pm, the rotor power Pn and stator and rotor winding losses, Pcus and Pcun can 
be easily calculated by a general equation of P = 3fR. The rotor power Pr is the power 
transferred from or to the rotor-side converter. 

Figure 8-9 shows the power flow of the DFIG operating under the super- and sub-
synchronous modes. Neglecting the rotational losses Pmt of the turbine, the power 
transferred or dissipated in the generator can be calculated by 

Pm=3i:(Rr + Reg)(\-s)/s 

P=3Fs/scos</> 

(8.36) 

where Ps is the stator power and cps is the stator power factor angle. The power deliv-
ered to the grid, Pg, is the sum of the stator and rotor power, given by 

\P.\ = 
for supersynchronous mode 

for subsynchronous mode 
(8.37) 

In the supersynchronous operating mode shown in Figure 8-9a, the equivalent resis-
tance Req of the rotor-side converter has a positive value and the rotor power Pr is 
positive. This implies that the resistance Req consumes power similar to the winding 
resistances Rr and Rs. In reality, the rotor power Pr is not dissipated in Req, but trans-
ferred from the rotor to the grid through the converters. In the subsynchronous mode, 
Req has a negative value and the rotor power Pr is also negative. This indicates that 

-vw- -YYYY-
jXlr Rr lr jX /s Req 

-nnr\ v w — » " ^ VW-
P P 
1 cu,r l r 

JXrr, (Rr + Req)(\-s)/skPm 

Figure 8-8. Steady-state equivalent circuit of DFIG WECS for system performance evaluation. 
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Figure 8-9. Power flow of DFIG with rotor-side converter represented by Req and Xeq. 

the rotor circuit receives power from the grid through the converters as shown in 
Figure 8-9b. 

Case Study 8-2—Steady-State Analysis of DFIG WECS with PFS = 1. 
This case study is a continuation of Case Study 8-1, where the equivalent impedance 
for the rotor-side converter of a 1.5 MW/690 V DFIG wind energy system was devel-
oped. The steady-state operation of the above system at the supersynchronous, syn-
chronous, and subsynchronous speeds is analyzed below. 

DFIG OPERATION AT ROTOR SPEED OF 1750 RPM (SUPERSYNCHRONOUS MODE). At 
the rated rotor speed of 1750 rpm, the rotor current calculated in Case Study 8-1 is 
1125.6 A, from which the mechanical power of the generator is calculated: 

= 3x1125.62 (0.05375 + 0.00263) (1 + 0.1667)/(-0.1667) (8.38) 

= -1500 kW 

Alternatively, the mechanical power can be calculated by 

Pm=Tmmm=- 8185.1x1750x2^/60 =-1500 kW (8.39) 
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The rotor power is 

Pr =3(Ir )2Req=3x\ 125.6x0.05375 =204.29 kW (8.40) 

The rotor and stator winding losses are 

C = 3 ( / , ) 2 # , = 10.0 kW (8.41) 

^ = 3 ( / r ) 2 * s = 9.07 kW (8.42) 

The stator active power is 

Ps =3VJscos(ps =690/V3xl068.2xcos(180°) = -1276.64 kW (8.43) 

where the stator power factor angle ¡ps is 180° since the DFIG operates in the generat-
ing mode with a unity power factor. 

The total power delivered to the grid is 

\p\ = \P I + \p\ = 1276.64 + 204.29 = 1480.93 kW (8.44) 
| 5 | I ^ I I ' I 

The difference between Pm and Pg is the losses on the stator and rotor windings, that is, 

| ^ H ^ | = ̂ + ^ = 1 9 - 0 7 kW (8.45) 

The efficiency of the DFIG is then 

r¡ = Pg IPm= 1480.93 /1500 = 98.7% (8.46) 

DFIG OPERATION AT THE SYNCHRONOUS AND SUBSYNCHRONOUS SPEEDS. Following 
the same procedure presented above, the operation of the DFIG in the synchronous and 
subsynchronous modes can be studied. Table 8-2 summarizes the calculation results. It 
is noted that in the subsynchronous mode the rotor circuit receives power from the grid 
through the converters. Therefore, the power delivered to the grid is \Pg\ = \PS\ - \Pr\, as 
indicated by Equation (8.37). 

Figure 8-10 shows the relationship between the stator, rotor, and mechanical pow-
er of the 1.5 MW/690 V DFIG WECS through the rotor speed range. It is clearly il-
lustrated that the stator power \PS\ is approximately equal to \Pm\ - \Pr\ in the super-
synchronous operating mode, whereas in the subsynchronous operating mode |PS| ~ 
\Pm\ + \Pr\-

8.3.4 Simplified Calculations 

In large megawatt wind generators, the stator resistance of the generator is normally 
very small (< 0.01 pu). To simplify the analysis, the stator resistance can be neglected. 
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Table 8-2. Three operating modes of 1.5 MW/690 V DFIG WECS (PFS = 1 ) 

Operating 
mode 

(om (rpm) 
s Slip 
\TJ (kN-m) 
Req (Í1) 
Xeq (il) 
4(A) 
/r(A) 
vr<y) 
\Pm\ (kW) 
|/>r| (kW) 
Pcr(kW) 

^ . . W 
1̂ 1 (kW) 
1̂ 1 (kW) 

Subsynchronous 
operation 

1200 
0.2 

3.849 
-0.126989 
-0.074293 

504.16 
569.29 
83.76 

483.64 
123.47 
2.56 
2.02 

602.53 
479.06 

Synchronous 
operation 

1500 
0 

6.014 
-0.002630 

0 
786.28 
843.28 
2.22 

944.61 
5.61 
5.61 
4.92 

939.69 
934.08 

Supersynchronous 
operation 

1750 (rated) 
-0.1667 (rated) 

8.1851 
0.053751 
0.027513 
1068.22 
1125.57 
67.97 
1500.0 
204.29 

10.0 
9.07 

1276.64 
1480.93 

When the generator operates with unity stator power factor, its air-gap power can be 
calculated by 

Pag= 3(VS-ISRS)IS =3VSIS (8.47) 

From Equations (8.47) and (8.4), the stator current can be calculated by 

With the stator current Is known, the equivalent impedance of the rotor-side converter 
can be calculated, and the steady-state performance of the DFIG can be analyzed. 
Compared with the stator current given in Equation (8.7), the calculation of the stator 
current by Equation (8.48) is simpler. More importantly, this method can facilitate the 
analysis of the DFIG wind energy systems with nonunity stator power factor, which is 
to be discussed in the following section. 

Table 8-3 gives the calculation results for the 1.5 MW/690 V DFIG operating at 
1200 rpm and 1750 rpm based on two methods: Method 1—accurate calculation of the 
stator current Is based on Equation (8.7); and Method 2—simplified calculation of Is 

using Equation (8.48). Results shown in Table 8-3 illustrate that the errors generated 
by the simplified method are minimal (less than 1.5%). 

8.4 LEADING AND LAGGING POWER FACTOR OPERATION 

When the generator operates with a leading or lagging power factor, the stator current 
can be calculated by 
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Power 
(pu) 

0.2 
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-1.2 
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Pr '■■ 

^Pm\ 

P T ^ ^ 

1 : Rated 
__ | : Speed 
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; ^NJ^" 

1100 1200 1300 1400 1500 1600 1700 1750 com (rpm) 

Figure 8-10. Stator, rotor, and mechanical power of the 1.5 MW/690 V DFIG operating at su-
per- and subsynchronous speeds. 

Table 8-3. Comparison of two methods for the analysis of 1.5 MW DFIG WECS (PFS 

= 1) 

Operating mode 

wm (rpm) 

s, Slip 
|7J (kN-m) 
Req(tl) 
■Mil) 
4(A) 
Ir(A) 
Vr<V) 
\PJ (kW) 
\Pr\ (kW) 
^ , ( k W ) 
Peu, (kW) 
\Ps\ (kW) 
\Pg\ (kW) 

Subsynchronous operation 

Method 1 

0.2 
3.849 

-0.12699 
-0.07429 

504.2 
569.3 
83.6 

483.6 
123.5 
2.557 
2.020 
602.5 
479.0 

1200 rpm 

Method 2 

0.2 
3.849 

-0.12671 
-0.07398 

505.8 
570.9 
83.7 

485.3 
123.9 
2.571 
2.034 
604.5 
480.6 

Error (%) 

N/A 
N/A 
0.22 
0.31 
0.32 
0.28 
0.12 
0.35 
0.34 
0.55 
0.69 
0.34 
0.33 

Supersynchronous operation 

Method 1 

-0.1667 
8.185 

0.05375 
0.02751 
1068.2 
1125.6 
67.9 
1500 
204.3 
9.996 
9.071 
1276.6 
1480.9 

1750 rpm 

Method 2 

-0.1667 
8.185 

0.05339 
0.02735 
1075.8 
1133.2 
68.0 

1510.7 
205.7 
10.13 
9.201 
1285.7 
1491.4 

Error (%) 

N/A 
N/A 
0.26 
0.57 
0.71 
0.68 
0.15 
0.71 
0.68 
1.3 
1.4 

0.71 
0.77 
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j = Tm6>sIP 

Ws cos(ps 

(8.49) 

where <ps is the power factor angle of the stator. With the stator current calculated, the 
equivalent impedance of the rotor-side converter can be obtained following the same pro-
cedures given in Case Study 8-1. Table 8-4 gives the calculated converter equivalent im-
pedance for the DFIG operating under the super- and subsynchronous modes with 0.95 
leading and lagging power factor. Once the converter equivalent impedance is determined 
for a given operating condition, the steady-state performance of the DFIG wind energy 
system can be analyzed using the same procedure presented in the previous section. 

Figure 8-11 shows the calculated converter equivalent impedance as well as the 
torque-slip curves of the DFIG with a leading power factor of 0.95. The torque-slip 
curves are similar to those in Figure 8-6 except that the maximum torque values differ. 
Figure 8-12 illustrates the torque-slip curves of generator with a lagging power factor of 
0.95. 

8.5 STATOR VOLTAGE ORIENTED CONTROL OF DFIG WECS 

8.5.1 Principle of Stator Voltage Oriented Control (SVOC) 

In DFIG wind energy systems, the stator of the generator is directly connected to the 
grid, and its voltage and frequency can be considered constant under the normal oper-
ating conditions. It is, therefore, convenient to use stator voltage oriented control 
(SVOC) for the DFIG [4]. This is in contrast to electric motor drives, where rotor- or 
stator-flux field oriented controls (FOC) are normally used. Figure 8-13 shows a space 
vector diagram for the DFIG with the stator voltage oriented control operating with 
unity power factor in supersynchronous mode. The stator voltage oriented control is 
achieved by aligning the ¿/-axis of the synchronous reference frame with the stator 
voltage vector vs. The resultant d- and <¡r-axis stator voltages are 

vqs = 0 and vds = v„ (8.50) 

Table 8-4. Equivalent impedance of RSC with leading and lagging stator power factor 

Stator power 
factor 

Leading PF 
(0.95), 
% =-161.8° 

Lagging PF 
(0.95), 
ft = -161.8° 

û»m (rpm) 
i (Slip) 

'r(A) 

Xeg(ü) 

Vr[V) 

Req(Q.) 
Xeg(Cl) 

1200 
0.2 

86.89Z_5.7° 
659.3^142.2° 

-0.0957 
-0.0906 

80.65Z.6.9" 
525.2Z173.3° 

-0.1493 
-0.0360 

1350 
0.1 

54.02¿6.3° 
798.2^145.7° 

-0.0428 
-0.03667 

41.16¿8.6° 
660.5/1178.6° 

-0.0614 
-0.0108 

1500 
0 

2.514/1-31.6° 
955.9/1148.4° 

-0.00263 
0 

2.146/15.5° 
815.9/1-177.5° 

-0.00263 
0 

1650 
-0.1 

42.83^-165.7° 
1131.9^150.5° 

0.02731 
0.02620 

36.59/1-165.7° 
990.5/1-174.7° 

0.0365 
0.0058 

1750 
-0.1667 

73.67/1-165.3° 
1259.3^151.7° 

0.04277 
0.03992 

62.30/1-164.1° 
1117.221-173.3° 

0.0550 
0.0089 
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-1.0 I : : : : : 1 
0.3 0.2 0.1 0 -0.1 -0.2 S (slip) 

Figure 8-11. Torque-slip characteristics of DFIG operating with a leading stator power factor 
of0.95. 

where vs is the magnitude of v, (also the peak value of the three-phase stator voltage). 
The rotating speed of the synchronous reference frame is given by 

<os=2nfs (8.51) 

where fs is the stator frequency of the generator (also the frequency of the grid volt-
age). The stator voltage vector angle 6S is referenced to the stator frame, which varies 
from zero to 277 when vs rotates one revolution in space. 

The rotor rotates at speed (or. The rotor position angle 6r is also referenced to the 
stator frame. The angle between the stator voltage vector and the rotor is the slip angle, 
defined by 

0s¡=es-dr (8.52) 

Since the DFIG operates with unity power factor, the stator current vector is is aligned 
with vs but with opposite direction (DFIG in generating mode). The rotor voltage and 
current vectors, vs and is, which are controlled by the converters in the rotor circuit, 
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Figure 8-12. Torque-slip characteristics of DFIG operating with a lagging stator power factor 
of0.95. 

q-axis 

tos ¿-axis 

Rotor 

Stator 

Figure 8-13. Space-vector diagram of DFIG with SVOC in the supersynchronous mode. 
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are also given in the diagram. The rotor voltage and current vectors can be resolved 
into two components along the dq axes: vdr and vqr for vn and idr and iqr for ir. These 
dq-axis components can be controlled independently by the rotor converters. 

The DFIG wind energy system can be controlled by the electromagnetic torque for 
speed control or active power. In contrast to the other wind energy systems, the elec-
tromagnetic torque Te of the generator, the active power Ps and the reactive power Qs 

of the stator are controlled by the rotor-side converter. Therefore, it is worthwhile to 
investigate the controllability of Te, Ps, and Qs by the rotor voltage and current. The in-
vestigation will also facilitate the analysis of the stator voltage oriented control. 

Referring to Equation (3.16) of Chapter 3, the electromagnetic torque of the genera-
tor can be expressed as 

where \ds and \qs are the dq-axis stator flux linkages, given by 

Ks - Ls'ds + LJdr 

\s = ^s'qs + Lmlqr 

from which the dq-axis stator currents are calculated to be 

_ "■eh ~ ^m'dr 

. _ ""qs L-nfqr 

(8.54) 

(8.55) 

'qs L< 

Substituting (8.55) into (8.53) yields 

31%, 

21. 
Te=^7SLHq¿*+idr\,) (8-56) 

The above equation indicates that the electromagnetic torque is a function of rotor cur-
rent and stator flux linkages. In the DFIG wind energy system, the stator voltage is 
constant since it is directly connected to the grid. The rotor current is controlled by the 
rotor-side converter. It is thus desirable to find the relationship between the torque, sta-
tor voltage, and rotor current. Referring to the induction generator model of Figure 3-6 
(Chapter 3), the stator voltage vector for the steady-state operation of the generator is 

vs=RsJs+jcosXs (8.57) 

The representation in dq-axis is 

( V * +JVqs) = Rs(ids+ßqs) + J<Os(hds +J^qs) ( 8 ' 5 8 ) 

from which the dq-axis stator flux linkages are 
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2 _ Vqs Ks^qs 
Ads 

vds~R
S

ids 
(8.59) 

Aqs - ~ 
töc 

Substituting (8.59) into (8.56) gives 

3 PL 
Te = ^ H - V K - *,'„ ) - i+ (vA - * A )) 

3 P i (8.60) 

With vqs = 0 for the stator voltage oriented control, the torque equation can be simpli-
fied to 

T = 3PLm 

2m. L. -(
RsVqr

+RJdJdr-idrVdS) (8.61) 

Ignoring the stator resistance Rs, which is normally very low for large DFIG, the 
torque equation can be further simplified: 

T - 3PL™ ■ 

2coX, 
(8.62) 

It can be observed from the above equation that the electromagnetic torque is a func-
tion of J-axis rotor current and stator voltage. 

The stator active and reactive power can be calculated by [5] 

*s ~ \vds ds ~"" vqs^qs 1 

3 
Qs=-¿(VqsÍds-VdsÍqs) 

(8.63) 

Using the stator voltage oriented control (vqs = 0), the above equation can be simplified 
to 

's ~ vdslds 

xi,s ~ vdslqs 

for vqs = 0 (8.64) 

Substituting (8.55) into (8.64) yields 
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Ps=^vds 
A-ds Lmidr 

Qs=-~vds 
^qs Lmlqr 

(8.65) 

from which 

2 ¿ -p + -U . 3v*4, 

as m m 

(8.66) 

Substituting the stator flux linkages from (8.59) into (8.66) gives 

ldr 

2Ls .p+y^-^gs 
3vdsLm «>sLm 

2J^P _ JL,. 
s cor1"5 ^VdsLm 

qr 3v,L 
2]±s Q vds ~Rs'ds 1L- Q.+-Ï-I* " ds 

vds^m (0sLm ?>vdsLm 0)SL 

Neglecting the stator resistance Rs, we have 

asLm 

forv =0 (8.67) 

24 „ 

2L. 
•qr Qs-

vds 

3vdsLm °>sLm 

(a) 

(b) 

(8.68) 

The above equations indicate that for a given stator voltage, the stator active power Ps 

and reactive power Qs can be controlled by the dq-axis rotor currents. 

8.5.2 System Block Diagram 

Figure 8-14 shows the block diagram of DFIG wind energy system with stator 
voltage oriented control. The stator voltage vector angle 0S is identified by the 8S calcu-
lator, and the rotor position angle 9r is measured by an encoder mounted on the shaft of 
the generator. The slip angle for the reference frame transformation is obtained by 6S, = 
6S - 6r. The abcldq and dqlabc transformation blocks transform the variables in the abc 
stationary reference frame to the dq synchronous reference frame, and vice versa. The 
angle of the stator voltage vector can be obtained by 
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Figure 8-14. Bloc diagram of a DFIG wind energy system with stator voltage oriented control. 

— t a n —Î— 6, = tan (8.69) 

in which the dq-axis stator voltages are given by 

1 -1 /2 -1 /2 

0 V3/2 -VJ/2 
(8.70) 

where vas, vbs, and vCJ are the measured three-phase stator voltages. 
The MPPT block generates the reference torque T* based on the optimal torque 

method discussed in Chapter 2 for maximum power point tracking. The reference for 
the ¿-axis rotor current i*n which is the torque producing component of the rotor cur-
rent, is calculated according to Equation (8.62). For a given stator reactive power ref-
erence Q% the g-axis rotor current reference i*r is calculated by Equation (8.68b). The 
reference dq-ax\% currents, i% and i*r, are then compared to the measured values, i% 
and i*r, and the errors passed through PI controllers. The output of the PI controllers, 
v% and v*n are the dq-axis rotor voltage references in the synchronous frame, which 
are transformed into a three-phase reference for rotor voltages, v*n v%r, and v*. in the 
stationary frame. The rotor reference voltages can serve as the three-phase modulating 
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waveforms in carrier-based modulation schemes or be converted into a reference space 
vector for the space vector modulation (SVM). The PWM block generates gating sig-
nals for the rotor-side converter. 

The grid-side converter performs two main functions: (1) it keeps the DC link volt-
age vdc constant, and (2) provides reactive power to the grid when required. The reac-
tive power reference, Q%So

 c a n De set to zero for unity power factor operation of the 
converter. The overall power factor of the DFIG wind energy system is then controlled 
by the rotor-side converter through its reference Q*. The operation principle of the 
grid-tied converter has been discussed in Chapter 4 and, therefore, is not repeated here. 

8.5.3 Dynamic Performance of DFIG WECS 

The dynamic performance of DFIG WECS with stator voltage oriented control is ana-
lyzed in the following case study. 

Case Study 8-3—Transients from Supersynchronous to Subsynchro-
nous Operation. The transients of a 1.5 MW/690 V DFIG wind energy system 
caused by a step change in wind speed are investigated. The torque and power versus 
rotor speed characteristics of the system at the wind speeds of 0.7 pu and 1.0 pu are il-
lustrated in Figure 8-15. With the implementation of the MPPT scheme, the electro-
magnetic torque Te of the generator is proportional to the square of the rotor speed 
(o)m)2, whereas the mechanical power Pm is proportional to the cube of the rotor speed 
(wm)3. It is noted that the turbine speed is equal to the rotor mechanical speed in per-
unit terms and, therefore, there is no need to consider the gear ratio of the gearbox. 

The system initially operates in the supersynchronous mode with a rated rotor speed 
of 1.0 pu (1750 rpm) as indicated by Point A in Figure 8-15. The case study investi-
gates the transition when the wind speed suddenly decreases to 0.7 pu and the operat-
ing point is moved from Point A to C. At this point, the generator operates at the sub-
synchronous speed of 1225 rpm. The generator and system parameters for the case 
study are given in Table 8.5. 

With the rotational losses neglected, the mechanical torque of the generator Tm is 
equal to the mechanical torque generated by the turbine in per-unit terms. The simulat-
ed waveforms of the 1.5 MW DFIG WECS from the supersynchronous to subsynchro-
nous mode are given in Figure 8-16. 

During the period of 0 < t < 0.5 sec, the wind energy system operates in steady state 
at 1.0 pu rotor speed, and the mechanical torque Tm from the turbine shaft is -1.0 pu. 
The electromagnetic torque of the generator Te is equal to the mechanical torque. The 
system operates at Point A in Figures 8-15 and 8-16. It is noted that in the simulation, 
an ideal transformer with a turns ratio of 0.358 is added in the rotor circuit to match the 
rotor-side voltage with the grid voltage. 

At t = 0.5 sec, the wind speed suddenly decreases to 0.7 pu. The turbine mechanical 
torque Tm is instantly decreased from -1.0 pu to about -0.22 pu. This value is set by 
the turbine torque-speed characteristics in Figure 8-15 (Point B). However, the me-
chanical speed of the turbine and generator cannot change instantaneously at t = 0.5 
sec due to the moment of inertia. As a result, the torque reference reproduced by the 
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Figure 8-15. Torque and power versus rotor speed of DIFG WECS. 
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MPPT block remains unchanged, and the generator torque Te remains unchanged, as 
shown in Figure 8-15. 

During the period of 0.5 < t < 3.75 sec, the difference between the turbine mechani-
cal torque Tm and the generator electromagnetic torque Te decelerates the generator, 
and the rotor speed decreases accordingly. At r = 1.0 sec, the generator speed reaches 
0.857 pu (1500 rpm), when the slip s becomes zero and the electromagnetic torque Te 

is -0.735 pu. The generator is in transition from the supersynchronous mode to sub-
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Table 8-5. Parameters and operating condition of the DFIG WECS 

Induction generator 

System input variables 

Control scheme 

Rotor-side converter 

DC link filter 

Grid-side converter 

Electric grid 

Moment of inertia 

Reference frame 
transformation 

Generator ratings: 
1.5 MW, 690 V, 50 Hz, 1750 rpm, 

8.185 kN-m 

Torque reference at t = 0 
Reactive power reference for GSC 
DC link voltage reference 

Generator parameters: 
Table B-5 (Appendix B) 

r* = -8.185kN-m(1.0pu) 
OSsc = 0 
v*dc = 436.2 V 

Stator voltage oriented control (SVOC) Figure 8-14 

Converter type 
Modulation scheme 
Switching sequence 

Switching frequency 
AC harmonic filter 

Capacitor 

The same as RSC 

Voltage/frequency 
Line inductance (harmonic filter) 

Reduced for short simulation time 

abcldq transformation 
dqlabc transformation 

Two-level VSC 
Space-vector modulation 
Seven segment; Table 4-4, 

Chapter 4 
4 kHz 
No 

130.73 mF 

690 V/50 Hz 
0.0775 mH 

98.26 kgm2(//= 1.1 sec) 

Eq. (3.1), Chapter 3 
Eq. (3.3), Chapter 3 

synchronous mode. This operating point is shown in Figures 8-15 and 8-16 (Point D). 
The system finally reaches its steady-state operating point C at t = 3.75 sec. The tur-
bine mechanical torque Tm reaches Point C following the Tm-(om curve. The generator 
torque Te reaches the same operating point via its own Te-a>m curve, as shown in Fig-
ures 8-15 and 8-16. 

After t > 3.75 sec, the DFIG wind energy system operates in steady state. The gen-
erator electromagnetic torque Te is equal to the turbine mechanical torque Tm of 0.49 
pu, and the rotor speed is 0.7 pu. 

The waveform of rotor phase-a voltage var, which is generated by the rotor-side 
PWM converter, is also given in Figure 8-16 together with its fundamental-frequency 
component varl. It can be observed that the frequency of the rotor voltage is not con-
stant; it varies with the rotor speed. When the rotor operates at the synchronous speed, 
the rotor frequency is zero, and a DC current flows through the rotor and converter cir-
cuit. There is no voltage drop across the rotor leakage inductance L¡r or across the 
equivalent inductance Leq of the rotor-side converter. Therefore the rotor voltage varl at 
the synchronous speed is close to zero. 

The rotor phase-a and phase-6 currents, iar and ibr, are also shown in the figure. The 
phase-a current iar leads the phase-è current ibr in the supersynchronous mode, but the 
phase relation reverses in the subsynchronous mode. This is caused by the change in 
the slip, which is a negative value when the DFIG is in the supersynchronous mode 
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and becomes positive in the subsynchronous mode. At the synchronous speed, both iar 

and ibr are DC currents. The DFIG operates just like a wound rotor synchronous gener-
ator, in which the DC rotor current is provided by its exciter. 

The waveform of phase-a stator current ias is also given in Figure 8-16. When the 
DFIG operates at rated speed and rated torque (t < 0.5 sec), the peak value of the stator 
current is 1.2 pu, which is also the rated stator current (1068.2 A, rms). Note that in 

Figure 8-16. Transients of DFIG WECS from supersynchronous to subsynchronous mode. 
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DFIG WECS, the base current for the per-unit system is not the rated stator current (at 
rated condition both stator and rotor provide power to the grid; refer to Table B-5 in 
Appendix B for the definition of base current). The stator current decreases with the 
rotor speed and, finally, becomes 0.592 pu (peak). The detailed state-state analysis of 
the DFIG WECS will be given in Case Study 8-4. 

8.5.4 Steady-State Performance of DFIG WECS 

The steady-state performance of a DFIG WECS with stator voltage oriented control is 
analyzed in the following two case studies. 

Case Study 8-4—Steady-State Analysis of the DFIG WECS Operating 
at 0.7 pu Rotor Speed. The operation of the 1.5 MW/690 V DFIG wind energy 
system is further investigated in this case study at rotor speed of 0.7 pu. The analysis 
starts with the steady-state calculations, followed by computer simulation. It is as-
sumed that the stator power factor is unity. The generator parameters are given in 
Table B-5 in Appendix B. 

With the generator operating at 0.7 pu speed, the mechanical torque of the generator 
is 

Tm =-((OmpJ
2xTmR = (0.7)2x8185 = -4010.7 N-m (8.71) 

From Equation (8.7), the stator current can be calculated by 

j =
 s \ s 3 _ P — = _525.3 A (/ = 1.509x10 5A omitted) (8.72) 

2Rs 

where Vs = 690/V3V, cos = 2TT X 50 rad/sec, Rs = 6.25 mil, and P = 2. 
Using the equivalent circuit of Figure 8-4, the voltage across the magnetizing 

branch is 

Vm=Vs-ls(Rs+j(0sLh) 

= 690/V3Z0°-525.3Z180°x(0.00625 + ./'1007rx0.1687xl0-3) (8.73) 

= 399.8+ j27.8 = 400.7Z4.0° V 

The magnetizing current is calculated by 

lm= Vm = 16.19 - y 232.42 = 233.0Z- 86.0° A (8.74) 

The rotor current is 

Ir =IS-Im =-541.50 + y232.42 = 589.27Z156.8° A (8.75) 
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The rotor voltage is determined by 

Vr = s Vm - Ir (Rr + js<osL,r )= 76.99Z6.50 V (8.76) 

where s = (ws - (x)r)la>s = 0.1833. The slip frequency at the 0.7 pu rotor speed is 

6)s/= s6)s = 0.1833 x2;rx 50 = 57.58 rad/sec (9.165Hz) (8.77) 

The peak values of the rotor voltage and rotor current are 

\ir =^21r =72x589.27 = 833.25A (0.664pu) 

\vr=4l~Vr= 72x76.99 = 108.9V (0.273pu) 
(8.78) 

The rotor power factor angle is 

9 r = 6.5°-156.8° = -150.3° (8.79) 

The equivalent impedance for the rotor-side converter is given by 

Zeq =Vrllr =-0.11351Q+ 7-0.06472 O (8.80) 

from which 

\Req =-0.11351 Q. 
(8.81) 

[Xeq = -0.06472 Q 

The mechanical power of the generator is 

Pm=M2
mfa+R,)(l-s)/s 

= 3x589.272 (-0.11351 + 0.00263 )(l+ 0.1833)/(-0.1833) (8.82) 

= -514.50 kW 

Alternatively, the input mechanical power can be calculated by 

^=7;ö>m=-4010.7xl750x0.7x271/60 = -514.50 kW (8.83) 

The rotor power is 

Pr=3(/r)
2Äe?=3x589.272x(-0.11351) = -118.24 kW (8.84) 

The rotor and stator winding losses are 

^ = 3 ( / r ) 2 Ä r = 2 . 7 4 kW (8.85) 

^ , s = 3 ( / r ) 2 ^ = 2.19 kW (8.86) 
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The stator active power is 

Ps =3V,I,cos<p, = 690 / V3x 589.27 xcos(l 80°) = -627.81 kW (8.87) 

The stator power factor angle is 180° since the DFIG operates in the generating mode 
with a unity power factor. 

The total power delivered to the grid is 

|/>g| = \ps\- \pr\ = 627.81 -118.24 = 509.57 kW (8.88) 

The difference between Pmand Pg is the sum of the losses of the stator and rotor wind-
ings, given by 

| ^ , | - | ^ | = ^ + ̂ = 4 . 9 . k W (8.89) 

The efficiency of the DFIG is then 

Tj = \Pg\/\Pm\ = 509.57/514.50 = 99.0% 

The grid current is calculated by 

, | = N = 5 0 9 . 6 x l Q 3 = 4 2 6 3 7 A 
1 g] 3Vg 3x398.4 

and its peak value is 

ig =V2| / g | = 71x426.37 = 603.0A (0.48pu) 

The peak stator current is 

is = 4l \ls\ = 4l x525.3 = 742.9 A (0.59 pu) 

The grid current is lower than the stator current. This is due to the fact that the stator 
power is the sum of the grid power and rotor power (\PS\ = \Pg\ + \Pr\) in the in the sub-
synchronous mode of operation. 

The above calculations can be verified by reviewing the steady-state waveforms of 
the DFIG WECS operating at 0.7 pu rotor speed, given in Figure 8-17. These are in 
fact, the expanded waveforms from 3.8 sec to 4.0 sec, previously shown in Figure 
8-16. The peak values of the phase-a rotor current iar and rotor voltage vari are around 
0.664 pu and 0.273 pu, which are the same as those calculated by Equation (8.78). The 
rotor power factor angle <pr is -150.3°, which is predicted by Equation (8.79). 

Simulated waveforms for the grid-side variables are given in Figure 8.17b, includ-
ing phase-a grid voltage vag, grid current iag, and stator current ias. The peak values of 
the grid and stator currents are very close to those calculated by Equations (8.92) and 

(8.90) 

(8.91) 

(8.92) 

(8.93) 
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Figure 8-17. Steady state waveforms of DFIG WECS operating at 0.7 pu rotor speed. 

(8.93). The waveforms of the grid voltage and stator current are 180° out of phase. The 
DFIG operates in the generating mode with unity stator power factor. 

Case Study 8-5—Steady-State Analysis of dq-axis Voltages and Cur-
rents Based on Phasor Diagram. In this case study, the relationship between the 
phasor diagram and dq-axis variables of the DFIG WECS is investigated. The dq-axis 
voltages and currents are calculated and results are then verified by time-domain simu-
lations. 

Figure 8-18 shows the phasor diagram of the 1.5 MW/690 V DFIG WECS operat-
ing at 0.7 pu rotor speed (subsynchronous mode) with unity stator power factor. The 
stator voltage Vs is used as the reference phasor. The stator current phasor ls lags its 
voltage by 180°. Based on steady-state calculations in Case Study 8-4, the rotor volt-
age Vr leads Vs by 6.5°, whereas the rotor current lr leads Vs by 156.8°. 

In order to determine the dq-axis components of the rotor voltage and current, the d 
and q axes are added to the phasor diagram with the d-axis aligned with the stator volt-
age phasor Vs. This alignment corresponds to the stator voltage oriented control. Note 
that the d and q axes in this diagram are stationary and, therefore, do not rotate in space 
at the synchronous speed. They are simply added to the steady-state phasor diagram to 
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Figure 8-18. Phasor diagram of the DFIG superimposed with dq-axes. 

determine the dq-axis components of the variables in the DFIG system. The peak val-
ues of the rotor voltage and current are calculated by 

\vr =V2F r =V2x 76.99 = 108.9 V 

[i, = V2/r = V2 x589.3 = 833.4 A 

where Vr and Ir are the rms values calculated in Case Study 8-4. 
Based on Figure 8-18, the rotor dq-axis voltages are calculated by 

vdr = 108.9 cos(6.5°) = 108.2 V (0.272 pu) 

vqr = 108.9 sin(6.5°) = 12.33 V (0.031 pu) 

The rotor dq-axis currents are 

\idr = 833.4cos(156.8°) = -766.0 A (-0.610 pu) 

U =833.4sin(156.8°) = 328.3 A (0.262 pu) 

(8.94) 

(8.95) 

(8.96) 

The dq-axis rotor voltages and currents can also be found by simulation. With the 
same operating conditions as those in Case Study 8-3, the simulated results are given 
in Figure 8-19. It can be observed that when the DFIG WECS reaches steady state at 
4.0 sec, the rotor speed is 0.7 pu and the dq-axis rotor voltages and currents are the 
same as those calculated by Equations (8.95) and (8.96). 

8.6 DFIG WECS START-UP AND EXPERIMENTS 

Figure 8-20 shows a simplified block diagram to help with the discussion on the start-
up process of a DFIG WECS [6-7]. There are two switches in the system: SWl in the 
stator circuit and SW2 in the rotor circuit. In practice, electromechanical switches are 
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Vrfr V (pu) 
Supersynch Subsynchronous mode 

t (sec) 

Figure 8-19. Simulated dq-axis rotor voltages and currents during DFIG transients from 1.0 pu 
to 0.7 pu speed. 

normally used, which have little power losses in comparison to the solid-state switch-
es. The pitch angle of the blade is adjusted during the system start-up, and is kept at an 
optimal value under the normal operating conditions. When the wind speed is higher 
than its rated value, the pitch angle is dynamically adjusted to keep the turbine's output 
power constant. When the wind speed exceeds its cut-out speed, the turbine blades are 
fully pitched, and no power is generated by the turbine. The system start-up process 
can be divided into the following steps. 

Step 1—Initial parking state. In the initial stage with the wind speed below the 
cut-in speed, switches SW1 and SW2 are open, and both stator and rotor circuits 
are disconnected from the grid. The turbine blades are pitched out of the wind, 
and no torque is generated by the turbine. The system is in the parking state. 

Figure 8-20. Start-up of a DFIG WECS. 
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Step 2—Turbine/generator acceleration and stator voltage generated. When 
the wind speed reaches the cut-in speed, the pitch angle of the blades is adjusted 
to provide starting torque, and the turbine starts to rotate. Switch SW2 in the ro-
tor circuit is closed and the power converters are energized. The DC link voltage 
of the converters is controlled by the grid-side converter and kept at a fixed val-
ue. The rotor-side converter is controlled to provide excitation current to the 
DFIG. A three-phase balanced voltage is then induced in the stator, which is 
monitored for synchronization to the grid. The torque reference in the DFIG con-
troller is set to zero. No power is generated or delivered to the grid. 

Step 3—Synchronization of the voltage/frequency with the grid. During the rotor 
speed acceleration, both stator voltage and frequency are fully controlled by the 
rotor-side converter. When the generator accelerates to a speed that is set accord-
ing to the measured wind speed, the stator voltage, frequency, and phase angle are 
adjusted to match those of the grid for synchronization. When the synchronization 
is achieved, SW1 is closed, and the DFIG WECS is connected to the grid. 

Step 4—Power generation and optimal pitch angle. Once the DFIG is connected 
to the grid, the torque or power reference is increased from zero to a value gener-
ated from the MPPT algorithm according to the measured wind speed. The blade 
pitch angle is also adjusted to its optimal value, at which the maximum wind en-
ergy conversion efficiency is achieved. The start-up process is completed. 

To investigate the DFIG wind energy system further, experimental waveforms ob-
tained from a low-power 208 V/60 Hz laboratory DFIG system are provided. Figure 8-21 

Figure 8-21. DFIG synchronization to the grid. 
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shows the stator phase voltage and current (vas and /,„) and rotor phase currents (iar and 
ibr) during the system start-up. At the rotor speed of 0.8 pu, the rotor currents are adjust-
ed such that the generated stator voltage, frequency, and phase angle are the same as those 
of the grid, and the DFIG is then connected to the grid. Due to the perfect matching of the 
generator voltage with the grid voltage, no in-rush stator current is observed during the 
transition. The only noticeable change is the small increase of the stator current due to 
switching harmonics after the DFIG is connected to the grid. 

Figure 8-22 shows the measured rotor current waveforms when the DFIG transi-
tions from the supersynchronous (10% above o)s) to subsynchronous (10% below (os) 
mode. The transition is carried out when the DFIG does not deliver power to the grid, 
which is a little different from that in Case Study 8-3. The phase-a rotor current iar lags 
the phase-6 current ibr in the supersynchronous mode but leads it in the subsynchro-
nous mode, the same phenomenon as that discussed in Case Study 8-3. 

The angles of the stator voltage vector 0„ rotor position dr and the slip ds¡ are shown 
in Figure 8-23, from which the stator frequency/, rotor frequency/., and slip frequen-
cy^, can be measured. Note that the rotor frequency/, relates to the rotor electrical 
speed by wr = 2-7r/. It can be observed that the rotor frequency/ is lower than the sta-
tor frequency/, which indicates that the DFIG operates in the subsynchronous mode. 

8.7 SUMMARY 

In this chapter, the operating principle of the doubly fed induction generator (DFIG) 
was discussed. The steady-state equivalent circuit for the DFIG was introduced and 

Figure 8-22. Rotor currents of the DFIG from supersynchronous to subsynchronous operation. 
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Figure 8-23. Angles of the stator voltage vector, rotor position and slip of the DFIG in the sub-
synchronous mode. 

analyzed in detail, and the rotor-side converter was modeled by an equivalent imped-
ance. The derived equivalent circuit was used to analyze the operation of the DFIG 
WECS under the super- and subsynchronous modes with leading, lagging, and unity 
power factor operation. A stator voltage oriented control (SVOC) scheme for the 
DFIG WECS was presented. The steady-state and dynamic performance of the system 
was investigated by numerical calculations and computer simulations. Important con-
cepts for the operation of DFIG WECS were illustrated by case studies. The start-up 
process of the DFIG system was discussed and experimental results from a low-power 
laboratory DFIG system were provided. 
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9 
VARIABLE-SPEED WIND 
ENERGY SYSTEMS WITH 

SYNCHRONOUS 
GENERATORS 

9.1 INTRODUCTION 

Synchronous generators (SGs) have been widely used in variable-speed wind energy 
conversion systems (WECS). There are a number of alternative designs [1], including 
permanent magnet and wound rotor generators, salient and nonsalient pole generators, 
and generators with external and internal rotors. With power rating from a few kilo-
watts to a few megawatts, synchronous generators provide great flexibility to meet dif-
ferent technical requirements in practical wind energy systems. 

The synchronous generator can be constructed with a large number of poles and op-
erate at a speed that directly matches the turbine blade speed. Such a direct-drive sys-
tem does not need a gearbox. This results a reduction in installation and maintenance 
costs and provides an advantage over induction generator (IG) based turbines where 
use of a gearbox is a must. The SG wind energy system is normally controlled by full-
capacity power converters for variable-speed operation [2], ensuring maximum wind 
energy conversion efficiency throughout its operating range. With full-capacity con-
verters, the system is able to meet various grid codes [3], including leading/lagging re-
active power control and fault ride-through operation, without the need for additional 
equipment. 

This chapter focuses on the control strategies for SG wind energy systems. It starts 
with an introduction and analysis of control schemes for the synchronous generator. 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 2 7 5 
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Operating principles and control schemes for voltage source converter (VSC) based 
SG WECS are discussed. The chapter also presents current source converter (CSC) 
technology for wind energy systems. Further analysis is carried out by computer simu-
lations and case studies. 

9.2 SYSTEM CONFIGURATION 

The block diagram of a typical variable-speed synchronous generator WECS is shown 
in Figure 9-1. The system consists of a wind turbine, a gearbox, a synchronous genera-
tor, power converters, and a transformer for grid connection. As discussed in Chapter 
3, two types of synchronous generators can be used: permanent magnet or wound ro-
tor. The synchronous generator with the wound rotor needs a power supply for field 
excitation, whereas the permanent magnet synchronous generator (PMSG), as its name 
indicates, uses permanent magnets to produce the rotor field. 

The rated speed of the wind turbine depends on its power rating and the number of 
blades. For three-blade horizontal-axis turbines, the rated speed of the turbine is ap-
proximately in the range of 20 to 300 rpm for small/medium size and 8 to 30 rpm for 
large megawatt turbines. On the other hand, the rated speed of the synchronous gener-
ator is dependent on its rated stator frequency and number of poles. A generator can be 
constructed with a few to around one hundred poles. For instance, with a rated stator 
frequency of 13.2 Hz, the rated speed of the generator is 22 rpm for a 72-pole genera-
tor. 

As discussed in previous chapters, a gearbox with a high gear ratio is often required 
to match the low turbine speed to the high generator speed. The gearbox can be elimi-
nated in direct-drive systems, in which a low-speed generator is used to match the tur-
bine speed. The elimination of the gearbox, however, requires use of a generator with 
high number of poles. Such a generator is more expensive and heavier than one with a 
small number of poles for a given power rating [4]. A cost study is often required to 
evaluate the solution. The direct-drive wind turbine is competitive for offshore appli-
cations in which the system maintenance is costly and inconvenient. 

The control of a wind energy system includes generator-side active power control 
with maximum power point tracking (MPPT), grid-side reactive power control, and 

Figure 9-1. Block diagram of variable-speed SG wind energy system. 
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DC voltage control for voltage source converters or DC current control for current 
source converters. In contrast to the DFIG wind energy system, in which only around 
30% of the total power flows through its converters, the converters in Figure 9-1 
process full power from the generator to the grid. The use of full-capacity converters 
allows the control for the generator- and grid-side converters to be decoupled, which 
facilities the system design and increases the operating range of the generator. 

The operating voltage for commercial wind generators is from a few hundred volts 
(typically 690 V) to a few thousands volts (e.g., 3000 V), whereas a high-voltage (e.g., 
35 kV) system voltage is commonly used within a large-sized wind farm. Therefore, a 
transformer is normally required, as illustrated in Figure 9-1. The transformer also pro-
vides an electrical isolation between the individual wind turbines and the grid. 

9.3 CONTROL OF SYNCHRONOUS GENERATORS 

The synchronous generator can be controlled by a number of methods to achieve dif-
ferent objectives [5]. For instance, the d-axis stator current of the generator can be set 
to zero during the operation to achieve a linear relationship between the stator current 
and the electromagnetic torque. Alternatively, the generator can be controlled to pro-
duce maximum torque with a minimum stator current. Yet another approach is to oper-
ate the system with unity power factor. In this section, three control schemes to 
achieve the above objectives are presented and analyzed in detail. 

9.3.1 Zero d-Axis Current (ZDC) Control 

The zero d-axis current control can be realized by resolving the three-phase stator cur-
rent in the stationary reference frame into d- and ç-axis components in the synchronous 
reference frame. The ¿/-axis component, ids, is then controlled to be zero [6]. With the d-
axis stator current kept at zero, the stator current is equal to its ^-axis component iqs: 

h = ¡äs + ßas = Ji, qs J "qs 

'■ -\jids + iqs =Íq. 

for id =0 (9.1) 

where is is the stator current space vector and is represents its magnitude, which is also 
the peak value of the three-phase stator current in the stationary reference frame. 

The electromagnetic torque of the generator, derived in Chapter 3, 

Te=\p{Kiqs-{Ld-Lq)iJqs) (9.2) 

can be simplified to 

Te=~PXriqs=~PXris (9.3) 
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where P is the pole pairs and \r is the rotor flux linkage produced by permanent magnets 
in the PMSG or by rotor winding in wound rotor synchronous generators (WRSGs). The 
above equation indicates that with i^ = 0, the generator torque is proportional to the stator 
current is. With a constant rotor flux linkage Ar, the torque exhibits a linear relationship 
with the stator current, which is similar to torque production in a DC machine with a con-
stant field flux, where the electromagnetic torque is proportional to the armature current. 

A space vector diagram for the generator operating with the zero ¿-axis stator cur-
rent is illustrated in Figure 9-2. The vector diagram is derived under the assumption 
that the stator resistance Rs is negligible and the rotor flux linkage is aligned with the 
¿-axis of the synchronous reference frame. All vectors in this diagram together with 
the dq-axis frame rotate in space at the synchronous speed, which is also the rotor 
speed of the generator cor. The stator current vector is is perpendicular to the rotor flux 
vector Xr The magnitude of the stator voltage is given by 

v, = V(vd ) 2 + ( 0 2 ■ T¡{arLqiqs)
2 +(œrÀ.r)

2 (9.4) 

The stator power factor angle is defined by 

<Ps=0v-0,. (9-5) 

where 6V and 0, are the angles of the stator voltage and current vectors, given by 

e ^ t a n " 1 - ^ 
vds 

e - t a n - ' ^ i 
ids 

(9.6) 

<?-axis 
** {vds = (»rLq 

ids Rs~0 C°'V<?* 
o-~t—Vv (+_)-

Vds 

"qs 

d-axis circuit 

„ co,L„ i„„ = 0 (ùrXr 'v Rs~0 r *..f 
O « KA/ !- +> &1 

q-axis circuit lds - 0 d-axis 

(a) Vector diagram (b) dq-axis steady state model 

Figure 9-2. Space vector diagram of synchronous generator with ZDC control. 
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For the ZDC scheme, ids = 0, the stator power factor angle is given by 

9,=ev-Qi = tan 
-i V 

vds 

K for ids = 0 (9.7) 

9.3.2 Maximum Torque per Ampere (MTPA) Control 

The maximum torque per ampere control generates a given torque with a minimum 
stator current [6]. For a given rotor flux linkage, the generator torque given in Equation 
(9.2) is a function of dq-axis stator currents ids and iqs. This implies that the generator 
can produce a given torque with different values of ids and iqs, which are the flux-pro-
ducing and torque-producing components of the stator current, respectively. It is then 
possible to produce a torque with minimum stator current by adjusting the ratio of ids to 
iqs. For a given stator current is, the magnitude of its ¿-axis current can be calculated by 

'ds - y's ~ >d, qs 
(9.8) 

Substituting the above equation into (9.2), the generator torque can be expressed as a 
function of i„.: 

T.=\rfa-&-L,)(JF<y*) (9.9) 

In the nonsalient generator, the d- and <?-axis inductances are equal. The above equa-
tion can be simplified to Equation (9.3), where only the ç-axis current contributes to 
the torque production. By setting the ¿-axis current to zero, the generator torque is pro-
duced by the minimum stator current (is = iqs). Therefore, the ZDC control for the non-
salient generator is essentially the MTPA control. 

For the salient-pole generator, the MTPA scheme can be derived through the fol-
lowing steps. Differentiating (9.9) with respect to iqs, we have 

di 

3P 

' 2 
K-(^-^%+Q-d-Lqy i 

V*H 
(9.10) 

To find the maximum torque per ampere, one can set the above derivative to zero: 

from which 

\-(Ld-Lq)ids+{Ld-Lq)
l-^ = 0 

lds 

(9.11) 

— ± ' T+ i2 for L. * L 
\ 2 qs d q 

2^-LJHLq-Ld) 
(9.12) 
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The first term on the right side of the equation has a negative value since the d-axis in-
ductance Ld of a PMSG is usually lower than the q-ax\s inductance Lq. To minimize 
the ¿/-axis stator current \id^ for the MTPA control, the positive sign for the second 
term of on the right side of (9.12) should be selected. 

For a given electromagnetic torque Te and rotor flux linkage A„ the dq-ax\s stator 
currents for the MTPA scheme can be obtained by solving 

Te=\p(*.riqs-{Ld-Lq)idsiqs) 

for Ld * Lq (9.13) 

h. = 
* 2&-0 UL,-LJ 

+ it 

The space vector diagram of the generator with MTPA control is given in Figure 9-3, 
where 8 is angle of the stator current vector with respect to the <?-axis, given by 

5 = t a n - 1 ^ = - - 0 i forO<0, < n (9.14) 
•qs 

Figure 9-4a shows an example for trajectory of 0.8 pu torque with different combi-
nations of the dq-axis rms stator currents Ids and Iqs of a generator. The stator current Is 

versus Ids is also given in the figure. The stator current Is reaches its lowest value 
(0.845 pu) at Ids of 0.44 pu, at which point the MTPA operation is achieved. The tra-
jectory of the generator torque produced by the MTPA scheme is illustrated in Figure 
9-4b. It intersects with the 0.8 pu torque at a point where the torque is produced with a 

vds = m¿q iqs 

¡äs Rs~o M ^ o^-^A 0 -
Vds 

d-axis circuit 

mr(Xr-Ldids) iqs tfs = 0
 œ ^ " ^ 

o^——w—<3—O-

q-axis circuit 

ids d-axis 

(a) Vector diagram (b) dq-axis steady state model 

Figure 9-3. Space vector diagram of synchronous generator with MTPA control. 
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(a) Trajectory of the stator current at Te = 0.8pu 
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(b) MTPA trajectory 

Figure 9-4. Trajectory of maximum torque-per-ampere control. 
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Te = 0.2pn 

A - ^ r : 

l.Opu 

= 0.8pu 

minimum stator current. The main feature of the MTPA scheme is that it can produce a 
desired torque with a minimum stator current. This maximizes the utilization of the 
stator current and minimizes the losses dissipated in the stator winding. 

9.3.3 Unity Power Factor (UPF) Control 

To simplify the analysis, let us neglect the small voltage drop across the stator resis-
tance Rs. The phase angles of the stator voltage and current can then be calculated by 
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0„ = tan 

6 i = tan" 

- l 
(v \ 

v qs = tan 
V ds J 

'qs 

'ds 

ü)rXr-o)rLdids 

<°rLq^ 
(9.15) 

Unity power factor operation can be realized when the stator power factor angle <ps be-
tween the stator voltage and current is zero: 

<ps=ev-0,.=o (9.16) 

The space vector diagram for the generator with UPF control is shown in Figure 9-5. 
Substituting (9.15) into (9.16) yields 

'ds 

•2 «2 

n for ids, we have 

K+J%-4LdLq 

2Ld 

\-\Xr-UdLq 

~ K^ds 

i2 

£ 

= 0 

(a) Not valid 

2LA 

(9.17) 

(9.18) 

The ¿/-axis stator current calculated by Equation (9.18) has two possible values. It can 
be verified through numerical calculations that Equation (9.18a) is not valid since the 
c/-axis stator current calculated by this equation normally exceeds its rated value. To 
have a valid solution to Equation (9.18b), k2

r - ALj^^ > 0, from which the g-axis sta-
tor current should satisfy the following constraint: 

7 < 
'qs — ijLdTq 

(9.19) 

9.3.4 Comparison of ZDC, MTPA, and UPF Controls 

The performance of the ZDC, MTPA, and UPF schemes is further investigated and 
compared in this section for both salient and nonsalient synchronous generators. The 
investigation is carried out by three case studies. It is assumed that the generator oper-
ates with the MPPT control and, therefore, the generator's shaft input torque is propor-
tional to the square of the rotor speed. 

Case Study 9-1—Performance of Synchronous Generator with ZDC 
Control. In this case study, the steady-state performance of nonsalient and salient-
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Vds = (SlrLq iq 

vqs = «>r(kr-Ld ids) 

d-axis 

Figure 9-5. Space vector diagram of synchronous generator with UPF control. 

pole synchronous generators with zero ¿-axis current control is investigated. The ZDC 
scheme is studied by a numerical example, followed by analysis of the generator oper-
ating in the full speed range. 

Consider a 2.45 MW, 4000 V, 490 A nonsalient pole PMSG operating under the 
rated conditions. The parameters of the generator are given in Table B-10 in Appendix 
B. The electrical rotor speed cor and mechanical torque Tm of the generator are 

(Or=2nfs = In x 53.3 = 334.89 rad/sec (1.0 pu) 

Tm = 58.459 kN-m (1.0 pu) 
(9.20) 

The dq-axis stator currents of the generator with ZDC control are 

ids=0 for ZDC 

T. 58.459xl0J 

qs \.5xPxXr 1.5x8x7.03 
= 692.96 A 

(9.21) 

where \r is the peak value of the rotor flux produced by the permanent magnets (Àr = 
7.03 Wb), and Te is the electromagnetic torque, which is equal to the input mechanical 
torque Tm when the generator is in steady state, 
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Te=Tm (9.22) 

The rms stator current is 

Is=is/j2= yjil +i2
qs /V2 = 692.96/4l = 490.0 A (1.0pu) (9.23) 

From the steady-state model of the generator in Figure 9-2b, the dç-axis stator voltages 
are 

¡vds=-IdRs+corLqiqs=22793SY 
1 (9 24) 
K = - / , ,* , -(»rLdids + o>rXr = 2338.97 V 

The rms stator voltage is 

Vs=vsl4l= -¡v2
ds +v2

qsl4l= 3265.9/<Jl = 2309.37V (1.0pu) (9.25) 

The angles of the stator voltage and current vectors are 

9V = tan-1 -^- = 0.798 rad (45.74°) 
Vds 

Ö,=tan""1-^ = ^ / 2 rad (90°) 

(9.26) 

lds 

The stator power factor angle is 

<¡,s=ev-e. =-0.7725 rad (-44.26°) (9.27) 

From which the stator power factor of the generator is calculated as 

PFS = cos(ps = cos(^4.26°) = 0.716 (9.28) 

The stator (output) active power is 

Ps = 3 V, I, cos çs = 2431.2 kW (9.29) 

Following the same steps, the stator voltage Vs, stator current I„ stator power factor 
PFS, mechanical torque Tm, and mechanical power Pm can be calculated for the entire 
speed range. Results are illustrated in Figure 9-6a. It is assumed in the above calcu-
lations that the SG based WECS operates with an MPPT scheme, whereby the me-
chanical power Pm of the generator is proportional to the cube of its mechanical 
speed (om. 

The ZDC control scheme for a salient-pole PMSG of 2 MW, 690 V, 1868 A is also 
analyzed, and the results are given in Figure 9-6b. The parameters of the generator are 
given in Table B-l 1 of Appendix B. It is illustrated that at the rated rotor speed, the 
stator current and voltage exceed their rated values of 1.0 pu. This indicates that the 
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(b) Salient-pole PMSG 

Figure 9-6. Performance of synchronous generator with ZDC scheme. 

ZDC scheme may not be suitable for salient PMSG since the optimal operation of the 
generator cannot be achieved with ids = 0. 

Case Study 9-2—Performance of Synchronous Generator with MTPA 
Scheme. As presented earlier, the MTPA scheme for nonsalient synchronous gener-
ators is equivalent to the ZDC control, which has been analyzed in Case Study 9-1. 
This case study, therefore, only investigates the performance of salient-pole synchro-
nous generators with MTPA control. 

Consider the 2 MW, 690 V, 1868 A salient-pole synchronous generator used in the 
previous case study. At the rated operating conditions, the electrical rotor speed wr and 
mechanical torque Tm of the generator are 
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cor = 2X7TX11.25 Hz = 70.69 rad/sec (1.0 pu) 

Tm = 852.78 kN-m (1.0 pu) 
(9.30) 

For the MTPA control, Equation (9.13) must be satisfied. Solving the equation by nu-
merical methods, the dq-axis stator currents are 

ids =892.14 A (0.4777 pu) 

iqs= 2486.1 A (1.3311 pu) 

The rms stator current is 

Is=isl4l= Jil +i2
qsl4l=\867.8A (l.Opu) 

The dq-axis stator voltages are 

- i A A I + û ) r V f » = 4 0 5 - 3 V 
\vds 

I v. <p -¡g, Rs - (»rLd'ds + MA = 391.3 V 

The rms stator voltage is 

Vs =vsl42=T¡vl+v2
qs 142 =398.4V (l.Opu) 

The angles of the stator voltage vector and current vectors are 

9V = tan-1 ^ 1 = 0.7678 rad (43.99°) 
Vds 

0,. = tan-1 -^- = 1.2263 rad (70.26°) 
'ds 

The power factor angle is 

<ps zz ev -ei = 0.7678-1.2263 = -0.4585 rad (-26.27°) 

from which the stator power factor of the generator is 

PFS =coscps =cos(-26.27°) = 0.8967 

The angle of the stator current vector with respect to the ^r-axis is 

«5 = — - 0 , = — -1.2263 = 0.3445 rad (19.74°) 
2 ' 2 

The stator (output) active power is 

Ps = 3VS Is costps = 2001.6 kW 

(9.31) 

(9.32) 

(9.33) 

(9.34) 

(9.35) 

(9.36) 

(9.37) 

(9.38) 

(9.39) 
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Figure 9-7 shows the characteristics of the 2 MW/690 V salient-pole synchronous gen-
erator with MTPA scheme. In order to achieve the MTPA control, the stator current 
angle S (with respect to the q-axis) is adjusted according to the rotor speed of the gen-
erator. 

Case Study 9-3—Performance of Synchronous Generator with UPF 
Control. The steady-state characteristics of synchronous generators with UPF 
scheme are investigated in this case study. To achieve the unity power factor operation 
at different rotor speeds, the constraints specified by Equations (9.18) and (9.19) must 
be satisfied. Following the same procedure as presented in previous case studies, the 
performance curves for the 2 MW/690 V salient-pole and 2.45 MW/4000 V nonsalient 
generator are depicted in Figure 9-8. 

For the salient generator, the stator current I„ stator voltage Vs, mechanical torque 
Tm, mechanical power Pm, and the stator current vector angle 5 all increase nonlinearly 
with the rotor speed wm, as shown in Figure 9-8a. When the rotor speed <am increases to 
0.92 pu, the stator current reaches its rated value and stator current vector angle 8 ap-
proaches its maximum value of TT/4. This implies that the generator under the UPF 
control cannot operate at a rotor speed higher than 0.92 pu. 

Figure 9-8b shows the performance curves for the 2.45 MW nonsalient generator 
with the UPF control scheme. A similar phenomenon can be observed. The nonsalient 
generator reaches its limit specified by Equation (9.19), at which point the dq-axis cur-
rents are 

* 2jlj7 2Ld 

. _K-^r-^LdL/qs _ xr 

2 1 , 21 , 

: L (nonsalient SG) (9.40) 

* 0.897 

0.345 rad 

0.2 0.4 0.6 0.8 com(pu) 

Figure 9-7. Characteristics of salient-pole synchronous generator with MTPA scheme. 
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Figure 9-8. Performance of synchronous generator with UPF control. 

and the stator current angles are 

-1 lqs 
0 , = t a n - ' ^ = ;r/4 rad (45°) 

8=--0i=7t/4 rad (45°) 
2 ' 

(9.41) 

This case study shows that the speed range of the salient and nonsalient generators 
with UPC control may be limited. It is noted that a PMSG can be specially designed to 
operate with unity power factor in the full speed range, if required. 

Table 9-1 provides a summary for the operating range of synchronous generators 
with ZDC, MTPA, and UPF schemes. In summary, the ZDC scheme is valid for non-
salient synchronous generators, the MTPA scheme can be used for both salient-pole 
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Table 9-1. Operating range of synchronous generators with ZDC, MTPA, 
and UPF schemes 

Generator Control Scheme 

Nonsalient generator 
Salient-pole generator 

ZDC 

Full 
Partial 

MTPA 

Full 
Full 

UPF 

Partial 
Partial 

and nonsalient generators, and the UPF scheme has limited operating range. The above 
conclusion is made based on two synchronous generators. Generators with different 
power and voltage ratings were examined as well and similar results were obtained. 

9.4 SG WIND ENERGY SYSTEM WITH BACK-TO-BACK VSC 

In the SG WECS, three system variables should be tightly controlled: (1) the maxi-
mum active power that can be produced by the wind turbine at a given wind speed, (2) 
the reactive power injected to the grid as dispatched by the supervisory controller or 
grid operator, and (3) the DC link voltage of the power converters. In most cases, the 
generator-side converter controls the active power of the generator with maximum 
power point tracking while the grid-side converter controls the DC voltage and reac-
tive power to the grid. 

In this section, the operating principle, dynamic performance, and steady-state op-
eration of two typical SG wind energy systems with back-to-back PWM converters are 
investigated. These are (1) a nonsalient SG wind energy system with ZDC and optimal 
torque control (OTC), and (2) a salient-pole SG wind energy system with MTPA and 
rotor speed feedback control. 

9.4.1 Nonsalient SG WECS with ZDC and Optimal Torque 
Control 

The block diagram of a nonsalient PMSG wind energy system with ZDC and optimal 
torque control is shown in Figure 9-9, where the generator-side converter (rectifier) 
controls the active power of the system, and the grid-side converter (inverter) controls 
the DC voltage and the system reactive power. Depending on the power and voltage 
ratings of the system, the converters can be two-level voltage source converters, paral-
lel converters, or three-level neutral point clamped (NPC) converters, as discussed in 
Chapters 4 and 5. 

To facilitate the analysis of the control schemes, the following assumptions are 
made: 

• There are no power losses in the converter system and the generator output pow-
er is equal to the active power delivered to the grid. 

• The voltage and current harmonics produced by the converters do not affect the 
design of the control system, and, therefore, are neglected in the analysis. 
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Figure 9-9. Control scheme of nonsalient SG wind energy system with ZDC control. 

As shown in Figure 9-9, the MPPT operation is achieved by the optimal torque control 
introduced in Chapter 2. The active power control is realized by controlling the gener-
ator torque Te through the torque-producing component iqs of the stator current. The 
reference torque T* is generated by the OTC block according to the measured rotor 
mechanical speed wm. The reference for the torque-producing stator current i*s is cal-
culated from T* and according to Equation (9.3). 

The d-axis stator current reference i% is set to zero to realize the ZDC control 
scheme. For rotor flux field orientation, the rotor flux position angle 8r is detected by 
an encoder mounted on the shaft of the generator. The measured three-phase stator 
currents, ias, ibs, and ics, are transformed into the dq-axis currents, ids and iqs (from sta-
tionary frame to rotor flux synchronous frame, using the abcldq transformation). In 
practice, only two of the three stator currents need to be measured. The third current 
can be calculated by equating ias + ibs + ics = 0 for a three-phase balanced system. 

The measured dq-axis stator currents are then compared with their reference cur-
rents, i% and i*s, respectively. The errors are sent to two PI controllers, which generate 
the dq-axis reference voltages, v*s and v*s for the rectifier. These two synchronous-
frame reference voltages are then transformed to three-phase reference voltages, v£, 
vfs, and v*s, in the abc stationary frame via the dqlabc transformation. The transforma-
tion of the variables between the abc stationary frame and the dq synchronous frame 
can be performed by Equations (3.1) and (3.3) (Chapter 3). 

The three-phase sinusoidal reference voltages are sent to the PWM generation 
block. Either carrier-based pulse width modulation or space vector modulation (SVM) 
techniques can be employed. Neglecting the harmonic components, the rectifier input 
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voltages, vas, vbs, and vcs, which are also the stator voltages of the generator, can then 
be adjusted according to their reference values such that the active power of the gener-
ator is controlled. 

The main function of the inverter is to control the reactive power and the DC link 
voltage vdc. The grid voltage (vag and vbg), the grid current (iag, and ibg), and the DC 
voltage (vdc) are measured. A phase locked loop (PLL) is required to track the grid 
voltage vector and generate the grid voltage angle dg for voltage oriented control 
(VOC). The VOC scheme is discussed in detail in Chapter 4 and, thus, not repeated 
here. 

9.4.2 Transient and Steady-State Analysis of Nonsalient SG 
WECS 

The performance of the nonsalient SG wind energy system controlled by the ZDC 
scheme is investigated through the following two case studies. 

Case Study 9-4—Start-up Transients Analysis of Nonsalient SG WECS 
with ZDC Control. The start-up transients of the SG wind energy system in Figure 
9-9 are investigated in this case study. A 2.45 MW/4000 V nonsalient PM generator is 
employed. System parameters and operating conditions are summarized in Table 9-2. 

It is assumed that the dynamic response of the turbine mechanical system is very 
slow in comparison to that of the control system of the power converter (this is due to 

Table 9-2. Parameters and operating condition of a 2.45 MW/4000 V nonsalient 
PMSG WECS 

Nonsalient PMSG 

Control Scheme 

System input 
variables 

Rectifier 

Inverter 

DC link filter 

Grid voltage 

2.45 MW, 4000 V, 53.3 Hz, 400 rpm, 
490 A 

For generator 

For wind energy system 

¿/-axis stator current 
Torque reference 
DC link voltage reference 

Converter type 
Modulation scheme/switching frequency 
Harmonic filter 

Converter type 
Modulation scheme/switching frequency 
Harmonic filter (line inductance) 

Capacitor 

Three-phase balanced 

Table B-10, Appendix B 

Zero d-axis current (ZDC) 
scheme 

Optimal torque control (OTC) 

'4 = 0 
T* from MPPT block 
vdc = 6987 V (3.06 pu) 

Three-level NPC inverter 
SVM/740 Hz 
No 

Two-level VSC 
SVM/2040 Hz 
16.884 mH (0.2 pu) 

1667 u.F (4.0 pu) 

4000 V/60 Hz 
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the large combined moment of inertia). This leads to a further assumption that the 
speeds of the turbine and generator are constant during the adjustment of the converter 
output power. Figure 9-10 shows the simulated waveforms during the start-up of the 
SG wind energy system. The system starts when the speed of the generator is brought 
to its rated value by the wind, at which point the power converter system and its con-
troller are activated. 

At t = 0.25 sec, the generator torque Te starts to increase. It follows its reference T* 
and ramps up to the rated value (1 pu) at t = 1.25 sec, and is then kept constant. With 
the ZDC scheme, the ¿/-axis stator current ids is kept at zero. The o-axis stator current 
iqs is proportional to the generator torque Te. Note that these two currents are in the ro-
tor flux synchronous frame and, therefore, are DC values in steady state. The phase-a 
stator current of the generator ias is also illustrated in the figure. Its amplitude is pro-
portional to that of the a-axis current iqs. The DC voltage vdc is kept at its reference val-
ue of 3.05 pu by the inverter during the transient and in steady state. 

On the grid side, the reactive power Qg is kept at zero by the controller for unity 
power factor operation. The active power to the grid Pg has a negative value, indi-
cating that the power is fed from the inverter to the grid. This corresponds to the ref-
erence direction of the grid current ig, which is from the grid to the inverter, as 
shown in Figure 9-9. The amplitude of the phase-a grid current iag varies proportion-
ally with the active power. Due to use of decoupled PI controllers in the VOC 
scheme, the adjustment of active power Pg over time does not affect the reactive 
power Qg of the system. 

Case Study 9-5—Steady-State Analysis of Nonsalient SG WECS with 
ZDC Control. The steady-state operation of the nonsalient 2.45 MW/4000 V SG 
wind energy system is further studied. Figure 9-11 shows the simulated steady-state 
waveforms of the rectifier and generator. The rectifier is a three-level NPC type, and 
is controlled using a conventional SVM scheme. The device switching frequency is 
740 Hz, which leads to an equivalent rectifier switching frequency of 1480 Hz. The 
line-to-line voltage of the rectifier, vabs (which is also the stator voltage), has five 
voltage levels, and an amplitude equal to the DC voltage vdc. The fundamental com-
ponent of the line-to-line voltage, vabsU and the phase voltage, vœl, are also shown in 
Figure 9-11. 

The stator current waveform ias is near sinusoidal due to the large dq-axis induc-
tance of the generator and use of the PWM technique. The phase-a rotor flux \ar has a 
sinusoidal waveform. The stator current angle 8¡ (90°), stator voltage angle 0V (45.74°), 
and stator power factor angle (ps (—44.26°), are also shown in Figure 9-11. These val-
ues match very well with those calculated based on the steady-state equivalent circuit 
of the generator in Case Study 9-1. The corresponding space vector diagram for the 
generator with the ZDC control is shown in Figure 9-1 lb. 

The generator operates at its rated speed of 400 rpm, which can be verified by mea-
suring the fundamental frequency of the stator current waveform (53.3 Hz). The rotor 
flux angle 8r varies with time periodically when the generator operates in steady state. 
When the rotor flux angle 6r is zero, the phase-a rotor flux \ar reaches its peak value 
shown by Points in Figure 9-1 la and c. 
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Figure 9-10. Simulated waveforms of a nonsalient SG wind energy system during start-up. 
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Figure 9-11. Steady-state analysis of a nonsalient SG with ZDC control. 

9.4.3 Salient-Pole SG WECS with MTPA and Rotor Speed 
Feedback Controls 

This section presents a rotor speed feedback control scheme for salient-pole SG wind 
energy systems [7-8]. Figure 9-12 shows the block diagram of such a system. There 
are three major differences in comparison with the control scheme presented in the 
previous section: 
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Figure 9-12. Block diagram of salient-pole SG WECS with MTPA and rotor speed feedback 
controls. 

1. A salient-pole synchronous generator is employed instead of a nonsalient gener-
ator. 

2. The MTPA control is used for the salient-pole generator versus the ZDC scheme 
for the nonsalient generator. 

3. A rotor speed feedback control is employed with optimal power control for MPPT. 

To implement the rotor speed feedback control, the rotor mechanical speed wm is de-
tected and controlled by the rotor speed PI controller. The rotor speed reference w* is 
generated from the measured mechanical power Pm. To realize the MPPT operation, 
rotor speed reference is calculated by 

co=Kml[E (9.42) 
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where coefficient Km can be determined by the rated rotor speed and rated mechanical 
power of the generator. 

To implement the MTPA for the salient-pole generator, the reference values for the 
¿&7-axis currents, i% and i*s, are calculated according to Equation (9.13), given by 

qs 

2T* 
l^3P{K-(Ld-Lq))ids

 ( a ) 

, r~^i : (9-43) 

2(A,-0 Í*(Lq-Ldj 
■(C) o» 

where i^ is the measured ¿-axis stator current, T* is generated by the rotor speed PI 
controller, and Ar is rotor flux linkage, a constant value in PMSG. 

The main function of the Pm calculator is to calculate the mechanical power of the gen-
erator based on measured dq-axis stator voltages and currents as shown in Figure 9-12: 

pm=p,+ PcU = 2 ( v * + V * ) + -QjRs (9.44) 

where is = V(/ds)
2 + (z'9J)

2 and Pcu is the power losses in the stator winding. The mea-
sured stator voltage contains a large amount of switching harmonics produced by the 
PWM rectifier. Low-pass filters (LPFs) are required to filter out the harmonics for ac-
curate calculation of average mechanical power for the MPPT control. 

9.4.4 Transient and Steady-State Analysis of Salient-pole SG 
WECS 

The performance of a salient-pole SG wind energy system with MTPA and rotor speed 
feedback controls is examined through the following two case studies. 

Case Study 9-6—Transient Analysis of Salient-Pole SG WECS with Ro-
tor Speed Feedback Control. The transients of a 2 MW/690 V salient-pole 
PMSG wind energy system caused by a step change in wind speed are investigated. 
The power-versus-rotor speed characteristics of the system at wind speed of 0.7 pu and 
1.0 pu are illustrated in Figure 9-13. The system initially operates at a rotor speed of 
0.7 pu (15.75 rpm) as indicated by Point A. The case study investigates the transients 
when the wind speed suddenly increases to its rated speed of 1.0 pu, and the operating 
point is then moved from Point A to C. The generator and system parameters for the 
case study are given in Table 9-3. 

The simulated waveforms of the 2 MW PMSG WECS operating from 0.7 to 1.0 pu 
rotor speed are given in Figure 9-14. 

During 0 < t < 0.5 sec, the system operates in steady state at 0.7 pu rotor speed, at 
which point the mechanical power Pm is 0.343 pu (0.7)3 and the mechanical torque Tm 

is 0.49 pu. The electromagnetic torque of the generator Te is equal to the mechanical 
torque. The system operates at Points in Figures 9-13 and 9-14. 
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Figure 9-13. Pm versus wm characteristics of SG WECS at two different wind speeds. 

Table 9-3. Parameters and operating condition of the salient-pole PMSG WECS 

Synchronous 
generator 

Control scheme 

System input 
variables 

Rectifier 

Inverter 

Grid 

DC link filter 

Moment of inertia 

Generator ratings: 
2 MW, 690 V, 50 Hz, 22.5 rpm 
1867.8A, 852.8kN-m 

For generator 
For wind energy system 

Rotor speed reference produced by 
MPPT algorithm 

DC link voltage reference 
Grid-side reactive power reference 

Converter type 
Modulation scheme / switching frequency 
AC harmonic filter 

Converter type 
Modulation scheme/switching frequency 
Harmonic filter (line inductance) 
Power factor 

Grid voltage 

Capacitor 

Reduced for short simulation time 

Generator parameters: 
Table B-11 (Appendix B) 

MTPA 
Rotor speed feedback with 

optimal power control 

Two-level VSC 
SVM/2 kHz 
No 

Two-level VSC 
SVM/2 kHz 
0.1515 mH (0.2 pu) 
Unity (PF =1) 

690 V, 50 Hz 

53.49 mF (6.0 pu) 

321,660 kgm 2 ( / /= 0.4 sec) 
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Figure 9-14. Transients of salient-pole SG wind energy system with rotor speed feedback con-
trol. 

At t = 0.5 sec, the wind speed suddenly increases to the rated value of 1.0 pu. The 
turbine mechanical torque Tm is instantly increased from 0.49 pu to its rated value of 
1.0 pu. However, the mechanical speed of the generator cannot change instantaneously 
due to the moment of inertia. As a result, the measured mechanical power Pm, and then 
the speed and torque references, o>* and T* remain unchanged, which makes the gen-
erator torque Te unchanged, as shown in Figure 9-14. 

During 0.5 < t < 2.0 sec, the difference between the mechanical torque Tm and the 
electromagnetic torque Te causes the generator to accelerate (the rotor speed increases 
accordingly). The system finally reaches its steady-state operating point C at t = 2.0 
sec, at which Te is equal to Tm and the rotor speed reaches its rated value of 1 pu. 

The rectifier phase-a PWM voltage vas is also shown in Figure 9-14. The frequency 
and magnitude of its fundamental-frequency component vajl vary with the rotor speed, 
accordingly. 

The waveforms for the dq-axïs stator currents ids and iq„ stator power factor angle <ps, 
and phase-a grid current iag during the system transients are illustrated in Figure 9-15. The 
dq-axis stator currents in the synchronous frame are of DC form. The stator power factor 
angle <ps and the magnitude of the grid current i vary with the rotor speed, accordingly. 
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Figure 9-15. Transient waveforms for salient-pole SG WECS with rotor speed feedback con-
trol. 

Case Study 9-7-Steady-State Analysis of 2 MW/690 V PMSG WECS 
with MTPA Scheme. The operation of the 2 MW/690 V salient-pole PMSG wind 
energy system is further analyzed at the rotor speed of 0.7 pu. The analysis starts 
with the steady-state calculations, followed by computer simulation. The generator 
parameters are given in Table B-11 of Appendix B. Note that switching harmonics 
produced by the power converters are not considered in the steady-state analysis. 

At the rotor speed of 0.7 pu, the stator frequency ¿ , the rotor speed (or in rad/sec, 
electromagnetic torque Te, and mechanical power Pm of the generator are given by 

¿ = 11.25 x 0.7 = 7.875 Hz 

œr = In fs = 49.48 rad/sec, or 

2nP. 
< o = - (22.5 rpm)x 0.7 = 49.48 rad/sec 

60 
Te = (0.7fxTeR =0.49x852.78 = 417.86 kN-m 

p =(fl.T)3xPtK= 0.343x2009.3 =689.19kW 

(9.45) 
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Based on Equation (9.13), the dq-axis stator currents are obtained: 

ids= 282.34 A (0.151 pu) 

iqs= 1335.77 A (0.715 pu) 

The peak and rms stator currents are 

/,= 7 4 + 4 = 1365.3A (0.731 pu) 

/S=/S /V2=965.4A (0.517 pu) 

Using the SG steady-state equivalent circuit, the dq-axis stator voltages are 

fv* = -idsRs + ö U X , = 152.47 V -r-q-qs 

■qs 
: -/„./?, - œ,LHU + (OrXr = 310.72 V 

The peak and rms stator voltages are 

v, = Jvl+vl = 346.1V (0.869 pu) 

Vs=vsl4l= 244.74V (0.614pu) 

The angles of the stator voltage and current vectors are 

ev = tan-1-^- = 1.1146rad (63.9°) 

0, = tan-1 '-£- = 1.3624 rad (78.1°) 
'ds 

The stator power factor angle and power factors are 

0s = ev - 0, - -0.248 rad (-14.2 °) 

PFs =cos0s =cos(-14.2°) =0.9694 

The stator (output) active power is 

Ps =3VsIscos(ps= 687.1 kW 

(9.46) 

(9.47) 

(9. 48) 

(9. 49) 

(9.50) 

(9.51) 

(9.52) 

The steady-state waveforms of the PMSG WECS operating at 0.7 pu rotor speed are 
shown in Figure 9-16a. The peak values of the phase-a stator voltage vail and stator 
current ias, and angles of the stator voltage 6V, stator current 0„ and stator power factor 
<Ps, match the steady-state calculations and can be easily verified. The corresponding 
space vector diagram is given in Figure 9-16b. 
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Figure 9-16. Steady-state waveforms and space vector diagram. 

9.4.5 Grid-Side MPPT Control Scheme 

In the control schemes presented above, the active power of the wind energy system is 
controlled by the rectifier to achieve MPPT control, whereas the DC link voltage is 
regulated by the inverter. An alternative approach would be to adjust the active power 
by the inverter and control the DC voltage by the rectifier, as shown in Figure 9-17. 

The control of the DC voltage is achieved by a PI controller that compares the mea-
sured DC voltage vdc with its reference vjc. The output of the PI controller is the refer-
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Figure 9-17. Control scheme of SG wind energy system with grid-side MPPT control. 

ence for the g-axis stator current i*s. The reference for the ¿/-axis stator current i% is 
zero to satisfy the ZDC scheme. The dq-axis current reference signals, i% and i*„ are 
then sent to the generator controller block, which closely controls the dq-axis stator 
currents (refer to Figure 9-9 for detailed control scheme). 

For the inverter control, the reference for the active power to the grid, P*, is calcu-
lated by the MPPT block according to the measured wind velocity or rotor speed cor. 
The grid current reference signals, i$g and i*g, are generated according to the active and 
reactive power requirements. The current references are then sent to the inverter con-
troller block, through which the active and reactive power of the system is regulated. 
The DC link voltage control by the rectifier (Figure 9-17) may not perform as well as 
the DC link voltage control by the inverter (Figure 9-9) due to the fact that the rectifier 
input voltage varies with the rotor speed, whereas the grid voltage is constant in most 
cases. 

9.5 DC/DC BOOST CONVERTER INTERFACED SG WIND 
ENERGY SYSTEM 

A DC/DC boost converter with a three-phase diode rectifier can be used to replace the 
PWM rectifier discussed in the previous sections. This could simplify the control and 
potentially reduce the cost of the system. There are two distinctive characteristics of 
this type of wind energy system: 

1. The rotor flux of the synchronous generator is produced by permanent magnets 
or rotor field winding, and, therefore, the generator does not require the rectifier 
to provide magnetization as it does for the induction generators. 

2. The output DC voltage of the boost converter can be regulated (increased) to a 

www.EngineeringEBooksPdf.com



9.5 DC/DC BOOST CONVERTER INTERFACED SG WIND ENERGY SYSTEM 303 

level required by the inverter. This is especially important at low wind speeds, 
when the output voltage of the diode rectifier is too low for the inverter to oper-
ate properly. 

Figure 9-18 shows the block diagram of a typical wind energy system interfaced using 
a DC/DC boost converter. Similar to the other wind energy systems, three variables 
need to be tightly controlled: the DC voltage, the generator active power, and the grid 
reactive power. The DC voltage vdci produced by the diode rectifier varies with the 
generator speed.The DC voltage vdc2, however, is maintained at a constant value. Due 
to the boost nature of the converter, the DC voltage vdc2 is normally higher than vdcl. 
The active power of the generator is controlled by adjusting the duty cycle D of the 
boost converter through a PI controller, whereas the reactive power is adjusted by the 
inverter in the same manner as that presented in Chapter 4. 

Figure 9-19 shows the simulated steady-state waveforms. The waveform is distort-
ed, caused by the nonlinear nature of the diode rectifier. The current waveform con-
tains fifth and seventh harmonics with a magnitude of about 15% and 7%, respective-
ly, as shown in the harmonic spectrum. 

Due to the harmonics in the stator current, the generator torque waveform contains 
ripples. The dominant harmonic torque is at the sixth harmonic (10%), which is main-
ly produced by the fifth- and seventh-order harmonic currents. This is one of the main 
drawbacks of the diode-rectifier-based wind energy system. The torque ripples may 
also cause additional mechanical vibrations and torsional resonances in large wind en-
ergy systems. 

It is noted that due to the use of a diode rectifier, the PMSG operates with a power 
factor close to unity. However, a PMSG may not be able to produce the rated power 
with unity power factor operation as illustrated in Figure 9-8. To solve the problem, 
the PMSG should be redesigned. For simplicity, the problem was mitigated in the sim-
ulation by reducing dq-axis inductance of the PMSG to 20% of its original value given 
in Table B-ll. 

Figure 9-18. DC/DC boost converter interfaced SG wind energy system. 
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Figure 9-19. Generator current and voltage waveforms at the rated operating conditions. 

9.6 REACTIVE POWER CONTROL OF SG WECS 

This section focuses on a few issues related to the reactive power control of the SG 
wind energy system, including (1) the decoupled control of active and reactive power, 
and (2) the effect of the grid voltage and converter rating on maximum reactive power 
to the grid. 

Case Study 9-8—Reactive Power Analysis of SG Wind Energy Sys-
tems. In this case study, the control of the grid-side reactive power of an SG wind en-
ergy system is studied, and the effects of grid voltage variation and the inverter power 
rating are examined. To illustrate the reactive power control, the SG wind energy sys-
tem shown in Figure 9-9 is used as an example. The system parameters are listed in 
Table 9-3, except that the reference for the DC voltage is set to 2.94 pu. In the follow-
ing analysis, it is assumed that: 
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• The inverter is ideal with no power losses. 
• The power and voltage rating for the inverter is 2 MVA/690 V (1.0 pu). 
• The effect of current/voltage harmonics on active and reactive power is neglect-

ed. 

It is assumed that for a given wind speed, the generator operates at a rotor speed of 
0.8 pu. The grid-side active power Pg and maximum reactive power Qg<miK that the in-
verter can provide are calculated by 

p =-(co „ t = - 0 . 8 3 = -0.512 pu (-1.024MW) 
. g V rpuJ_ V (9.53) 
£ ^ = ± 7 ^ = ±0-859 pu (±1.718MVAR) 

Figure 9-20 shows the simulated waveforms. The active power of the system is kept 
at -0.512 pu (the minus sign indicates that the power is delivered from the inverter 
to the grid). The reactive power to the grid Qg follows its reference Q* (not shown) 
and ramps up at t = 0.5 sec to its maximum positive value of +0.859 pu (lagging). It 
ramps down at t = 1.5 sec to its maximum negative value of-0.859 pu (leading). The 
active power to the grid Pg is kept constant during the adjustment of the reactive 
power. 

Figure 9-20. Decoupled active and reactive power control at tor = 0.8 pu. 
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The waveform of the phase-a grid current iag varies with the reactive power. Its am-
plitude is v 5 pu (rated) when Pg = -0.512 pu and Qg = ±0.859 pu, [Sg = 1.0 pu (rat-
ed)]. The DC voltage vdc is closely controlled by the inverter, and does not vary with 
the change in the reactive power. 

Figure 9-21 shows the expanded steady-state waveforms of the grid current and 
voltage around t = 1.0 sec (Qg = +0.859 pu) and around t = 2.0 sec (Qg = -0.859 pu). 
Lagging or leading power factor operations are shown in Figure 9-21, where the grid 
current lags the voltage by 120.8° or leads the voltage by the same angle (Figure 9-
21b). The inverter operates under the rated conditions when both current and voltage 

(-120.8°) Leading PF 
(-Ö) 

£ 
(120.8°) 

-+V, ag 

Lagging PF 
(+Ö) 

(c) Phasor diagram 

Figure 9-21. Grid-side waveforms and phasor diagram at wr = 0.8 pu. 
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are at 1 pu, rms. The grid-side active, reactive and apparent power can be calculated 
by 

P =V I cos m 
g ag ga T g 

O = V I sin (¡o 
i i g ag ag Tg 

= -0.512 pu (-1.024 MW) 

= ±0.859 pu (±1.718 MVAR) 

S* = >/(ßJ + (pJ = l ° Pu i 2 M V A > 

(9.54) 

The corresponding phasor diagram of the system is shown in Figure 9-2 lc. 
The maximum reactive power ög>max that can be injected to the grid is limited by 

the power rating of the inverter. Figure 9-22 illustrates the relationship between ögimax 

and the speed of the generator wr under the MPPT scheme. In general, ßg,max decreas-
es with the increase of o>r. When the generator operates at 0.5 pu speed with the rated 
grid voltage at Point A of Figure 9-22a, the active power delivered to the grid is 0.125 
pu and the maximum capacity for the reactive power is 0.992 pu. At wr = 0.8 pu, the 
maximum reactive power to the grid is 0.859 pu. At Point C, the inverter delivers its 
rated active power to the grid and, therefore, does not have extra capacity to produce 
reactive power. 

The maximum capacity of the reactive power decreases with the reduction of the 
grid voltage. Figure 9-22a shows such a case, where the grid voltage Vg is reduced to 
0.8 pu. Since the active power of the system is kept constant by the MPPT scheme, the 
reduction of the grid voltage causes an increase in the active component of the grid 
current, and reduces the reactive power capacity. 

To increase the reactive power capacity of the wind energy system, the power con-
verters can be oversized. Figure 9-22b shows the relationship between Qg<miX and cor 

when the inverter current rating is increased by 20% to satisfy higher reactive power 
requirements for the system. 
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Figure 9-22. Effect of grid voltage variation and converter rating on Qg 
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9.7 CURRENT SOURCE CONVERTER BASED SG WIND ENERGY 
SYSTEMS 

In this section, two control schemes for SG wind energy systems using current source 
converter technology are presented and analyzed. 

9.7.1 CSC Wind Energy Systems with Delay Angle Control 

As discussed in Section 7.5 of Chapter 7, a current source converter can be controlled 
by delay angle, modulation index, or both. Figure 9-23 shows a control scheme of the 
CSC SG wind turbine system with delay angle control only. This system is different 
from that presented in Figure 7-21 (Chapter 7) in the following aspects: 

• A PMSG is employed instead of an SCIG. 

• The ZDC scheme is implemented for the PMSG (Figure 7-21 included a FOC 
scheme for the SCIG). 

• The rotor flux angle 0r is measured directly by a digital encoder instead of flux 
angle df being obtained by measured stator voltages and currents in the SCIG 
WECS. 

Figure 9-23. CSC SG wind energy system with delay angle control. 
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• The reference direction for the stator current flows out of the synchronous gener-
ator (generator convention) compared with the SCIG stator current with its refer-
ence direction flowing into the machine (motor convention). 

• There is no need to detect or control the rotor flux Xr for the PMSG. 

The major differences are indicated by a dashed box in Figure 9-23. 

Case Study 9-9—Steady-State Analysis of a CSC SG Wind Energy Sys-
tem. The purpose of the case study is to analyze the steady-state performance of a 
CSC PMSG wind energy system controlled by the ZDC scheme. Consider the wind 
energy system of Figure 9-23 with a 2.45 MW, 4000 V, 400 rpm nonsalient pole 
PMSG operating at the rotor speed of 0.8 pu. The parameters of the generator are giv-
en in Table B-10 in Appendix B. Figure 9-24 shows the simulated steady-state wave-
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Figure 9-24. Waveforms of the CSC PMSG wind energy system with delay angle control. 
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forms for phase-a stator current ias, stator voltage vas, rotor flux \as, and rectifier PWM 
current iawr. 

The waveforms of the rotor flux angle 6n and the delay angle for the PWM current 
dwr are also illustrated. The definitions for the rotor flux angle 0r and the angle of the 
rectifier PWM current vector 6wr are given in the space vector diagram of Figure 9-25 
together with the stator power factor angle (ps and the stator voltage angle 8V. Note that 
the rotor flux vector \r and rectifier PWM current vector iwr rotate in space at the syn-
chronous speed of wr and their relevant angles are referenced to the a-axis of the stator 
frame. Therefore, dr and 6wr, vary periodically from zero to 2ir with time. The stator 
power factor angle <ps and the stator voltage angle 6V are constant since the vectors vs 

and is and the if-axis of the synchronous frame all rotate at the same speed in space 
when the system operates in steady state. 

At the rotor speed of 0.8 pu, the electrical rotor speed <wr and mechanical torque Tm 

of the generator are 

\cor = 2nfsR xO.8 = 27TX53.3x0.8 =267.92 rad/sec 

■TmR x0.8 = 37.413 kN-m 
(9.55) 

The stator currents of the generator with ZDC control are 

ids = 0 for ZDC 

37.413xl0J 

qs 1.5xPxAr 1.5x8x7.03 

is=y¡il+i2
qs =443.5 A (0.905 pu) 

443.5 A (9.56) 

where Ar = 7.03 Wb, and Te=Tm = 37.413 kN-m. 
The dq-axis stator voltages are 

vd¡=-itbR,+arLqigs = ll663W 

V = -i„Ä, - a>rLdids + G>rh = 1872.7 V 

vs = ^l+v2
qs = 2206.2 V (0.955 pu) 

The angles of the stator voltage, current, and power factor are 

(9.57) 

0v = tan"1 -£■ = 1.014 rad (58.1°) 

9. = tm-i-3L = 7c/2 rad (90.0°) 
L 

4>t=0v-0,= -0.557 rad (-31.9°) 

(9.58) 
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Figure 9-25. Space vector diagram for CSC PMSG wind energy system. 

The stator power factor is 

PFS = cos (ps = cos(-31.9°) = 0.849 (leading) 

From which the stator (output) active power can be calculated: 

Ps = 3 Vs Is cos<ps =1246.0 kW 

(9.59) 

(9.60) 

To calculate the capacitor current and rectifier PWM currents, the steady-state equiva-
lent circuit of Figure 9-26 can be used. The ú?<?-axis currents in the filter capacitor Cr 

are 

) icrd =-œrvqsCr =-267.92 xl872.71xl49.0xl0 = -74.76 A 

\icrq =(orvdsCr =267.92x1166.33x149.0x10"6 =46.56A 
(9.61) 

where Cr is equal to 149 u.F (0.233 pu). The capacitor is selected such that the LC res-
onant frequency is around 0.25 pu, which is sufficiently low to avoid possible LC res-
onances that may be excited by the switching harmonics in the system. It should be 
noted that the subscripts crd and crq in Equation (9.61) are used instead oí der and qer 
to avoid confusion with the subscript dc for the DC link variables. 
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ldw 

Vds 

lds 
-A/\ Q-

■ ¡era 

(T)-0)rCrv? 

vqwr 
O « — 

vqs 

¿-axis circuit 

arLd >ds <° A-
lqs 

lcrq 

(T) 03rCr Vds 

<?-axis circuit 

Figure 9-26. Steady-state equivalent circuit for CSC SG wind energy system. 

The rectifier input currents can be calculated by 

idwr = ids -hrd = 0-(-74.76) = 74.76 A 

Í igwr = iqs -hrq = 443.5-46.56 = 396.9 A (9.62) 

> = ^ L + ^ = 4 0 3 . 9 A (0.824pu) 

from which the rectifier delay angle is 

« = t a n - ' ^ L = t a n - i ^ 6 ^ = 79.3c lJL 
ldwr 14.16 

(9.63) 

The calculated peak values for the stator current is (0.905 pu), stator voltage vs (0.955 
pu), and fundamental rectifier PWM current iwr (0.824 pu), as well as angles, including 
0V (58.1 °), <ps (-31.9°), and ar (193°), correlate well with simulated results in Figure 9-
24. The operation and control of the current source inverter for the PMSG WECS re-
main the same as that discussed in Chapter 7 and, therefore, are not repeated here. 

9.7.2 CSC Wind Energy System with Reactive Power Control 

To control the reactive power of the CSC wind energy system in addition to the active 
power and DC current control, both delay angle and modulation index control can be 
used for the current source rectifier and inverter. Figure 9-27 shows a block diagram of 
such a system, in which the active power control is achieved by the rectifier through 
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Figure 9-27. CSC SG wind energy system with active and reactive power control. 

generator torque regulation, whereas the DC current and the reactive power control are 
realized by the inverter [9]. 

The control of the rectifier and generator is the same as that given in Figure 9-23 ex-
cept that a modulation index control is added. The rectifier modulation index mr can be 
calculated by dividing the rectifier current reference z'*r by the measured DC current idc. 

For the inverter control, the three-phase grid and capacitor voltages are measured. 
The measured grid voltages in the stationary frame are transformed into dq-axis vari-
ables in the grid voltage reference frame using the grid voltage angle 6g and the abcldq 
transformation block. The reference for the q-axis (reactive) grid current i*g is ob-
tained according to the reactive power reference Q*. The ¿-axis (active) grid current 
reference idg is generated by the DC current PI controller. 

The references for the dq-ax'is inverter PWM currents, i%wi and i*w¡, can be found from 

'dwi = ¿dg ~'dpi = 'dg+0}g^ivciq 

•* = ■* _ ■ = •* _ r ( 9 ' 6 4 ) 

lqwi lqg lqpi lqg ("gl^iVcid 

where a)g is the grid frequency, and icid and iciq are the dq-axis capacitor currents ob-
tained from its steady-state model. Based on idwi and i*wi, the amplitude of the inverter 
PWM current /'*, and the inverter delay angle a, can be calculated by the Cartesian-to-
polar transformation: 
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(9.65) 

<*,= ̂ "'(C/iw) 

The inverter modulation index TO,- is calculated by dividing the PWM current reference 
/*, by the measured DC current idc. It is fed to the inverter PWM generation block to-
gether with 6wi, where 6wi is the angle of the inverter PWM current. The CSC SVM 
scheme presented in Chapter 4 can be used for the inverter control. 

To determine the DC current reference /Jc, the rectifier- and inverter-side DC cur-
rent references, i*cr and i%h should be considered. The rectifier-side reference i*cr is 
derived by dividing the rectifier PWM current reference i*wr by its maximum modula-
tion index «„„„,. The inverter-side reference i%¡ is calculated by dividing the inverter 
current reference /*,- by its maximum modulation index mimax. The use of maximum 
modulation indices leads to minimum DC current and can reduce the overall power 
converter loss. The two calculated DC current references (i*cr and i$.¡) are usually dif-
ferent. The larger value is selected as the DC current reference i% by the MAX block 
to ensure the proper operation of the system. 

Figure 9-28 shows experimental results obtained from a small laboratory CSC 
PMSG wind energy system, where vabg and iag are the line-to-line grid voltage and 
phase-a grid current, respectively. The experimental system was developed according 
to the control scheme in Figure 9-27. The system operated at the rotor speed of 0.7 pu 
with a leading and lagging power factor. 

9.8 SUMMARY 

This chapter provided a comprehensive analysis of various configurations and control 
schemes for synchronous generator based wind energy systems. Three control schemes 
for the salient and nonsalient synchronous generators (SG) were analyzed, including 
zero ¿-axis current (ZDC) control, maximum torque per ampere (MTPA) control, and 
unity power factor (UPF) control. The performance of these SG control schemes were 
analyzed and compared. 

Advanced control schemes for SG wind energy systems using voltage- and current 
source converters were discussed. Three main control tasks, generator-side active 
power control, grid-side reactive power control, and DC voltage/current control, were 
analyzed in detail. The operating principle and important concepts were illustrated by 
case studies. 
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APPENDIX A 

PER-UNIT SYSTEM 

Table A-1 provides definitions of base values for the per-unit system, in which the rat-
ed values of the wind generator or power converter are selected as the base values. The 
per-unit system in this book is mainly used to present simulation and calculation re-
sults. In other words, all computer simulations and numerical calculations are conduct-
ed with SI units, but presented or displayed in per-unit terms for the convenience of 
analysis and discussion. 

Table A-1. Definitions of base values for the per-unit system 

Base Apparent Power SB = SR (VA) 

Base Active Power PB = PmR (W) 

Base Voltage 

Base Current 

VRW 

= /*(A) 

SR—Rated apparent power of the generator or 
power converter 

PmR—Rated mechanical power of the generator. 
Refer to Figure A-1 for the definition of 
mechanical power Pm for induction 
generators. 

VR—Rated phase voltage of the generator or 
power converter 

IR—Rated phase current of the generator or 
power converter 

(continued) 
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Table A-1. Continued 

Base Frequency 

Base Rotor Speed 

Base Torque 

Base Flux Linkage 

Base Wind Speed 

Base Impedance 

Base Inductance 

Base Capacitance 

o)B = 2-nfR (rad/s) fR—Rated stator frequency of the generator or 
nominal frequency of the electric grid 

(omB = (omR (rad/s) (ümR—Rated rotor mechanical speed; u>mR = (rated 
<i)rB = <i)rR (rad/s) rpm) x 27r/60 

u>rR—Rated rotor electrical speed; wrR = a>mR x P 

TB = Tm.R (N-m) TmM—Rated mechanical torque; TmR = Pm,Rlo)mJ{ 

AB = — (Wb) 
u>B 

——Nominal flux linkage 

VW.B = V « (ro/s) v„R—Rated wind speed 

V« 
ZB = -^(il) 

'B 

ZB 

LB = — (H) wB 

CR 
OJgZi 

(F) 

Figure A-1. Power flow of an induction generator in a wind energy system. 

www.EngineeringEBooksPdf.com



APPENDIX B 

GENERATOR PARAMETERS 

This appendix provides detailed parameters for a number of generators used in case 
studies in various chapters and Appendix C. It is noted that all the paratmeters listed in 
this appendix are referred to the stator side. 

B.1 SQUIRREL CAGE INDUCTION GENERATORS 

Table B-1. 2.3 MW, 690 V, 50 Hz squirrel cage induction generator (SCIG) 
parameters 

Generator Type SCIG, 2.3 MW, 690 V, 50 Hz 

Rated Output Power 
Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 

2.30 MW 
2.3339 MW 
2.59 MVA 
690 V (rms) 
398.4 V (rms) 
2168 A (rms) 
50 Hz 
0.888 
1512 rpm 
-0.008 
2 
14.74 kN-m 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
(continued) 
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Table B-1. Continued 

Generator Type SCIG, 2.3 MW, 690 V, 50 Hz 

Rated Stator Flux Linkage 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lls 

Rotor Leakage Inductance, L,r 

Magnetizing Inductance, Lm 

Moment of Inertia, J 
Inertia Time Constant, H 
Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

1.2748 Wb(rms) 
1.2096 Wb(rms) 
1.102 mil 
1.497 mil 
0.06492 mH 
0.06492 mH 
2.13461 mH 
1200 kgm2 

5.8078 sec 
1.2681 Wb(rms) 
0.1838 Í1 
0.58513 mH 
17316.17 M-F 

1.0053 pu 
0.9539 pu 
0.006 pu 
0.008 pu 
0.111 pu 
0.111 pu 
3.6481 pu 

1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Note: H = J(a>m)2l(2SB) 

Table B-2. 1.45 MW, 575 V, 50 Hz SCIG parameters 

Generator Type SCIG, 1.45 MW, 575 V, 50 Hz 

Rated Output Power 
Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Rated Slip 

Number of Pole Pairs 
Rated Mechanical Torque 
Rated Stator Flux Linkage 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lh 

Rotor Leakage Inductance, Llr 

Magnetizing Inductance, Lm 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

1.45 MW 
1.4707 MW 
1.72 MVA 
575 V (rms) 
331.98V(rms) 
1723 A (rms) 
50 Hz 
0.8439 
1007.2 rpm 
-0.0072 
3 
13.944 kN-m 
1.063 Wb (rms) 
0.9757 Wb (rms) 
1.354 mil 
1.39 mil 
0.1044 mH 
0.0498 mH 
1.77016 mH 
1.0567 Wb (rms) 
0.1922 i l 
0.61187 mH 
16599.34 (j.F 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
1.006 pu 
0.9233 pu 
0.007 pu 
0.0072 pu 
0.1706 pu 
0.0814 pu 
2.8931 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
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Table B-3. 3 MW, 3000 V, 60 Hz SCIG parameters 

Generator Type SCIG, 3.0 MW, 3000 V, 60 Hz 

Rated Output Power 
Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Rated Stator Flux Linkage 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lls 

Rotor Leakage Inductance, Llr 

Magnetizing Inductance, Lm 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

3.0 MW 
3.0402 MW 
3.36 MVA 
3000 V (rms) 
1732.1 V(rms) 
646.1 A (rms) 
60 Hz 
0.8934 
1812 rpm 
-0.0067 
2 
16.022 kN-m 
4.6199 Wb (rms) 
4.3916 Wb (rms) 
16.623 mil 
18.152 mii 
0.782 mH 
0.782 mH 
27.168 mH 
4.5944 Wb (rms) 
2.6786 O 
7.105 mH 
990.3 M-F 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
1.0056 pu 
0.9559 pu 
0.0062 pu 
0.0068 pu 
0.1101 pu 
0.1101 pu 
3.8237 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-4. 4 MW, 4000 V, 50 Hz SCIG parameters 

Generator Type SCIG, 4.0 MW, 4000 V, 50 Hz 

Rated Output Power 
Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Rated Stator Flux Linkage 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

4.0 MW 
4.0606 MW 
4.842 MVA 
4000 V (rms) 
2309.4 V (rms) 
698.88 A (rms) 
50 Hz 
0.8261 
1510.5 rpm 
-0.007 
2 
25.671 kN-m 
7.3917 Wb (rms) 
6.7114 Wb (rms) 
22.104 mil 
23.1515 mil 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
1.0055 pu 
0.913 pu 
0.0067 pu 
0.007 pu 

(continued) 
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Table B-4. Continued 

Generator Type SCIG, 4.0 MW, 4000 V, 50 Hz 

Stator Leakage Inductance, L¡s 

Rotor Leakage Inductance, Llr 

Magnetizing Inductance, Lm 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

1.698 mH 
1.698 mH 
33.597 mH 
7.3511 Wb(rms) 
3.3044 H 
10.518 mH 
963.29 u.F 

0.1614pu 
0.1614 pu 
3.1942 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

B.2 DOUBLY FED INDUCTION GENERATORS 

Table B-5. 1.5 MW, 690 V, 50 Hz doubly fed induction generator (DFIG) parameters 

Generator Type 

Rated Mechanical Power 
Rated Stator Line-to-line Voltage 
Rated Stator Phase Voltage 
Rated Rotor Phase Voltage 
Rated Stator Current 
Rated Rotor Current 
Rated Stator Frequency 
Rated Rotor Speed 
Nominal Rotor Speed Range 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lls 

Rotor Leakage Inductance, Lir 

Magnetizing Inductance, Lm 

Base Current, ¡B = 1.5 MW/(V3 x 690 V) 
Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

DFIG, 1.5 MW, 690V, 50 Hz 

1.5 MW 
690 V (rms) 
398.4 V (rms) 
67.97 V (rms) 
1068.2 A (rms) 
1125.6 A (rms) 
50 Hz 
1750 rpm 
1200-1750 rpm 
-0.1667 
2 
8.185 kN-m 
2.65 mil 
2.63 mil 
0.1687 mH 
0.1337 mH 
5.4749 mH 
1255.1 A (rms) 
1.2681 Wb(rms) 
0.3174 n 
1.0103 mH 
10028.7 p,F 

1.0 pu 

1.0 pu 
0.1706 pu 
0.8511 pu 
0.8968 pu 
1.0 pu 
1.0 pu 
0.686-1.0 pu 

1.0 pu 
0.0084 pu 
0.0083 pu 
0.167 pu 
0.1323 pu 
5.419 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-6. 1 MW, 575 V, 60 Hz DFIG parameters 

Generator Type DFIG, 1.0 MW, 575 V, 60 Hz 

Rated Mechanical Power 
Rated Stator Line-to-line Voltage 
Rated Stator Phase Voltage 
Rated Rotor Phase Voltage 

1.0 MW 
575 V (rms) 
331.98 V (rms) 
67.97 V (rms) 

1.0 pu 

1.0 pu 
0.2047 pu 
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Table B-6. Continued 

Generator Type 

Rated Stator Current 
Rated Rotor Current 
Rated Stator Frequency 
Rated Rotor Speed 
Nominal Rotor Speed Range 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lls 

Rotor Leakage Inductance, Llr 

Magnetizing Inductance, Lm 

Base Current, IB = 1 MW/(V3 x 575 V) 
Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

DFIG, 1.0 MW, 575 V, 60 Hz 

829.2 A (rms) 
882.2 A (rms) 
60 Hz 
2160 rpm 
1350-2160 rpm 
-0.2 
2 
4.421 kN-m 
3.654 mi) 
3.569 ran 
0.1304 mH 
0.1198 mH 
4.12 mH 
1004.1 A (rms) 
0.8806 Wb (rms) 
0.3306 fl 
0.877 mH 
8022.93 |xF 

0.8258 pu 
0.8786 pu 
1.0 pu 
1.0 pu 
0.625-1.0 pu 

1.0 pu 
0.0111 pu 
0.0108 pu 
0.1487 pu 
0.1366 pu 
4.6978 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-7. 5 MW, 950 V, 50 Hz DFIG parameters 

Generator Type 

Rated Mechanical Power 
Rated Stator Line-to-line Voltage 
Rated Stator Phase Voltage 
Rated Rotor Phase Voltage 
Rated Stator Current 
Rated Rotor Current 
Rated Stator Frequency 
Rated Rotor Speed 
Nominal Rotor Speed Range 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, L¡s 

Rotor Leakage Inductance, L,r 

Magnetizing Inductance, Lm 

Base Current, ¡B = 5 MW/(V3 x 950 V) 
Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

DFIG, 5.0 MW, 950 V, 

5.0 MW 
950 V (rms) 
548.48 V (rms) 
381.05 V (rms) 
2578.4 A (rms) 
3188.7 A (rms) 
50 Hz 
1170 rpm 
670-1170 rpm 
-0.17 
3 
40.809 kN-m 
1.552 mil 
1.446 mil 
1.2721 mH 
1.1194 mH 
5.5182 mH 
3038.7 A (rms) 
1.7459 Wb (rms) 
0.1805 H 
0.5746 mH 
17634.9 jiF 

50 Hz 

1.0 pu 

1.0 pu 
0.6947 pu 
0.8485 pu 
1.0494 pu 
1.0 pu 
1.0 pu 
0.573-1.0 pu 

1.0 pu 
0.0086 pu 
0.008 pu 
2.2141 pu 
1.9483 pu 
9.6044 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
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Table B-8. 6 MW, 4000 V, 50 Hz DFIG parameters 

Generator Type 

Rated Mechanical Power 
Rated Stator Line-to-line Voltage 
Rated Stator Phase Voltage 
Rated Rotor Phase Voltage 
Rated Stator Current 
Rated Rotor Current 
Rated Stator Frequency 
Rated Rotor Speed 
Nominal Rotor Speed Range 
Rated Slip 
Number of Pole Pairs 
Rated Mechanical Torque 
Stator Winding Resistance, Rs 

Rotor Winding Resistance, Rr 

Stator Leakage Inductance, Lh 

Rotor Leakage Inductance, Llr 

Magnetizing Inductance, Lm 

Base Current, IB = 6 MW/(V3 x 4000 V) 
Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

DFIG, 6.0 MW, 4000 V, 

6.0 MW 
4000 V (rms) 
2309.4 V (rms) 
381.05 V (rms) 
733.9 A (rms) 
793.9 A (rms) 
50 Hz 
1170rpm 
800-1170 rpm 
-0.17 
3 
48.971 kNm 
26.86 mil 
25.74 mil 
0.23142 mH 
0.2183 mH 
25.908 mH 
866.03 A (rms) 
7.3511 Wb (rms) 
2.667 Í1 
8.488 mH 
1193.66 U.F 

,50 Hz 

1.0 pu 

1.0 pu 
0.165 pu 
0.8474pu 
0.9167 pu 
1.0 pu 
1.0 pu 
0.684-1.0 pu 

1.0 pu 
0.0101 pu 
0.0097 pu 
0.0273 pu 
0.0257 pu 
3.0522 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

B.3 SYNCHRONOUS GENERATORS 

Table B-9. 2 MW, 690 V, 9.75 Hz nonsalient pole permanent magnet synchronous 
generator (PMSG) parameters 

Generator Type 

Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Number of Pole Pairs 
Rated Mechanical Torque 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

cf-axis Synchronous Inductance, Ld 

<?-axis Synchronous Inductance, Lq 

PMSG, 2.0 MW, 690 V, 9.75 Hz, 
nonsalient pole 

2.0 MW 
2.2419 MVA 
690 V (rms) 
398.4 V (rms) 
1867.76 A (rms) 
9.75 Hz 
0.8921 
22.5 rpm 
26 
848.826 kNm 
5.8264 Wb (rms) 
0.821 mil 
1.5731 mH 
1.5731 mH 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
0.896 pu 
0.00387 pu 
0.4538 pu 
0.4538 pu 
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Table B-9. Continued 

Generator Type 
PMSG, 2.0 MW, 690 V, 9.75 Hz, 

nonsalient pole 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

6.5029 Wb 
0.2124 ÎÎ 
3.4666 mH 
76865.87 |JLF 

1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-10. 2.45 MW, 4000 V, 53.33 Hz nonsalient pole PMSG parameters 

Generator Type 

Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Number of Pole Pairs 
Rated Mechanical Torque 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

¿-axis Synchronous Inductance, Ld 

«/-axis Synchronous Inductance, Lq 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

PMSG, 2.45 MW, 4000 V, 53.33 Hz, 
nonsalient pole 

2.4487 MW 
3.419 MVA 
4000 V (rms) 
2309.4 V (rms) 
490 A (rms) 
53.33 Hz 
0.7162 
400 rpm 
8 
58.4585 kN-m 
4.971 Wb(rms) 
24.21 mfi 
9.816 mH 
9.816 mH 
6.892 Wb (rms) 
4.6797 il 
13.966 mH 
637.72 (JLF 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
0.7213 pu 
0.00517 pu 
0.7029 pu 
0.7029 pu 
1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-11. 2 MW, 690 V, 11.25 Hz salient pole PMSG parameters 

Generator Type 
PMSG, 2.0 MW, 690 V, 11.25 Hz, 

salient pole 

Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Number of Pole Pairs 

2.0093 MW 
2.2408 MVA 
690 V (rms) 
398.4 V (rms) 
1867.76 A (rms) 
11.25 Hz 
0.8967 
22.5 rpm 
30 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

(continued) 
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Table B-11. Continued 

Generator Type 

Rated Mechanical Torque 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

rf-axis Synchronous Inductance, Ld 

q-axis Synchronous Inductance, Lq 

Optimal Angle of Stator Current (with respect 
to <7-axis) 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

PMSG, 2.0 MW, 
salien 

852.77 kN-m 
4.696 Wb (rms) 
0.73051 mil 
1.21 mH 
2.31 mH 

19.738° 
5.6358 Wb (rms) 
0.2125 ÎÎ 
3.006 mH 
66584.41 (JLF 

690 V, 
tpole 

11.25 Hz, 

1.0 pu 
0.8332 pu 
0.00344 pu 
0.4026 pu 
0.7685 pu 

1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 

Table B-12. 2.5 MW, 4000 V, 40 Hz salient pole PMSG parameters 

Generator Type 
PMSG, 2.5 MW, 4000 V, 40 Hz, 

salient pole 

Rated Mechanical Power 
Rated Apparent Power 
Rated Line-to-line Voltage 
Rated Phase Voltage 
Rated Stator Current 
Rated Stator Frequency 
Rated Power Factor 
Rated Rotor Speed 
Number of Pole Pairs 
Rated Mechanical Torque 
Rated Rotor Flux Linkage 
Stator Winding Resistance, Rs 

¿-axis Synchronous Inductance, Ld 

ij-axis Synchronous Inductance, Lq 

Optimal Angle of Stator Current (with respect 
to (¡r-axis) 

Base Flux Linkage, AB 

Base Impedance, ZB 

Base Inductance, LB 

Base Capacitance, CB 

2.5 MW 
3.383 MVA 
4000 V (rms) 
2309.4 V (rms) 
485 A (rms) 
40 Hz 
0.739 
400 rpm 
6 
59.6831 kN-m 
4.759 Wb (rms) 
24.25 mil 
8.9995 mH 
21.8463 mH 
32.784° 

9.1888 Wb (rms) 
4.7295 O 
18.818 mH 
841.283 n-F 

1.0 pu 
1.0 pu 

1.0 pu 
1.0 pu 
1.0 pu 

1.0 pu 

1.0 pu 
0.5179 pu 
0.00513 pu 
0.4782 pu 
1.161 pu 

1.0 pu 
1.0 pu 
1.0 pu 
1.0 pu 
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APPENDIX 

PROBLEMS AND SOLUTIONS 

PROBLEMS AND ANSWERS FOR CHAPTER 3—WIND 
GENERATORS AND MODELING 

Topic: Steady-state and Power Flow Analysis of Induction 
Generators Using Conventional Equivalent Circuit 

3-1 (Solved Problem). A 2.3 MW, 690 V, 50 Hz squirrel cage induction generator 
(SCIG) is used in a fixed-speed wind energy conversion system (WECS). The SCIG is 
directly connected to the grid of 690 V/50 Hz. The generator parameters are given in 
Table B-1 of Appendix B. At a given wind speed, the SCIG operates at the rated speed 
of 1512 rpm. Using the induction generator equivalent circuit of Figure 3-13b, deter-
mine the following: 

a) The slip, and rotor mechanical and electrical speeds 
b) The stator and rotor currents 

c) The mechanical power and torque 
d) The stator and rotor winding losses 
e) The generator efficiency and power factor 
f) The stator and rotor flux linkages 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro 3 27 
© 2011 the Institute of Electrical and Electronics Engineers, Inc. Published 2011 by John Wiley & Sons, Inc. 

c 
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Solution: 

a) The slip: 

n-nr 1500-1512 s r 

1500 
-0.008 (negative slip) 

The rotor mechanical speed: 

com =1512x(27T/60) = 158.336 rad/sec 

The rotor electrical speed: 

œr =ûJmxP = 158.336x2 = 316.67 rad/sec 

The stator frequency: 

cos - In x 50 = 314.16 rad/sec 

b) The stator voltage: 

Vs = 690/V3Z00 =398.37Z0° V (rms) 

The equivalent impedance of SCIG: 

Z.=R,+jXb+jXJI 
R 
-+jxlr 

\ 
= 0.1838Z152.6°Q 

J 

where Xls = w^ = 0.0204 il, Xlr = w^, = 0.0204 ii, and Xm = w,Xm = 0.6706 O 
The stator current: 

j Vs 690/V3Z00 „ 1 £ £ W 1 C „ „ A , , 
L =^- = = 2168Z-152.6°A(rms) 

s Zs 0.1838Z152.60 

The rotor current can be calculated by 

jXm+\^ + jXlr 

2030.8Z-167.7° A (rms) 

c) The mechanical power: 

P- = 
■> R 

s 
3x2030.8zx 

2 1.497x10 -3 

-0.008 
(1 + 0.008) :2.3339xl06 W 
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The mechanical torque: 

T =P xP/co =14740 N-rn 
m m r 

d) The stator winding loss: 

/> C Ü , s =3x/^=15.538xl0 3 W 

The rotor winding loss: 

Pcur = 3 x / X =18.521 xlO3 W 

e) The stator output power of SCIG: 

P j = |p m | - | j p c u j | - | p u r | = 2.3339xl06-15.538xl03-18.521xl03 = 2300xl03 W 

The SCIG efficiency: 

7] = ^ - = 98.54% 

The stator power factor angle: 

cps =ZVS-ZIS =0°-(-152.6°) = 152.6° 

The stator power factor: 

PFs =cos0s =-0.888 (Lagging) 

f) The magnetizing flux linkage can be expressed as 

Am = (Ts - Jr)Lm = 1.2168Z -83.9° Wb (rms) 

Alternatively, 

Ä = V,-I.(R, + JXu) = i.2168Z-83.9° Wb (rms) 

The stator flux linkage can be obtained by 

As = Am + Ljs = 1.2748^-89.8° Wb (rms) 

The peak value of stator flux: 

X =y¡2A =1.8028 Wb 
s ' s 
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The rotor flux linkage can then be obtained by 

Ar = Äm -LJr = 1.2096Z-77.70 Wb (rms) 

The peak value of rotor flux: 

lr =4lAr= 1.7106 Wb 

3-2. Repeat Problem 3-1 when the SCIG operates at a speed of 1508 rpm: 

Answers: 

a) s = -0.00533, com =157.92 rad/sec, cor =315.83 rad/sec 
b) Zs= 0.2617Z149.62°Q, Is =1521.9Z-149.62°A, Ir =1368.4Z-171.73°A 
c) Pm=1.585xl06 W, rm=10038N-m 

d) Pcu,s = 7.6577xl03W, />c„ r =8.41xl03 W 
e) Ps =1.5692xlO6 W, 77=98.97%, PF, =-0.8627 
f) Zm=1.2259Z-85.89° Wb, As = 12127Z-89.88° Wb, 

Ar=1.2226Z-81.73°Wb 

Topic: Steady-State and Power Flow Analysis of Induction 
Generators using Approximate Equivalent Circuit 

3-3 (Solved Problem). Consider a 2.3 MW, 690 V, 50 Hz squirrel cage induction gen-
erator in a wind energy conversion system. The generator is directly connected to the 
grid of 690 V/50 Hz. The generator parameters are given in Table B-1 of Appendix B. 
At a given wind speed, the SCIG operates at a speed of 1510 rpm. Using the approxi-
mate induction generator equivalent circuit of Figure C-l, calculate the following: 

a) The slip, and rotor mechanical and electrical speeds 
b) The rotor and stator currents 
c) The mechanical power and torque 

+ 

0 

Is 

' 

jXm 

——^^~ 

/ 

i 

Rs 
W r -

¿sr 

jXls I 
—*— 

jXlr RJs 
AAJ* 

vVV 

Figure C-1. Approximate induction generator equivalent circuit. 
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d) The stator and rotor winding losses 

e) The generator efficiency and power factor 

Solution: 

a) The slip: 

n,-nt 1500-1510 nnrMin , t- ,. * 
s = — = = -0.00667 (negative slip) 

n, 1500 

The rotor mechanical speed: 

o»m = 1510x(27r/60) = 158.127rad/sec 

The rotor electrical speed: 

<or = com xP = 158.127x2 = 316.254 rad/sec 

The stator frequency: 

a>s =2^x50 = 314.16rad/sec 

b) The stator voltage: 

Vs = 690/A/3Z0° = 398.37Z00 V (rms) 

The equivalent impedance of SCIG: 

Zsr =R5 +jX,s +^ + jXlr = 0.22714Z169.65°Q 

where Xls = o)^,s = 0.0204 il, Xlr = coj,,, = 0.0204 il, and Xm = wsZ,m = 0.6706 il 
The rotor current: 

L = ̂ _ = 1753.855Z-169.65°A(rms) 
Z 

The magnetizing current: 

7 = - ^ - = 594.05Z - 90° A (rms) 
JXm 

The stator current: 

7, = lr + lm = 1950.1Z-152.22° A (rms) 
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c) The mechanical power: 

3 / r
2 - i ( l - 5 ) : 2.086x10° W 

The generator mechanical torque: 

Tm = P m x P / i ö r = 13191.7N-m 

d) The stator winding loss: 

^ , I =3x / I
2 Ä i =12 .573x l0 3 W 

The rotor winding loss: 

pcur =3x/r
2/?r =13.814xl03 W 

e) The stator output power of SCIG: 

P. =\p*\-K,s - fc, =2.0596x10° W 

The SCIG efficiency: 

7 7 = ^ = 98.74% 
P 

The stator power factor angle: 

<ps = ZVS-ZIS =0°-(-152.22°) = 152.22° 

The stator power factor: 

PFS = cos 9S =-0.8847 

3-4. Repeat Problem 3-3 when the SCIG operates at a speed of 1504 rpm. 

Answers: 

a) s = -0.00267, tt)m = 157.5 rad/sec, cor = 314.997 rad/sec 

b) Zsr =0.5618Z175.84° Í2, lr = 709.15Z-175.84° A, 
7S=957.59Z-137.61° A 

c) Pm =849.205xlO3 W, Tm =5391.83 N-m 
d) Pras=3.0315xl03 W, Pmr =2.2585xlO3 W 
e) Ps =843.915xl03 W, r¡ =99.38%, PFS =-0.7386 
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Topic: Steady-State Analysis of Permanent Magnet Synchronous 
Generators 

3-5 (Solved Problem). A 2.0 MW, 690 V, 11.25 Hz salient-pole, permanent-magnet 
synchronous generator (PMSG) is used in a stand-alone wind energy system. The pa-
rameters of the generator are given in Table B-11 of Appendix B. The generator is 
connected to an RL load as shown in Figure 3-25. The load parameters are given by RL 

= 0.19125 i l and LL = 1.3104 mH. At a wind speed of 12.0 m/s, the generator operates 
at 1.0 pu rotor speed. Neglecting the rotational and stator core losses, determine the 
following: 

a) The rotor mechanical and electrical speeds, and load impedance value 
b) The dq-axis and rms stator currents 
c) The dq-axis and rms stator voltages 

d) The mechanical power and torque 
e) The stator winding loss and power factor 
f) The stator active and reactive powers, and generator efficiency 

Solution: 

a) The rated rotor mechanical speed: 

(OmR = 22.5X(2TT760) = 2.356 rad/sec 

The rotor mechanical speed: 

ú)„ =ö)m>ÄXtt)mpu =2.356x1.0 = 2.356 rad/sec (22.5 rpm) 

The rotor electrical speed: 

m =(0 xP = 2.356x30 = 70.69 rad/sec 
r m 

The load impedance value can be calculated by 

ZL = RL+jXL = 0.19125 + 792.626 xlO-3 =0.2125Z25.84° Q 

b) The qr-axis stator current: 

; (OMRL + V 

"s (RL + Rsf+œ2
r(LL+Ld)(LL + Lq) 

The ¿-axis stator current: 

œ(L, +L) 
= ^_L ¡¿. = 1 4 5 7 - 1 A 

= 1093.1 A 
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The rms stator current: 

/ s = V d + C / ^ = 1288A 

c) The g-axis stator voltage: 

\s = -R.iv - û>, V * + ®A = 344 V 

The d-axis stator voltage: 

vd,=-R,id,+<o,L,iv=mA2V 

The rms stator voltage: 

V =JV
2 +v2 / 72 = 273.7 V 

s yj as qs y 

d) The electromagnetic torque developed by the PMSG: 

T.=Tm=lp[Xriv-(La-Lq)iJv] = 4O5.50xl03K-m 

The mechanical power: 

P = r t w / P = 955.44xl03W 
m m r I 

e) The stator winding loss: 

PCU,S=3(IS)
2RS = 3.635xlO3 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

Ö, = tan"1 -£- = 62.72° 

0, = tan - ' ^ = 36.88° 
ids 

The stator power factor angle: 

çs = 6V -6i = 25.84° => PFS = 0.9 (lagging) 

Alternatively, the stator power factor can be calculated by 

ç)s=tan" 
, RL , 

= 25.84° => PFS = 0.9 (lagging) 
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f) The stator active and reactive powers: 

Ps =3VsIscos<ps =951.81xl03 W 

Qs =WsIssm<ps = 460.98xl03 VAR 

Alternatively, 

^ = l - 5 ( v ^ + V ? s ) = 951.81xl03 W 

& = ! -SOW* - vjv ) = 460.98 x 103 VAR 

Alternatively, stator active power can be calculated by 

ps = Pm-Pcus = (955.44-3.635)xl03 =951.81xl03 W 

The efficiency of the PMSG is then 

T) = Ps IPm =951.81/955.44 = 99.62% 

Note: In the calculation of efficiency, only the stator winding losses are considered. 
The rotational and core losses of the generator are ignored. 

3-6. Repeat Problem 3-5 when the PMSG is connected to 0.8 pu pure R load. At a wind 
speed of 10.8 m/s, the generator operates at 0.9 pu rotor speed. 

Answers: 

a) 0)m = 2.121 rad/sec (20.25 rpm), œr = 63.62 rad/sec, ZL = 0.17 + y0 ÍÍ 

b) iqs =1782.7 A, ids = 1534.5 A , / , = 1663.2 A 

c) vqs = 303.07 V, Vds = 260.87 V, Vs = 282.76 V 

d) 7;=668.19xl03N-m, Pm = 1416.9xl03 W 

e) pcu,s =6.063xl03 W, PFS =1.0 
i) Ps =1.411xl03 W, g s = 0 V A R , 77=99.57% 

3-7. Repeat Problem 3-5 when the PMSG is connected to 0.7 pu pure L load. At a wind 
speed of 9.6 m/s, the generator operates at 0.8 pu rotor speed. 

Answers: 

a) com =1.885rad/sec (18rpm), a>r = 56.55rad/sec, ZL =0 + y'0.1488 Q 
b) iqs = 5.864 A, i„, = 2003.7 A, /, = 1416.92 A 

c) vqs= 238.4V, vds= -0.69V, Vs= 168.63V 

d) 7; = 233.4xl03N-m, Pm =439.96xlO3 W 
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e) Pcus = 4.399 x 103 W, PFs=0 (lagging) 
f) Ps = 0 W, Qs = 716.66x 103 VAR, 7j = not applicable 

3-8 (Solved Problem). Repeat Problem 3-5 when the PMSG is connected to RC load. 
The equivalent load impedance is: ZL = 0.19125 -y'92.6266 x 10"3 Si. 

Solution: 

a) The rated rotor mechanical speed: 

comJ{ = 22.5 x(27T/60) = 2.356 rad/sec 

The rotor mechanical speed: 

(Om = comR xcompu = 2.356x1.0 = 2.356rad/sec (22.5 rpm) 

The rotor electrical speed: 

cor = com xP = 2.356x30 = 70.69 rad/sec 

The load impedance: 

Z, =R,H—!— = Rea-JXea = 0.19125 - ./92.62 x 10-3 = 0.2125Z - 25.84° Q 

b) The g-axis stator current: 

íorXJRea +R.) 
r r\_eq sj_ = 2478.9 A lqs (Req +RS)

2+ (Xeq + corLd ){Xeq +corLq) 

The ¿-axis stator current: 

The rms stator current: 

/ , = ) / ' ¿ + 4 / ^ 2 = 1 8 6 7 - 8 A 

c) The q-axis stator voltage: 

v„ = -R,iv - <ärLdiäs + °>A = 389.59 V 

The ¿-axis stator voltage: 

vA =-*,/*+a>rL,i„ =404.11 V 
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The rms stator voltage: 

Vs = ^7^sl42 = 396.2 V 

d) The electromagnetic torque developed by the PMSG: 

^ = ^ = | / ' [ A r i v - ( ¿ l / - ¿ í ) ^ ] = 852.79xl03N-m 

The mechanical power: 

p = T co IP =2009.3xl03 W 
m m r I 

e) The stator winding loss: 

PCUtS=3(Is)
2Rs= 7.646xlO3 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

9V= tan-1 ^ - = 43.95° 

6. = tan-1 ^ - = 69.794° 

The stator power factor angle: 

cps = ev - 6¡ = -25.84° => PFS = 0.9 (leading) 

Alternatively, the stator power factor can be calculated by 

<Ps = t a n " 
±eq_ = -25.84° => PFS = 0.9 (leading) 

f) The stator active and reactive powers: 

Ps =WSIScos<p,=2001.7x103 W 

Qs = WJS sin (ps = -969.47 x 103 VAR 

Alternatively, 

^ = l - 5 ( v ^ + V i S ) = 2001.7xl03 W 

ft = 1.5( v * - vAiv) = -969.47 x 103 VAR 
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Alternatively, stator active power can be calculated by 

Ps=Pm-Pcu¡s = (2009.3-7.646)xlO3 = 2001.7xl03 W 

The efficiency of the PMSG neglecting rotational and core losses is then 

r¡ = PsIPm =2001.7/2009.3 = 99.62% 

3-9 (Solved Problem). A 2.5 MW, 4000 V, 40 Hz salient-pole PMSG is employed in a 
stand-alone wind power system. The parameters of the generator are given in Table B-
12 of Appendix B. The generator is connected to an RL load. The load parameters are 
given by RL = 3.5944 Q and LL = 10.726 mH. At given wind and generator speeds, the 
stator current is found to be is = 226.83 +yi25.33 A. Neglecting rotational and stator 
core losses, find the following: 

a) The rotor electrical and mechanical speeds, and load impedance value 

b) The dq-axis and rms stator voltages 
c) The mechanical power and torque 
d) The stator winding loss and power factor 
e) The stator active and reactive powers, and generator efficiency 

Solution: 

a) The ¿-axis stator current can be related to rotor electrical speed as 

(Qr{LL+Lq) 
, = = IL, 
ds D i D Is 

from which, the rotor electrical speed can be calculated by 

= 'JL(RL+R
S) = 2 0 1 0 6 r a d / s e c 

iv(LL+Lq) 

The rotor mechanical speed: 

0)m =(OrIP = 201.06/6 = 33.51 rad/sec (320 rpm) 

The output impedance value can be calculated by 

ZL=RL+ jXL = 3.5944 + y'2.6958 = 4.493Z36.870 Q 

b) The q-axis stator voltage: 

v„ = -RJqs - (àrLdids + (oX = 939.71 V 
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The ¿/-axis stator voltage: 

vds=-RJds+(OrLqiqs= 545.03 V 

The rms stator voltage: 

Vs=^vl+Vll4l= 768.15 V 

c) The electromagnetic torque developed by the PMSG: 

T =T =-P\l i -ÍL.-L )i,i 1= 10.88x10s N-m 
e m s% I r qs \ " ? / as ?i 

The mechanical power: 

Pm = 7>r/ .P=364.56xl03 W 

d) The stator winding loss: 

P c u = 3(1 s )
2RS= 2.443 xlO3 W 

where Is = Vz'^ + z'^/V2 = 183.25 A. The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

0„ = tan"' -£- = 59.87° 

6, = tan"1 -^- = 28.92° 

The stator power factor angle: 

cps = dv - 0 . = 30.964° => PFS = 0.8575 (lagging) 

Alternatively, the stator power factor can be calculated by 

VO 
R, 

<ps=tan-
v "•- j 

e) The stator active and reactive powers: 

30.964° => PFS = 0.8575 (lagging) 

Ps=WsIscos<ps = 362.12xl03 W 

Qs = 3VSISsin<ps= 217.27xlO3 VAR 
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Alternatively, 

P,=lS(v¿dl+v1,iq,) = 362.12xl03 W 

Qs = 1 -SCV* - v^s ) = 217.27 x 103 VAR 

Alternatively, stator active power can be calculated by 

Ps = Pm -Pcu<s =(364.56- 2.443) xlO3 = 362.12 xlO3 W 

The efficiency of the PMSG neglecting rotational and core losses is then 

t] = PsIPm =362.12/364.56 = 99.62% 

3-10. Repeat Problem 3-9 when the PMSG is connected to an RC load. The equivalent 
load impedance is ZL = 3.2161 —y'1.9931 ÎÎ. At given wind and generator speeds, the 
stator current is found to be is = 422.43 -y'464.26 A. 

Answers: 

a) œr = 226.195 rad/sec, com = 37.7 rad/sec (360 rpm), 
^=3.2161-71.9931 Q 

b) v„ =651.16 V, v^ = 2283.92 V, KS=1679.3V 

c) 7; = 50.797 xlO3 N-m, Pm=1915xl03W 
d) pcu,s =14.332xl03 W, PFS =0.85 (leading) 

e) Ps =1900.7xlO3 W, Qs =-1177.9xl03 VAR, 77=99.25% 

3-11 (Solved Problem). A stand-alone wind energy system employs a 2.5 MW, 4000 
V, 40 Hz salient PMSG. The parameters of the generator are given in Table B-12 of 
Appendix B. The generator is connected to an RC load. At given wind and generator 
speeds, the peak stator voltage and currents are found to be 1773.965 +yi031.742 V 
and 288.213 +/324.366 A, respectively. Neglecting the stator core and rotational loss-
es, calculate the following: 

a) The rms stator voltage and current 

b) The stator active and reactive powers 
c) The stator winding loss and power factor 
d) The rotor electrical and mechanical speeds 

e) The mechanical power and torque 
f) The load parameters 

Solution: 

a) The rms stator voltage: 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 3—WIND GENERATORS AND MODELING 341 

The rms stator current: 

^ = ^ 1 + ^ ^ = 306.8 A 

b) The stator active and reactive powers: 

Ps = 1.5(vdsids + vqsiqs ) = 1268.9x 103 W 

Qs = 1 . 5 ( V A - v ( i / i J ) = -417.08xl03 VAR 

c) The stator winding loss: 

P„^=3(/ , )2Äi=6.849xl03 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

ft. = tan"1 ̂ - = 30.18° 

0,= tan"' ^ - = 48.3775° 

The stator power factor: 

(ps = ev -6¡ = -18.195° => PFS = 0.95 (leading) 

Alternatively, the stator power factor can be calculated by 

P 
cosq>s =—-— = 0.95 (leading) 

-'' s*s 

d) The d-axis stator voltage can be related to rotor electrical speed as 

vd.=-RJd.+o>rWv 

from which, the rotor electrical speed can be calculated by 

= Vds+RsIds = 2 5 j 327 ra(j/sec 

The rotor mechanical speed: 
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ö)m=u)r/ /
> = 251.327/6 = 41.888rad/sec (400rpm) 

e) The electromagnetic torque developed by the PMSG: 

Te=Tm= \P [K iqs - (Ld - Lq )ijqs ] = 30.457 x 103 N-m 

The mechanical power: 

Pm = 7>r//>=1275.76xl03 W 

f) The stator power factor angle can be related to load as 

<ps=tan~ 

1' X A 

from which 

Xeq = tar\(ps xReq = 032$7xReq 

The d-axis stator current can be related to load as 

(1) 

= Xeq+œrL 

By substituting (1) in (2), the load values can be found from 

Req =4.493 £2 

Xea = 0.3287XÄ =1.4768 Q 
Kif tuf 

The output impedance value can be represented as 

= K - Jxeq = 4 - 4 9 3 - fl'4768 = 4.7295Z-18.195° Í2 ZL=RL// 
< 1 ^ 

MCL 

3-12. Repeat Problem 3-14 if the peak stator voltage and current are 744.91 +/1085.10 
V and 241.22 +j\43.93 A, respectively. 

Answers: 

a) Vs= 930.68 V, Is = 198.63 A 

b) Ps =503.81xl03 W, Qs =231.80xl03 VAR 

c) Pcus =2.87xl03 W, PFS =0.9085 (lagging) 

d) cor = 238.76 rad/sec, com = 39.794 rad/sec (380 rpm) 
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e) Te=\2.733xl03N-m, Pm =506.68xlO3 W 
f) ZL =4.2566 + y2.0615 Í2 

PROBLEMS AND ANSWERS FOR CHAPTER 4—POWER 
CONVERTERS IN WIND ENERGY CONVERSION SYSTEMS 

Topic: AC Voltage Controllers (Soft Starter) 

4-1 (Solved Problem). A single-phase, full-wave AC voltage controller in Figure 4-2 
has an input voltage of 220 V (rms), 50 Hz, and a load resistance of 10 SI. The con-
verter operates at a firing angle of 45°. Assuming that the converter is ideal, calcu-
late/answer the following: 

a) The rms output voltage and current 
b) The load apparent, active, and reactive powers 

c) The rms input and thyristor currents 
d) The apparent, active, reactive powers, and input power factor 
e) Draw the waveforms for v„ igl, ig2, v0, i0, iTX, and in 

Solution: 

a) The output voltage: 

( a . sin 2a V'2 nnJ, n/4 sm2(ji/4)^'2 

1- —+ -
n In 

:220 1 - ^ - ^ + -
n In 

(a is in radians) 

The output current: 

V 209 77 / = -2- = w-" = 20.977 A (rms) 
° R 10 

b) The load apparent power: 

So = V0 x 10 = 209.77 x 20.977 = 4400.3 VA 

The load active power: 

Po=I^xR = 20.9772 x 10 = 4400.3 W 

The load active power: 

: 209.77 V (rms) 

Qo = VsfHn = 0 

c) The input current: 
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IS=I0= 20.977 A (rms) (ideal converter, no losses) 

The thyristor currents: 

/ 20 977 
In =IT2=-?== = 14.833 A (rms) 

V2 V2 

(each thyristor carries half the load current) 

d) The input apparent power: 

Ss =VsxIs =220x20.977 = 4614.9 VA 

The input active power: 

Ps = P0 = 4400.31 W (ideal converter, no losses) 

The input reactive power: 

Qs = ^S¡-Ps
2 = V4614.922-4400.312 = 1390.9 VAR 

The input power factor: 

P¿= 44003 
Ss 4614.9 

e) Waveforms not provided. 

4-2. A single-phase full-wave AC voltage controller with an input voltage of 120 V 
(rms) and 60 Hz feeds a 1.0 kW/120 V resistive load. Repeat Problem P4-1 for a firing 
angle of 60°. 

Answers: 

a) R= 14.4Ü, V0= 107.63 V, 70 = 7.48A 
b) S0 = 804.5 VA, P0 = 804.5 W, Q0 = 0 VAR 
c) /, = 7.48 A, In =In = 5.285 A 

d) Ss = 896.94 VA, Ps = 804.5 W, Qs = 396.59 VAR, PFS = 0.8969 (lag) 

4-3 (Solved Problem). A three-phase 690 V/2.3 MVA AC voltage controller (Figure 
4-6) is loaded with a star-connected R load of 1.0 pu per phase. The controller is sup-
plied by a three-phase utility voltage of 690 V and 50 Hz and operates at a firing an-
gle of 120°. Assuming that the power converter is ideal, calculate/answer the follow-
ing: 
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a) The load resistance value 
b) The rms load phase voltage and line current 
c) The three-phase apparent, active, and reactive powers of the load 
d) The rms input line current 
e) The three-phase input apparent, active, and reactive powers, and power factor. State 

the reason why the input power factor is not unity even though the controller is 
loaded with a pure resistive load. 

f) Using the template given in Figure C-2, draw the waveform for the phase-a load 
voltage van. 

Solution: 

a) The load resistance value: 

2300x10 = 7 6 6 6 7 x l 0 3 V A ( L o P u ) , Vs=VB=^2- = 398.38V(1.0pu) 
3 V3 

^ = 7 6 6 . 6 7 X 1 0 3
= 1 9 Z 5 = ^ = ^ = 0.207Q (1.0pu) 

B VB 398.38 B IB 1924.5 

R = ZBxRpu= 0.207 x 1.0 = 0.207 £1 

b) The load phase voltage: 

Figure C-2. Template for three-phase AC voltage controller waveforms. 
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V =V 
'an 's 

5 _3a 3sin(2a + ;r/3) 
4 2n An 

x l / 2 

= 398.37x 
5 3X(2TZ:/3) 3sin(2x(2^/3) + ^ / 3 ) 

x l / 2 

In An 
= 82.85 V(rms) 

(a is in radians) 
The load line current: 

V 8? 85 
l„=-^- = ^=^- = 400.24 A (rms) R 0.207 

c) The three-phase apparent power of the load: 

So=2xVanxIa = 3x82.85x400.24 = 99.48x 103 VA 

The three-phase active power consumed by the load: 

P o =3x / 2 x .K = 3x400.242x0.207 = 99.48xl03 W 

The three-phase reactive power consumed by the load: 

Qo = -¡S2
0-P¿ = V994782-994782 = 0 VAR 

d) The input line current: 

IA=Ia =400.24 A (rms) 

e) Three-phase input apparent power: 

Ss = 3 x F s x / ^ = 3x398.38x400.24 = 478.33xl03 VA 

The input active power: 

Ps =Ssxcos(ps =3xVsxIAxcosçs =3x398.38x400.24x0.208 = 99.48xl03 W 

The input reactive power: 

Qs = yjS*-P? = V4783302-994782 = 467.87 xlO3 VAR 

The input power factor: 

í = 99.48X103
 g 

5$ 478.33 xlO3 

f) For the waveforms, see Figure 4-9a. 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 4 347 

4-4. Repeat the Problem 4-3 with a firing angle of 75°. Compare the input power factor 
and explain why the input power factor is improved. 

Answers: 

a) R = 0.207 Q 
b) Van = 281.69 V, la =1360.8 A 

c) So=1150xl03 VA, P0 =1150xl03 W, ß o = 0 V A R 
d) IA =1360.8 A 

e) Ss =1626.3xlO3 VA, Ps =1150xl03 W, Qs =1150xl03 VAR, 
PFS =0.7071 

f) For the waveforms, see Figure 4-9b. 

4-5. Repeat the Problem 4-3 with a firing angle of 30° and compare the input power 
factor and explain why the input power factor is improved. 

Answers: 

a) R = 0.207 Q 

b) Van= 389.7 V, Ia= 1882.4 A 
c) S0 = 2200.5X103 VA, P0 = 2200.5xl03 W, Q0 = 0 VAR 
d) IA =1882.4 A 
e) Ss =2249.7xl03 VA, Ps = 2200.5x103 W, Qs =467.8xl03 VAR, 

PFS = 0.978 

f) Waveforms: See Figure 4-9c. 

Topic: Interleaved Boost Converters 

4-6 (Solved Problem). A single-channel boost converter is used in a 600 kW, 690 V, 
50 Hz PMSG wind energy conversion system as shown in Figure C-3. The boost 

Figure C-3. PMSG wind energy conversion system using a single-channel boost converter. 
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converter transfers the power from the generator to the grid of 690 V/50 Hz via a 
diode rectifier and a two-level voltage source inverter. The line-to-line stator voltages 
of the generator operating at the minimum and rated wind speeds are 80 V and 690 
V, respectively. The output voltage of the boost converter, v0, is set by the inverter 
with a modulation index ma of 0.8, which leaves 2 0 % margin for adjustments. The 
switching harmonics generated by the inverter are neglected, and thus the inverter 
AC-side fundamental-frequency voltage is equal to the grid voltage of 690 V. The 
switching frequency of the boost converter is 2000 Hz. Calculate/answer the follow-
ing: 

a) The minimum and maximum input voltages and output voltage of boost converter 
b) The minimum and maximum duty ratios 
c) The average output current and maximum inductor current when the generator de-

livers the rated power to the grid 
d) Derive expression for the calculation of maximum boundary inductor current 

/ ¿ S m a x , boundary output current IoB, and the maximum boundary output current 

e) The minimum value of inductance to operate the boost converter in the CCM mode 
f) The minimum output capacitor value assuming that the maximum allowable output 

voltage ripple is 8% of the average output voltage 

Solution: 

a) The minimum and maximum input voltages for the boost converter can be calculat-
ed by 

^ W ^ x ^ , » =1.35x80 = 108 V 

^ n a x ^ - ^ X ^ . m a x = 1 - 3 5 x 6 9 0 = 931.5 V 

where 3 \ZTJTT is the voltage gain of the diode rectifier. 
The output voltage of boost converter is set by the inverter: 

V 2 ^ = V 2 X 6 9 0 Ä 1 2 2 0 V 

0.8 

b) The minimum and maximum duty ratios: 

Omin = 1 - ^ ^ = 1 - ^ ^ = 0.2365 
V0 1220 

D =1_!V0 =1_J08_ = 0 .9115 
v 1 2 2 0 
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c) The average output and maximum inductor current: 

^ = A = 6 0 0 x l Q 3 = 4 9 1 8 A 

V0 V0 1220 

h\lrn^ = — = 4 9 1 8 = 5556 A 
¿Umax) i_DmBx 1-0.9115 

V T 
d) The boundary inductor current: ILB = £>(l - D)-2- ' 21, 

sil 1/ T 
^LLS- = o -» D = 0.5; / ,„ max = - ^ - forZ) = 0.5 
dD i ß ,max 81, 

I0=(l-D)ILl, IoB=(\-D)ILB=D(\-Dj x-
V T OS 

2Z, 

^ L = 0 ^ D = 0.333; /0ß,max = 0 . 0 7 4 - ^ for 0 = 0.333 
au L, 

e) The CCM mode of operation can be achieved when I0 > 70#max. 
The maximum boundary output current /oBmax occurs at D = 0.333. 
The minimum value of the inductance to operate boost converter at the boundary 

of the CCM can be obtained by equating I0 to 7o5max, from which 

A m =0.074^L = 0.0741220xa5Xl°-3=91.785^H i,m,„ ^ 4 9 1 g r" 

f) The minimum output capacitor value: 

c = Z A ^ = 4 9 1 . 8 x 0 . 9 1 1 5 x 0 . 5 x l 0 - = 2 2 9 6 4 

A F 0.08x1220 

4-7. Repeat Problem 4-6 with the following changes: a 500 kW, 575 V, 60 Hz PMSG 
is connected to the grid of 575 V/60 Hz via power converters, its line-to-line stator 
voltages at the minimum and rated wind speeds are 70 V and 575 V, and the switching 
frequency of the boost converter is 2200 Hz. 

Answers: 

a) Vi{min) = 94.5 V, Vi(max) = 776.2 V, V0 -1020 V 
b)Z)min = 0.239, Dmax = 0.9074 
c) 4 = 490.2 A, / i l ( m a x )=5291A 

d) ¿,.min=70ixH 
e) Cmm= 2477.6 u-F 
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4-8 (Solved Problem). A single-channel boost converter is used in a 600 kW, 690 V, 50 
Hz PMSG wind energy conversion system as shown in Figure C-3. The boost converter 
transfers the power from the generator to a grid of 690V/50Hz via a diode rectifier and a 
two-level voltage source inverter. The inductance Lx and capacitance C of the boost con-
verter are 270 |xH and 2300 u.F, respectively. The switching frequency of the boost con-
verter is 2000 Hz. The output voltage v0 of the boost converter is set by the inverter to 1220 
V. The generator operates with an MPPT scheme and its stator active power is propor-
tional to the cube of the rotor speed. At a given wind speed, the PMSG is operating at 0.9 
pu rotor speed and its line-to-line stator voltage is 640 V. Calculate/answer the following: 

a) The input voltage and power to the boost converter 
b) The boundary inductor and output currents, operating mode, and duty cycle 
c) The peak-to-peak and average inductor currents 
d) The percentage inductor current ripple 

e) The percentage output voltage ripple 
f) Draw the waveforms for gate signals, iLi, vLl, isu vsu im, and vm, assuming the 

output filter C is very large and the output voltage is ripple free. Indicate values on 
the waveforms. 

Solution: 

a) The input voltage to the boost converter: 

Vi=^LY.VLL =1.35x640 = 864 V 
n 

The input power to the boost converter at 0.9 pu rotor speed: 

p . = P m > Ä x ( ( o m p u ) 3 = 6 0 0 x l 0 3 x ( 0 . 9 ) ? = 4 3 7 . 4 x l 0 3 W 

b) Assume that the converter is operating in the continuous conduction mode (CCM). 
Based on this assumption, the duty cycle can be calculated by 

D = l — ^ - = l - - ^ - = 0.2918 
V0 1220 

The boundary inductor current: 

lLB = /)(! - j P ^ = 0 . 2 9 1 8 x 0 . 7 0 8 2 x 1 2 2 0 x 0 5 X l ° " 3 = 233.44 A 
2LX 2x270xl0"6 

The boundary and average output currents: 

IoB ={\-D)ILB =(0.7082)x233.44 = 165.32 A 

^ = A = 437 .4x lQ 3
= 3 5 8 5 2 A 

V„ Vn 1220 
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Since /„ > IoB, the converter operates in the CCM. Therefore, the assumption is 
valid. 

The duty cycle thus is D = 0.2918. 
c) The peak-to-peak inductor current: 

A/,, = D ( 1 - D ) ^ = 0.2918x0.7082x1220x0-5X1,0~3 =466.89 A 
L, 270xl0"6 

Alternatively, 

MU=D^ = 0 . 2 9 1 8 x ^ ^ 1 , 4 6 6 . 8 9 A 
L, 270 xlO- 6 

or 

MLx^-DJV°-V')Ts ^ ^ x ^ 1 2 2 0 - 8 6 4 ^ 5 * 1 0 " 3 = 466.89 A 
¿, 270xl0"6 

The average inductor current: 

*n 358.52 -~, -„ Á 

/ , , =—2— = =506.25 A 
\-D 1-0.2918 

d) The percentage inductor current ripple: 

^ = ^ ^ x 100o/o = 92.220/0 
lu 

e) The output voltage ripple: 

ILl 506.25 

xl00% = 1.86% 

A F = D ^ = 0.2918X3 5 8-5 2 X°-5 X
6

1 0"3 =22.74 V 
C 2300X10"6 

The percentage output ripple voltage: 

AV0 _ 22.74 

V ~ 1220 
o 

f) Waveforms not provided. 

4-9. Repeat Problem 4-8 when the PMSG operates at 0.5 pu rotor speed with its line-
to-line voltage of 150 V. 

Answers: 

a) V¡ = 202.5 V, P¡ = 75 * 103 W 

b) 0 = 0.834, /¿fi=156.38A, 7ofl = 25.95A, I0 = 61.48 A, CCM 
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c) AIU =312 .76 A 

d) IL] = 370.37 A, ^ 1 - = 84.44% 

AV 
e) — ^ = 0 .914% 

hx 

4-10 (Solved Problem). A two-channel boost converter is used in a 1.2 MW, 690 V, 
50 Hz PMSG wind energy conversion system as shown in Figure 4-22. The boost con-
verter transfers the power from the generator to the grid of 690 V/50 Hz via a diode 
rectifier and a two-level voltage source inverter. The inductance Lx (L2 = Lx) and ca-
pacitance C0 of the boost converter are 270 |xH and 2300 (JLF, respectively. The switch-
ing frequency of the boost converter is 2000 Hz. The output voltage v0 of the boost 
converter is set by the inverter to 1220 V. At a given wind speed, the generator is de-
livering the rated power to the grid and its line-to-line stator voltage is found to be 690 
V. Calculate/answer the following: 

a) The input voltage and power to the boost converter 
b) The boundary inductor and output currents for each channel, operating mode, and 

duty cycle 

c) The peak-to-peak and average inductor currents in each channel 
d) The peak-to-peak and average input currents 
e) The percentage inductor and input current ripples 
f) The percentage output voltage ripple if the boost converters are interleaved and not 

interleaved 

Solution: 

a) The input voltage to the two-channel boost converter: 

V¡ = — xVLL = 1 . 3 5 x 6 9 0 = 931.5 V 
K 

The input power to the two-channel boost converter at 1.0 pu rotor speed: 

Pi = Pm,Rx(a>m,pu? = 1 2 0 0 x l 0 3 x ( l . O ) 3 = 1 2 0 0 x l 0 3 W 

b) Assume that the converter is operating in the continuous conduction mode (CCM). 
Therefore, based on this assumption, the duty cycle can be calculated by 

V 931 5 
D = \ ¡- = 1 - ^ - ^ = 0.2365 

Vn 1220 
The boundary inductor currents for each channel: 

^ = 0.2365x0.763 
2L 2x270x10 

VJK _ 1220x0.5xl0"3 

1LB=ILBX =ILB2 = D§-D}-£- = 0 .2365x0.7635x \ _ _b = 203 .96A 
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The boundary output currents for each channel: 

I OB =IOBX = KBI =(\-D)ILB = 0 . 7 6 3 5 X 2 0 3 . 9 6 = 155.73 A 

The total average output current of the interleaved converter is 

^ = ^ = 1 2 0 0 x l 0 3
= 9 8 3 6 A 

V0 V0 1220 

from which the average output current for each channel can be obtained by 

7 o l = / o 2 = / 0 / 2 = 983.6/2 = 491.8A 

Since I0\ = Io2 > l0B, the converter operates in the CCM. Therefore, the assumption 
is valid. Therefore, the duty cycle D = 0.2365. 

c) The peak-to-peak inductor currents in each channel: 

M, = A/,, =A/,2 = ¿ 3 ( l - £ ) ) ^ ^ = 0.2365x0.7635x1 2 2 0 x 0-5 X l
t
0 =407.92 A 

¿ 270X10"6 

The average inductor currents in each channel: 

IU=IL2=-JO =
 9 8 3 - 6

 =644.12A 
L2 2x(\-D) 2x0.7635 

d) The total input current ripple: 

A/; = £ > ( l - 2 £ > ) ^ - = 0.2365 x ( l - 2x0.2365) x
1 2 2 0 x 0 - 5 x l ° = 281.58 A 

I 270xl0"6 

The total input current of the boost converter is given by 

\piIVi =1200xl03/931.5 = 1288.2 A 

' \l0 /(l -D) = 983.6/(1 - 0.2365) = 1288.2 A 

e) The percentage inductor current ripple in each channel: 

A k = Ak=4O7^x l 0 0 % = 6 3 . 3 3 % 

Iu IL2 644.12 

The total input current ripple can be found from 

A ^ = 2 8 L 5 8 x l 0 0 % = 2 1 8 6 % 

/. 1288.2 
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which is much lower than the inductor ripple current of 63.33% in each of the chan-
nels. 

The ratio of the total input ripple current AT, to the inductor ripple current AIL of 
each channel is 

A/, 281.58 

AIL 407.92 
x 100% = 69.03% 

f) The load of the boost converter, which is the inverter, can be modeled by an equiv-
alent resistor as follows: 

V 1220 
R =l!L = iff!L = 1.24 0 

q I0 983.6 

Making use of Figure 4-20, the percentage output ripple voltage can be obtained 
by 

AV 
= 0.11 

yRefo 
= 0.11x-

0.5x10" 

1.24x2300x10" 
-=0.18% 

If the operation of the two-channel converters were not interleaved, switches Sx and 
$2 would be turned on and off simultaneously. The output ripple voltage would then 
be 

AV 
o_ 

V 
D 

\ 

RC„ 
= 0.2365 x-

0.5x10" 

1.24x2300x10" 
4.15% 

which is around 23.7 times higher than that for the interleaved boost converter. 

4-11. Repeat Problem 4-10 when the PMSG operates at 0.6 pu rotor speed with line-
line stator voltage of 350 V, assuming that the stator active power is proportional to the 
cube of the rotor speed due to the use of MPPT control schemes. 

Answers: 

a) V¡= 472.5 V, P¡ = 259.2xlO3 W 

b) D = 0.6127, 1LB = ILBX = ILB2 = 268.06 A, 4ü= / o ß i= / o ß 2=103 .82A, 
I0= 212.5 A, ■Io2 =106.23 A, CCM 

c) A/ ¿ =A/ ¿ 1 =A/ ¿ 2 =536 .12A, 
d) A/,. = 197.23 A, /, = 548.57 A 

hi = IL2 =274.29 A 

e) 
A/,, A/,, A/ 

¿1 - L1 =195.5%, ^ = 35.95%, / ¿2 / AI, 
= 36.8% 

AK 
f) Req= 5.742 Q, - ^ - = 0.04%, 

AV. 
- = 2.32% (noninterleaved operation) 
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Topic: Two-level Voltage Source Inverter with Space Vector 
Modulation 

4-12 (Solved Problem). Consider a two-level voltage source inverter shown in Figure 
4-23 a. The inverter is connected to a three-phase balanced RL load, and its DC voltage 
is 1220V. The inverter is modulated by space vector modulation and its simulation al-
gorithm is given in Figure 4-30. The switching frequencey of the converter is 720 Hz. 
At a given instance of time, the three-phase reference voltages, v*, v*, and v*are found 
to be 398.37 V, 145.81 V, and -544.18 V, respectively. Determine the following: 

a) The a-ß components of the three-phase reference voltages 
b) The angle of the reference voltage vector and sector number 
c) The reference voltage vector and modulation index 
d) The dwell times 
e) Three stationary space vectors that are used to synthesize the reference voltage vec-

tor Vref 

f) The waveforms of vaN, vbN, vcN, and vab with a seven-segment switching pattern that 
can satisfy the switching sequence design requirements given in Section 4.4.2. 

Solution: 

a) The a-ß components of the three-phase reference voltages based on the abclaß 
transformation: 

from which 

1 - 1 / 2 - 1 / 2 

0 V3/2 -V3/2 

va=va =398.37 V 

ft ft 
v ^ — ( v > 2 v ¡ ) = — (398.37 + 2x145.81 )=398.37 V 

b) The angle of the reference voltage vector: 

d - tan" ■ = tan 
va 398.37 

= 45° (7tf4rad) 

The sector number: k = I (refer to Figure 4-27). 

c) The reference voltage vector: 

vref = Jvl+v} = V398.372+398.372 = 563.38 V 

*je = 563.38Z450 V V = V e 
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The modulation index: 

_fivref _ V3~x 563.38 

Vdc 1220 
= 0.8 

d) The modified reference voltage angle for dwell times calculation: 

d' = d-{k-\)nl = A5° forjfc=l 

The dwell times for voltage vectors Vx, V2, and V0: 

T V ^ V ■ (n .,) V3"x(l/720)x563.38 . (n n\ 
Ta= -s in 0 = - sin =287.52 ¡us Vdc \ 3 ) 1220 U 4 

T V ^ V . . , # x ( l / 7 2 0 ) x 5 6 3 . 3 8 . 
Th = - s i n o = - sin 
" V^ 1220 

' ^ 
= 785.52 fis 

rdc 1¿¿V v + y 

[T0=T,-Ta-Tb = 3l5.Z5vs 

Note: Since - j - < ff < ^-, the dwell time Ta is less than Tb (refer to Table 4-3). 
6 3 

e) The voltage space vectors. Since the reference voltage vector lies in sector I, it can 
be synthesized by vectors Vu V2, and V0, respectively: 

Vi =\Vdc¿* =\vdc =813.33 V 

- 2 y- 2 
^ 2 = - ' /

í / c e 3 = -^ c ( cos7 r /3 + ./sin;r/3) = 406.67 + /704.37 = 813.33Z60o V 

F 0 =0 

f) For the waveforms of vaN, vbN, vcN, and vab, see Figure 4-29. 

4-13. Repeat Problem 4-12 if the three-phase reference voltages are found to be 0V, 
487.90 V, and -487.90 V, respectively. 

Answers: 

a) v„=0 V, vp =563.38 V 
b) 0 = 90°, it = 11 
c) vref= 563.38 V, ma = 0.8 
d) 0' = 3O°, Ta=555A5ßs, Tb = 555.45/tó, T0=27S¡Js 

e) V2 =406.67 + 7704.37 = 813.33Z60° V, V3 = 813.33Z120° V, V0=0 
f) See Figure C-4. 
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Figure C-4, Waveforms of vaN, vbN, vcJV, and vai, with vre/in Sector II. 

4-14. Repeat Problem 4-12 if the three-phase reference voltages are found to be 
-398.37 V, -145.81 V, and 544.18 V, respectively. 

Answers: 

a) va =-398.37 V, v̂  =-398.37 V 

b) 0 = 225°, Jt=IV 
c) vref= 563.38 V, ma = 0.8 
d) 0' = 45°, 7; = 287.52¿¿s, Tb =785.52|ís, 7/0=315.85/tó 
e) F4=813.33Z180° V, V5 =-406.67-y704.37 = 813.33Z2400 V, F 0 =0 
f) See Figure C-5. 

Topic: PWM Current Source Inverter with Space-Vector 
Modulation 

4-15 (Solved Problem). A PWM three-phase current source inverter shown in Figure 
4-38 is connected to a three-phase, balanced RL load, and its DC link current is 827.6 
A. The inverter is modulated by space vector modulation whose space vector diagram 
is given in Figure 4-40. The switching frequency of the inverter is 720 Hz. At a given 
instate of time, the three-phase references currents are fund to be —413.80 A, 565.26 A, 
and -151.460 A, respectively. Find the following: 

a) The a-ß components of the three-phase reference currents 

b) The angle of the reference current vector and sector number 
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o ys 

Ö O Q OOP 

0 

vc„ 
0 

Vab 

0 

K I yo I c 4 1 ^5 I Ko i 

! opp ppp opp oop poa 
I ]~~f I I 

I Vdc J L 
Vdc 

I 

Vdc 

Vdc 

T0\ Ta \ Tb \ T0 \ Tb \ Ta \ T0 

1 1 
h 

Figure C-5. Waveforms of vaN, vbN, vcN, and vab with vre/in Sector IV. 

c) The reference current vector and the modulation index 
d) The dwell times 

e) Three stationary space vectors that are used to synthesize the reference current vec-
tor Tref 

Solution: 

a) The a-ß components of the three-phase reference currents: 

from which 

1 -1 /2 -1 /2 

0 V3/2 -V3/2 

-413.80 A 

R /T 
iß =—{i'a+2i'b) = — (-413.8+2x565.26)= 413.8 A 

b) The angle of the reference current vector: 

0 = tan-'^- = tan-' 4 1 3 - 8 =135° (3;r/4rad) 
i -413.8 

The sector number, k = III (refer to Figure 4-41) 
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c) The reference current vector: 

Kef = <¡il + 'ß = V413.82 +413.82 = 585.2 A 

ïref=irefe
je =585.2Z135° A 

The modulation index: 

7wl V2X585.2 
mn = -^- = = 1.0 

Idc 827.6 

d) The modified reference vector angle for dwell times calculation: 

0' = 0-(Ä;-l)7r/3 = 15o for¿=3 

The dwell times for current vectors Tu T2, and ÍQ: 

7¡ = /na7 ' j s in(^/6-ö ' ) = 1.0x(l /720)xsin(^/6-^/12) = 254.18JUÄ 

7'2=7norssin(^/6 + e') = l-0x(l/720)xsin(^/6+^/12)=694.44/X5 

T0 = Ts - 7; - r 2 = 440.26/15 

e) The current space vectors: 
Since the reference current vector lies in Sector III, it can be synthesized by current 
vectors T3, f4, and T0, respectively. 

.271 K 

73 =-r=ldJ
 3 6 = -W i / c (cos ; r /2 + ./sin7r/2)=/955.63 = 955.63Z90° A 

V3 v3 

J4=—Idce
 3 6 = - r / i / c ( c o s 5 ^ / 6 + ysin5^/6) = ;955.63 = 955.63Z150° A 

S* S 
7 0 = 0 

4-16. Repeat Problem 4-15 if the three-phase reference currents are found to be 
540.65A, -76.38A, and -464.27A respectively. 

Answers: 

a) ia =540.65 A, iß =223.94 A 
b) 0 = 2.5°, k=\ 
c) iref= 585.2 A, ma= 1.0 

d ) 0 ' = 22.5°, r,=128.19/ü, T2=779A4 ys, T0 =481.56 /¿s 
e) 7,=955.63Z-30° A, 72 =955.63Z30° A, 7 0 = 0 
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Topic: Control of Grid-Connected Converters 

4-17 (Solved Problem). Consider a grid-connected two-level voltage source inverter 
with voltage-oriented control (VOC) shown in Figure 4-48. The inverter is connected 
to the grid of 690 V/50 Hz and delivers 2.3 MW to the grid with unity power-factor op-
eration. The inverter is modulated by an SVM scheme with modulation index of 0.8 
and operates under steady-state conditions. The line inductance Lg is 0.1098 mH. To 
simplify the analysis, all the harmonics produced by the inverter are neglected. When 
the grid voltage vector angle 6g is -45°, determine the following: 

a) The instantaneous three-phase grid voltages and currents 
b) The grid voltage angle 
c) The dq-axis grid voltages and currents 
d) The active and reactive powers delivered to the grid (using dq-axis grid voltages 

and currents) 

e) The dc-link voltage and current 
f) The dq-axis and three-phase reference voltages for the PWM modulator 

Solution: 

a) The grid voltage, current and frequency: 

v. = ^ £ x V 2 =563.38 V(peak), 
8 V3 

r- P IP 2x2.3xl0 6 „„„, ^ w ,x 
/' = V2 8-f=^ = —£- = = 2721.6 A (peak) 
8 3(vg/V2) 3vg 3x563.38 

(pg = 180° (generating mode; refer to Figure 4-46) 

<og = 2TT X50 = 314.16 rad/sec. At 6g = -45°, wgt = 6g = -ir/4 
The instantaneous three-phase grid voltages: 

vag =vgcosay =563.38xcos(-;r/4) = 398.37 V(peak) 

Vhg =Ví,cos(íügí-2^/3) = 563.38xcos(-7r/4-2^/3)=-544.l9 V (peak) 

vcs =vj,cos(ay + 2;r/3) = 563.38xcos(-7z:/4 + 27r/3)=l45.8l V(peak) 

The instantaneous three-phase grid currents: 

iag =igcos(a>gt-(pg) = 272l.6xcos(-K/4-K) = -l924.5 A(peak) 

ibg =igcos(œgt-(pg-2K/3) = 272l.6xcos(-K/4-n -2it /3) =2628.9 A (peak) 

icg = ig cos(o)gt-cpg +2nli) = 2721.6xcos(-;r / 4 - n + 2n13) = -704.42 A (peak) 
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b) The a-ß components of the three-phase grid voltages: 

1 - 1 / 2 - 1 / 2 

0 V3/2 -V3/2 
cs. 

from which 

v« =va„=398.37 V(peak) 

vß = ̂ " (vog + 2v4g ) = Y (398.37+ 2x-544.19)=-398.37 V (peak) 

Verify the grid voltage vector angle: 

_, v« _, -398.37 
e„ = tan ' -£- = tan g v„ 398.37 

■■-it14 rad 

c) The dqlabc transformation with voltage oriented control is given by 

cos6g cos(0g -2KIT) cos(6g -Anil) 

- s inö g - s in (0 g -2 ; r /3 ) - sin(0g - An 13) 
eg 

from which, the dq-axis grid voltages can be calculated by 

vdg =-Yagcoseg+ vbg cos(0 - 2;r /3) + v cos(0 - 4;r / 3) ) 

= -(398.37 xcos(-^ /4)-544. l9xcos(-^ /4- lit /3) + 145.81xcos(-;r/4-4/r/3)) 

= 563.38 V (peak) 

r =-TYags™Og + vbg sin(0g - 2 ^ / 3 ) + vcg sin(0g - 4 T T / 3 ) ) 

= --(398.37xsin(-^/4)-544.19xsin(-^/4-2^/3) + 145.81xsin(-^/4-4^/3)) 

= 0 V 

The dq-axis grid currents can be found in a similar way: 

'* = 4 = y 0aS cos 0g + ibg cos(0g - 2* / 3) + /„ c o s ^ - 4« / 3)) 

= -(-1924.5 x COS(-TT74) - 2628.9 x cos(-;r/4 - 2TT/3) - 704.42 x cos(-7r/4 - 4ro/3)) 

= -2721.65 A (peak) 
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f« = C =-j(iagsmdg+ibgsm(9g-27r/3) + icgSm(eg-4jc/3)) 

= — (-1924.5 x sin(-7T/4) - 2628.9 x sin(-w/4 - 2nß) - 704.42 x sin(-^/4 - 4TC/3)) 

= 0 A (peak) 

d) The active and reactive powers delivered to the grid: 

^=|(V* + V « ) = | ( 5 6 3 - 3 8 x - 2 7 2 1 - 6 + 0 ) = - 2 3 0 0 x l ( ) 3 w (-i-0pu) 

Qg = | ( V * - V w ) = - | ( 0 - 0 ) = 0 VAR 

e) The DC-link voltage and current: 

4ÏVam V2X690 
K,„ = ' " aba = = 1220 V ' r fc 

m„ 0.8 

The modulation index ma is 0.8, leaving 20% margin for adjustments. 

' < * : 
"<fc 

-2300x10^ 

1220 
= -1885.6 

f) The dq-axis reference voltages for the PWM modulator: 

-(kl+k2/S)(i'-L) + 0)Li +v, 
?« äg 

-{k.+kjS)(i' -i )-a>Li, +v 
V I 2 / V (72 fli? / e Fife I 

<fe 9« 

In steady-state /'% = idg and i*^ = iqg, thus 

|v„. = mgLgiqg + vdg = 0+ 563.38 = 563.38 V (peak) 

[v^ = - ( 0 ^ 1 ^ + vw=-314.16x0.1098xl0_îx-(2721.65)+0=93.88 V(peak) 

Note: Though the <?-axis grid voltage vqg is zero, its reference vqi is not zero because 
of the -ü)gLgidg term used in the decoupled controller. 

The three-phase reference voltages for the PWM modulator can be obtained by 
dqlabc transformation: 

Hi 

Xrí 

cos0„ -sin0„ 

cos(0g-27ï/3) - s in (ö Ä -2^ /3 ) 

cos(0g - 4TT / 3) - sin(0g - 4;r / 3) 
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from which 

vli=vdi^s6g-vqisindg 

= 563.38xcos(-7T / 4 ) - 93.88xsin(-7r/4) = 464.76 V(peak) 

v« - va cos(0g - 2K 13) - v„ sin(0g - 2w / 3) 

= 563.38xcos(-7f/4-In /3)-93.88xsin(-7r/4-2% 11) = -519.89 V(peak) 

vc, = vd, cos(e
g -47C/3)-vqi sin(0g -AnIT) 

= 563.38xcos(-7r/4-47r/3)-93.88xsin(-7r/4-4n/3) = 55.13 V(peak) 

Cross Check: 

Pg=3VgIg cos cpg = 3 x - ^ £ x 1924.5xcos(180°) =-23OOxlO3 W 
v3 

Qg = 3VgIg sin <pg = 3 x ̂ =2 x 1924.5 x sin(l 80°) = 0 VAR 

4-18. Repeat Problem 4-17 if the grid-side power factor is 0.8 leading. Perform the cal-
culations when the grid voltage vector angle 6g is 90°. 

Answers: 

a) (pg =216.87° (3.785 rad), vag =0 V, vbg =487.9 V, vcg =-487.9 V 

iag = -1633 A, ibg = -1069.1 A, icg = 2702.1 A 
b ) v a = 0 V , vß= 563.38V, ö g =90° (7r/2rad) 
c) vdg = 563.38 V, vqg = 0 V, idg = -2177.3 A, iqg = 1633 A 

d) P g =-1840xl0 3 W (-0.8pu), ß g =-1380x l0 3 VAR (-0.6pu) 
e) Vdc = 1220 V, Idc = -1508.5 A 

f) vdi = 619.71 V, vqi = 75.11 V, v'ai = -75.11 V, v'bi = 574.24 V, 

v*,. =-499.13 V 

4-19. Repeat Problem 4-17 if the grid-side power factor is 0.9 lagging and the inverter 
delivers 50% of the rated power to the grid. Perform the calculations when the grid 
voltage vector angle 8g is 180°. 

Answers: 

a) ig= 1360.8 A, (pg =154.16° (2.691 rad), vag =-563.38 V, 
vbg = 281.69 V, vcg = 281.69 V, iag = 1224.7 A, ibg = -98.67 A, 
icg =-1126.1 A 

b) va= -563.38 V, v f = 0 V , 0g=-18O° (-/rrad) 
c) vdg = 563.38 V, vqg = 0 V, idg = -1224.7 A, i = -593.171 A 
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d) />g=-1035xl03 W (-0.45pu), Qg =501.27xl03 VAR (0.2179pu) 

e) Vdc =1220 V, Idc =-848.53 A 

f) vdi = 542.92 V, vqi= 42.25 V, v*,. =-542.92 V, v¡,. = 234.87 V, 

v*,. = 308.05 V 

PROBLEMS AND ANSWERS FOR CHAPTER 6—FIXED-SPEED 
INDUCTION GENERATOR WECS 

Topic: Steady-State and Power Flow Analysis of Induction 
Generators Using Conventional Equivalent Circuit 

6-1 (Solved Problem). This problem together with Problems 6-2 and 6-3 are designed 
(1) to investigate the transient response of a squirrel cage induction generator directly 
connected to the grid when the speed of the generator is brought by the wind to below, 
at, and above its synchronous speed, respectively, and (2) to verify that a large SCIG 
cannot be connected to the grid directly due to the excessive inrush current and torque 
oscillations. 

Consider a 1.45 MW, 575 V, 50 Hz squirrel cage induction generator WECS shown 
in Figure C-6. The nameplate and parameters of the generator are listed in Table B-2 
of Appendix B. The rated stator current, electromagnetic torque, and rotor speed of the 
generator are 1723 A, 13.94 kN-m, and 1007.2 rpm, respectively. When the wind 
speed is above its cut-in speed, the pitch angle of the blade is slightly adjusted into the 
wind from the position in which the turbine was parked such that a small amount of 
torque is produced to accelerate the turbine and the generator. 

When the rotor speed reaches 977 rpm (0.97 pu), the generator is connected to the 
grid by switch S. Assuming that (1) the mechanical torque applied to the generator 
shaft is negligibly small (Tm = 0) during the startup process, and (2) the total moment 
of inertia of the system is 1000 kg-m2. Develop a Simulink program to investigate the 
start-up transients, and answer the following questions. 

a) Plot the simulated waveforms for the stator currents ias, ibs, and ics (kA), electro-
magnetic torque Te (kN-m), and rotor mechanical speed nr (rpm). 

b) Determine the maximum positive and negative peak values of the stator current 
(kA) and electromagnetic torque (kN-m). 

Figure C-6. Single-line diagram of a three-phase SCIG WECS with direct grid connection. 
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c) Determine rotor speed overshoot (%) and the time at which the rotor speed reaches 
its maximum value. 

Solution: 

a) The simulated waveforms for the stator currents, electromagnetic torque, and rotor 
mechanical speed are given in Figure C-7. 

b) The maximum positive and negative peak values of the stator current are 17.57 kA 
and -13.58 kA, respectively. The maximum positive and negative peak values of 
electromagnetic torque are 20.77 kN-m and-10.96 kNm, respectively. The torque 
is oscillatory during the transients, which may cause excessive stress to the me-
chanical system of the wind turbine. 

c) The rotor speed overshoot is given by (nr - nsyn)/nsyn = (1004.9 - 1000)/1000 = 
0.49%, and the time at which the rotor speed reaches its maximum value is 0.36 
sec. 

6-2. Repeat Problem 6-1 with switch S closed when the generator speed reaches its 
synchronous speed of 1000 rpm. 
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Figure C-7. Dynamic response of 1.45 MW/575 V fixed-speed SCIG WECS with direct grid 
connection. 
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Solution: 

a) Not provided. 
b) The maximum positive and negative peak values of the stator current are 17.59 kA 

and -13.60 kA, respectively. The maximum positive and negative peak values of 
electromagnetic torque are 10.82 kN-m and -13.60 kN-m, respectively. 

c) The rotor speed overshoot is given by (nr - nsyn)/nsyn = 0.037%, and the time at 
which the rotor speed reaches its maximum value is 0.41 sec. 

6-3. Repeat Problem 6-1 with the following modifications: Switch S is closed when the 
generator speed reaches 1037 rpm (1.03pu). Compare your results with those in Prob-
lems 6-1 and 6-2, and draw conclusions. 

Solution: 

a) Not provided. 
b) The maximum positive and negative peak values of the stator current are 17.62 kA 

and -13.61 kA, respectively. The maximum positive and negative peak values of 
electromagnetic torque are 5.39 kN-m and -27.09 kNm, respectively. 

c) The rotor speed overshoot is given by (nr - nsy„)/nsy„ = 0.21%, and the time at which 
the rotor speed reaches its maximum value is 0.615 sec. 

6-4 (Solved Problem). Consider a fixed-speed SCIG wind energy conversion system 
in Figure C-8, where a soft starter is employed. A 1.45 MW, 575 V, 50 Hz SCIG is 
used, and its parameters are given in Table B-2 of Appendix B. The rated stator cur-
rent, electromagnetic torque, and rotor speed of the generator are 1723 A, 13.94 kN-m, 
and 1007.2 rpm, respectively. When the rotor speed is brought by the wind to 977 rpm 
(0.97 pu), the generator is connected to the grid by switch S. In the meantime the soft 
starter is activated with a large firing angle of 120°. The firing angle is then linearly 
decreased from 120° to 0° in 0.5 sec. Assuming that (1) the mechanical torque applied 
to the generator shaft is negligibly small (Tm = 0) during the startup process, and (2) 
the total moment of inertia of the mechanical system is 1000 kg-m2, develop a 
Simulink program to investigate the start-up transients, and answer the following ques-
tions. 

Figure C-8. SCIG fixed-speed wind energy system with a soft starter. 
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a) Plot the simulated waveforms for the stator currents ia„ ibs, and ics (kA), electro-
magnetic torque Te (kN-m), and rotor mechanical speed nr (rpm). 

b) Determine the maximum positive and negative peak values of the stator current 
(kA), and maximum positive peak value electromagnetic torque (kN-m). 

c) Determine rotor speed overshoot (%) and the time at which the rotor speed reaches 
its maximum value. 

d) Compare your results with those given in Problem 6-1 and draw conclusions. 

Solution: 

a) The simulated waveforms for the stator currents, electromagnetic torque, and rotor 
mechanical speed are given in Figure C-9. 

b) The maximum positive and negative peak values of the stator current are 4.52 kA 
and -̂ 4.52 kA, respectively. The maximum positive peak value of electromagnetic 
torque is 14.45 kN-m. 

c) The rotor speed overshoot is (nr - nsyn)lnsyn = 0.445 %, and the time at which the ro-
tor speed reaches its maximum value is 0.435 sec. 
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Figure C-9. Dynamic response of 1.45 MW/575 V fixed-speed SCIG WECS with soft starter. 
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6-5. Repeat Problem 6-4 with the following modifications: the firing angle is linearly 
decreased from 120° to 0° in 0.25 sec. 

Solution: 

a) Not provided. 
b) The maximum positive and negative peak values of the stator current are 7.075 kA 

and -7.075 kA, respectively. The maximum positive peak value of electromagnet-
ic torque is 14.15 kN-m. 

c) The rotor speed overshoot is (nr - nsy„)lnsy„ = 0.444%, and the time at which the ro-
tor speed reaches its maximum value is 0.4 sec. 

6-6. Repeat Problem 6-4 with the firing angle linearly decreased from 120° to 0° in 1.0 
sec. Compare your results with those in Problems 6-4 and 6-5, and make conclusions. 

Solution: 

a) Not provided. 
b) The maximum positive and negative peak values of the stator current are 3.51 kA 

and -3.51 kA, respectively. The maximum positive peak value of electromagnetic 
torque is 12.65 kN-m. 

c) The rotor speed overshoot is (nr - nsyn)/nsyn = 0.6%, and the time at which the rotor 
speed reaches its maximum value is 0.57 sec. 

6-7. Repeat Problem 6-4 using a 3.0 MW, 3000 V, 60 Hz generator with its parameters 
given in Table B-3 of Appendix B. 

Solution: 

a) Not provided. 
b) The-maximum positive and negative peak values of the stator current are 2.13 kA 

and -2.13 kA, respectively. The maximum positive peak value of electromagnetic 
torque is 25.8 kN-m. 

c) The rotor speed overshoot is (nr - nsy„)/nsyn = (1805.1 - 1800)/1800 = 0.51%, and 
the time at which the rotor speed reaches its maximum value is 0.51 sec. 

Topic: Reactive Power Compensation 

6-8 (Solved Problem). A medium voltage fixed-speed SCIG WECS using a 3.0 MW, 
3000 V, 60 Hz, 1812 rpm squirrel cage induction generator is shown in Figure C-10, 
where a capacitor C is installed as a power factor compensator. The nameplate and pa-
rameters of the generator are listed in Table B-3 of Appendix B. The system is connect-
ed to the transformer station of 3 kV/60 Hz. Assuming that the generator operates under 
its rated conditions with the rated speed of 1812 rpm, answer the following questions. 

a) Determine the total impedance of the generator Zs. 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 6 369 

(b) SCIG steady-state equivalent circuit 

Figure C-10. A fixed-speed medium voltage WECS with PF compensation. 

b) Calculate the stator current ls and stator power factor PFS. 
c) Determine the stator apparent, active and reactive power Ss, Ps, and Qs. 

d) Find the value of the capacitor C (per phase, wye-connection) for the system to op-
erate at unity power factor. 

Solution: 

a) The total impedance of the generator Zs is calculated by 

Z,=R,+jXb+jXmll 
R \ 
^JXlr = 2.681Z153.30°Q 

, 1800-1812 
where 5 = = -0.006 / 

1800 b) The stator current is found from 

- = ^ = 3 0 0 0 / V 3 Z 0 ° = 6 4 6 - l z _ 

Zs 2.681Z153.300 

and the stator power factor is given by 

PFS =cos(ps =-0.8934 

where (ps = ZVS - Zls = 153.30° 

153.30° A 
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c) The stator apparent, active and reactive power can be calculated by 

Ss =3VJS =3x1732.1x646.1 = 3.357 MVA 

Ps = Ss cos((ps ) = -2.999MW 

Qs = Ss sin(<ps ) = 1.508 MVAR 

d) The value of the capacitor C for unity power factor operation is obtained by 

O 1508xl06 

C = \— = '- = 445 ixF (0.45 pu per phase, wye-connection) 
Ws) (os 3x(1732.1)2x(2^x60) 

6-9. Repeat Problem 6-8 with the rotor speed of 1806 rpm. 

Solution: 

a) Zs = 4.851Z146.470 Q, 5 = -0.0033 

b) 7s = 357.0Z-146.47°A, PFS = -0.8336 
c) Ss = 1.855 MVA, Ps = -1.546 MW, Qs = 1.025 MVAR 
d) C = 302 |xF 

6-10. Repeat Problem 6-8 with the rotor speed of 1800 rpm (synchronous speed). 

Solution: 

a) ZJ=10.537Z89.91°Q, s = 0 

b) 7J=164.4Z-89.91°A, PFS =0.0016 
c) Ss = 0.854 MVA, Ps =-1.347 kW, Qs = 0.854 MVAR 
d) C = 252|xF 

6-11. Repeat Problem 6-8 with the following modifications: (1) replace the 3.0 MW, 
3000 V, 60 Hz generator with a 1.45 MW, 575 V, 50 Hz generator operating at the ro-
tor speed of 1007.2 rpm; and (2) the generator is connected to the transformer station 
of 575 V/50 Hz. The nameplate and parameters of the generator are given in Table B-2 
of Appendix B. 

Solution: 

a) The total impedance of the generator is calculated by 

Z,=R,+jX„+jXmll 
s 

= 0.1927Z147.55°Q 

1000-1007.2 „„„„„ 
where 5= = -0.0072 

1000 
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b) The stator current is found from 

I,=í= 515lSZQ° = 1723.0Z-147.55°A 
Zs 0.1927Z147.550 

and the stator power factor is given by 

PFS = cos (ps =-0.8439 

where (ps = ZVS -Zls = 147.55° 
c) The stator apparent, active, and reactive powers are calculated by 

S =WI =3x331.98x1723.0 =1.716 MVA 
S SS 

Ps = Ss cos((ps ) = -1.448MW 

Qs = Ss sin(<ps) = 0.921 MVAR 

d) The value of the capacitor C for unity power factor operation is obtained by 

C = - % - = °-9 2 1
2

X l°6 = 8864 ^F 
3(Vsfcos 3x(331.98)2x(2^x50) 

6-12. Repeat Problem 6-11 with the rotor speed of 1003.6 rpm (synchronous speed). 

Solution: 

a) Zs = 0.3310Z138.930 Q, s = -0.0036 

b) 7S =1003.1Z-138.93°A, PFS =-0.7539 
c) Ss = 0.999 MVA, Ps = -0.753 MW, Qs = 0.656 MVAR 
d) C = 6 3 9 1 ( J L F 

6-13. In Problems 6-8 to 6-12, the speed of the generator was given, based on which 
the capacitor value for reactive power compensation was calculated. In this problem, 
the calculation of reactive power compensation is based on given stator active power, 
but the generator speed is not known. Repeat Problem 6-8 when the stator active pow-
er is Ps = -1 pu. Use the simplified steady-state equivalent circuit of Figure C-l 1 to as-
sist the calculation. Compare the results with those in Problem 6-8 and draw conclu-
sions. 

Solution: 

a) From the simplified equivalent circuit, the following two equations can be obtained 
by 
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Figure C-11. Simplified equivalent circuit of a SCIG. 

31? R = P. 

[ISXTJR2+X2 =VS 

where R=RS + RJs and X = Xls + Xlr 

The sum of the resistance can be determined by solving 

l2-^-R + X2=0 

R = 

The slip can be found from 

R. 

-2.880Q 

-0.1207Q 

-0.0063 

R-Rs [-0.1322 (omitted) 

The total impedance of the generator Zs is calculated by 

2,=jXJI ^ + R¡+jXlr+jXls 
s 

= 2.686Z153.54°Q 

b) The stator current Is is found from 

7 , - 5 - = 3000/V3Z0° = 6 4 4 7 Z _ 1 5 3 5 4 o A 
Z, 2.686Z153.54° 

and the stator power factor is given by 

PFS = cos<ps =-0.8952 

where (ps =ZVS -ZÎ, = 153.54° 
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c) The stator apparent, active and reactive power can be calculated by 

Ss =WJS =3x1732.1x644.7 = 3.350 MVA 

Ps = Ss cos((ps ) = -2.999MW 

Qs = Ss sin(<ps ) = 1.493 MVAR 

d) The value of the capacitor C for unity power factor operation is obtained by 

C = - A - = L 4 9 3
2

X l ° 6 = 440 „ f (0.44 pu) 
3(Vf(ûs 3x(1732.1)2x(2;rx60) 

6-14. Repeat Problem 6-13 with the stator active power Ps = -0.5 pu. 

Solution: 

a) ¿ = -0.003, Z =4.951Z145.58°Q 
b) Js = 349.9Z -145.58° A, PFS = -0.8239 
c) Ss = 1.818 MVA, Ps = -1.50 MW, Qs = 1.028 MVAR 
d) C=303|xF 

PROBLEMS AND ANSWERS FOR CHAPTER 7-VARIABLE-SPEED 
INDUCTION GENERATOR BASED WECS 

Assumptions for all the problems in this chapter: 

1. Switching harmonics produced by power converters are neglected. 
2. Power converters are ideal without power losses. 
3. Core and rotational losses of the generator are neglected. 

Topic: Steady-State Analysis of SCIG WECS with Direct FOC 

7-1 (Solved Problem). Consider a 2.3 MW, 690 V, 50 Hz SCIG wind energy system 
operating with direct field-oriented control (FOC). At a wind speed of 12 m/s, the gen-
erator operates at 1.0 pu rotor speed. With the rated stator voltage of 690 V and rated 
slip of-0.008, the generator parameters are given in Table B-l of Appendix B. The ro-
tor flux Xr is kept at its rated value of 1.7106 Wb (peak) by the direct field-oriented 
controller. Calculate the following: 

a) The generator mechanical torque and power 
b) The stator and rotor currents 
c) The magnetizing, stator and rotor flux linkages 

d) The dq-axis stator currents 
e) The dq-axis stator voltages 
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Solution: 

a) The generator mechanical torque at 1.0 pu rotor speed: 

Tm = T»,R x (fflm,pu )2 = -14740 x l2 = -14740 N-m 

The rated mechanical power: 

Pm,R =ö)m Äx7;R=1512(2^)/60x(-14740) = -2.3339xl06 W 

The generator mechanical power at 1.0 pu rotor speed: 

P» = Pm R x (<»„, „u )3= -2.3339 x l 0 6 x l 3 = -2.3339 xlO6 W 
m m,n v m,pu J 

b) Selecting the stator voltage as a reference phasor, the stator voltage is 

Vs = 690 / V3Z0° = 398.37Z00 V (rms) 

The equivalent impedance of SCIG: 

Z, = R,+jXb+jXJI 
V S J 

= 0.1838Z152.60 Q for s = -0.008 (rated slip) 

where Xh = w ^ = 2 x 3.1416 x 50 x 0.06492 x 10"3 = 0.0204 Cl, Xlr = <n^lr 

0.0204 il, andXm = <a¿m = 0.6706 i l 
The stator current: 

/ = & = 6 9 0 / ^ Z 0 ° = /Zç> = 2168Z-152.6°A (rms) s Zs 0.1838Z152.60 J s 

The rotor current can be calculated by 

7 _ JXJs 

jXm + s 

:2030.8Z-167.7°A (rms) 

c) The magnetizing flux linkage can be expressed as 

Äm = (7s-7r)L„,=1.2168Z-83.9°Wb (rms) 

Alternatively, A =V* / j ( / ? i +jXh) = 1.2168^-83.9° Wb (rms) 
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The stator flux linkage can be obtained by 

Äs=Äm + Lls Ts = 1.2748Z -89.8° Wb (rms) 

The peak value of stator flux: A, = VÏAS = 1.8028 Wb 
The rotor flux linkage is then can be obtained by 

Är=Äm- Llr lr = ArZ02 = 1.2096Z - 77.7° Wb (rms) 

The peak value of rotor flux, Ar = VlAr = 1.7106 Wb 

d) To find ¿&7-axis stator currents and voltages, the dq axes are added to the phasor di-
agram with the rf-axis aligned with the rotor flux phasor An as shown in Figure C-
12. The following angles are then defined: 

<ps—the stator power factor angle 
62—the angle between Vs and Ar 

öi—the angle between 7S and Ar 

The angle between the stator current Is and rotor flux Ar is 

e^=(ps-e2= -74.85° 

The dq-axis stator currents can be calculated by 

\lds = / s cos(Z7 s -ZÄ r ) = 2168cos(-74.85°) A=566.66 A 
{ - - (rms) 
[/„ = /, sin(Z/s -ZAr) = 2168sin(-74.85°) A = -2092.5 A 

e) The dq-axis stator voltages can be calculated by 

\vds = Vs sin(90 -\e21) = 398.37 sin(12.3°) V = 84.72 V 

[Vqs = Vs cos(9O-|02|) = 398.37cos(12.3°) V = 389.3 V 

Cross Check: 

3 Pi 3 Pi 
L =^rrLQqsK) = - ^ - ( v . ^ ) i »Í. a n d K are the peak values. 2Lr

 v , s ar/ 2L, 

3x2x2.1346xl0"3 

2x2 .2x l0 - 3 (-2959.3 x 1.7106 ) = - l 4740 N-rn, verified. 

R 1 497 xlO"3 

p = 3 / 2 - ^ ( l - i ) = 3x2030.82x^ ^—(1+0.008) =-2.3336 xlO6 W,verified. 
r s -0.008 

www.EngineeringEBooksPdf.com



376 APPENDIX C. PROBLEMS AND SOLUTIONS 

Figure C-12. Phasor diagram for the analysis. 

7-2. Repeat Problem 7-1 for a wind speed of 7.2 m/s for which the generator operates 
at 0.6 pu rotor speed with the stator voltage of 235.61 V and slip of-0.0048. 

Answers: 

a) Tm = -5306.4 N-m, PmM = -2.3339 x 106W, Pm = -504.12 x 103 W 

b) V = 235.61Z0°V(rms), Zs = 0.2494Z138.5°Q for s = -0.0048 
Xls = 0.0123 Q, Xlr = 0.0123 Q. and Xm = 0.4037 Q 
Is = 944.55Z-138.5° A (rms), f = 733.4Z-175.40 A (rms) 

c) Äm=1.2105Z-87.7°Wb(rms), Äs = 1.2501Z-89.8° Wb (rms), 
A, =1.7679 Wb, Är = 1.210Z-85.4°Wb(rms), Xr= 1.7106 Wb 

d) /& = 566.7 A (rms), lqs = -755.7 A (rms) 
e) Vds = 18.91 V (rms), Vqs = 234.9 V (rms), Tm = -5322.5 N-m, 

Pm = -505.66 x 103 W, verified. 

Topic: Steady-State Analysis of SCIG WECS with Indirect FOC 

7-3 (Solved Problem). A 2.3 MW, 690 V, 50 Hz SCIG is used in a wind energy sys-
tem controlled by an indirect FOC scheme. At a wind speed of 10.8 m/s, the generator 
operates at 0.9 pu rotor speed. The generator parameters are given in Table B-l of Ap-
pendix B. The rotor flux Ar is kept at its rated value of 1.7106 Wb (peak) by the indi-
rect FOC controller. Neglecting rotational losses, calculate the following: 

a) The generator mechanical torque and power 
b) The dq-axis and rms stator current 
c) The slip and stator frequency 
d) The rms stator voltage 
e) The magnetizing, stator and rotor flux linkage values 
f) The ¿&7-axis rms stator voltages 
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Solution: 

Refer to Table 7-2 in Chapter 7. 

a) The generator mechanical torque at 0.9 pu rotor speed: 

T
m = Tm R x (am „„ )2 = -14740 x 0.92 = -11939 N-m 

The rated mechanical power: 

p
m,R = °>m,R><T

m,R = 1512(2^) /60x(-14740) = -2 .3339x l0 6 W 

The mechanical power at 0.9 pu rotor speed: 

p
m=p

mRx (»„ „u)3 = -2.3339 x 106 x 0.93 = -1.7014 xlO6 W 
m m,K *■ m,pu •* 

b) The d-axis stator current: 

I* = f % i l ^ n - 3 =801.36A (peak) Lm 2.1346x10 

7* = '*/>/2 = 566.65 A (rms) 

The ¿¡r-axis stator current: 

Te 2Lr Te 2x2.2xl0"3 -11939 „ „ , . , , , 
ia, = — — = -—— = -2397.3 A (peak) 
q KTXr 3PLm Xr 3x2x2.1346xl0"3 1.7106 

^ = v / ^ 2 = -1695.2 A (rms) 

The stator current: 

h = -Ji* + & = V801.362 + 2397.32 = 2527.7 A (peak) 

Set the stator current as a reference phasor: 

7, = / s / V 2 Z 0 ° = 1787.4Z0°A (rms) 

c) The slip frequency: 

RrLm . 1 .497xl0" 3 x2 .1346xl0" 3 , „ , „ „ „ , „ „ „ , _,, , n „ . , , , 
(úd = -JL-m-ia, = z x (-2397.3) = -2.036 rad/s (-0.324 Hz) 

51 LrXr
 qs 2 . 2 x l 0 " 3 x 1.7106 
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The Stator frequency can be found from 

cor =(1512X0.9)X(2K/60)P = 285 rad/s (1360.8 rpm) 

0)s = cor + cos! = 285 - 2.036 = 282.97 rad/s (45.036Hz) 

The slip: 

5 = ^ - = -0.0072 

d) The equivalent impedance of SCIG: 

:0.1993Z151.5°Q 2,=R,+jXb+jXJI ^+jXlr 

V s 

whereXls = wj.,, = 2 x 3.1416 x 45.036 x 0.06492 x 10"3 = 0.0814Sl,Xlr = co^-
0.0184 SI andZm = <a^m = 0.604 tt 

The stator voltage: 

Vs =ïsxZs = 1787.4Z0°x0.1993Z151.5° = 356.25Z151.5°V (rms) 

e) The rotor current can be calculated by 

T _ JXJ, 

jXm+(~ + JX,r 

1645.1Z-18.5°A (rms) 

v * 

The magnetizing flux linkage can be expressed as 

K =(T,-Tr)Lm = 1.2143^66.5° Wb (rms) 

Alternatively, Am = V>~I^R>+JX^ = 1.2143Z66.5° Wb (rms) 

M 
The stator flux linkage can be obtained by 

As = Äm+Lls Ts = 1.2651Z61.65° Wb (rms) 

The peak value of stator flux: As = VlAs = 1.7891 Wb 
The rotor flux linkage is then can be obtained by 

Ar = Am - Llr Tr = ArZet = 1.2096Z71.50 Wb (rms) 

The peak value of rotor flux, Ar = VlAr = 1.7106 Wb 
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f) Referring to Figure 7-12 in Chapter 7, the angle between the stator voltage Vs and 
rotor flux Ar is 

92=(ps-6l =79.98° 

where <ps is the stator power factor, given by 

<ps=ZVs-ZJs =151.5° 

The rms dq-axis stator voltages can be calculated by 

\Vds = Vs cos(ZF - ZÄ ) = 356.25cos(79.98°) V = 61.99 V 
1 - - (rms) 
[ ^ = Vs sin(ZVs-ZAr) = 356.25 sin(79.98°) V = 350.8 V 

Cross Check: 

3 P/ 3 PI 
"-(iqsK) = " T T ^ ^ A ) ; v a n d ^ a r e the P e a k values-2Lr
 v , s "" 2¿, 

3x2x2.1346xlQ-3 

2x2 .2x l0 - 3 (-2397.3x1.7106)=-11939 N-m, verified. 

R 1 497 xlO"3 

p = 3 / 2 ^ ( l - s ) = 3xl645.12x-: ^—(1+0.0072) =-1.7014 xlO6 W, verified. 
' s -0.0072 

7-4. Repeat Problem 7-3 for a wind speed of 6 m/s for which the generator operates at 
0.5 pu rotor speed. 

Answers: 

a) Tm =-3685 N-m, PmR =-2.3339xlO6 W, Pm =-291.73xl03 W 

b) lds =566.65 A (rms), Iqs =-523.2 A (rms), 7J =771.25Z0° A(rms) 

c) msl = -0.6284rad/s (-0.1 Hz), ms = 157.71 rad/s (25.1Hz), s= -0.004 

d) Zs = 0.2545Z129.450 Q, X/s = 0.0102 Q, Xlr = 0.0102 Q, 

JTm = 0.3366 il, Vs = 196.3Z129.45° V (rms) 

e) 7r=507.75Z-47.3°A(rms), Äm =1.21Z41.16° Wb (rms), 

Äs = 1.2482Z39.64° Wb (rms), A, = 1.7652 Wb, 

Är=1.210Z42.72°Wb(rms), Xr = 1.7106 Wb 

f) K^ = 11.18 V (rms), Vqs =195.98 V (rms), Tm = -3685 N-m, 

Pm =-291.73xlO3 W, verified. 

7-5. Consider a 3.0 MW, 3000 V, 60 Hz SCIG wind energy system. At a wind speed of 
10.8 m/s, the generator operates at 0.9 pu rotor speed. The generator parameters are 

www.EngineeringEBooksPdf.com



380 APPENDIX C. PROBLEMS AND SOLUTIONS 

given in Table B-3 of Appendix B. The rotor flux Ar is kept at its rated value of 6.2107 
Wb (peak) by the indirect field-oriented controller. Repeat Problem 7-3. 

Answers: 

a) Tm = -12978N-m, Pm R =3.0402xlO6 W, Pm =-2.2163xl06 W 
b) Ids = 161.6 A (rms), Iqs =-506.7 A (rms), 7S =531.86Z0° A (rms) 
c) 0)s! = -2.0358 rad/s (-0.324 Hz), cos = 339.52 rad/s (54.036 Hz), 

5 = -0.006 

d) Zs = 2.912Z152.3° ft, Xls = 0.2655 ft, X,r = 0.2655 ft, 
Xm=9.224ft, F5=1548.9Z152.3°V(rms) 

e) 7r =492.5Z-17.7° A (rms), Am = 4.4085Z67.3° Wb (rms), 
Ä, = 4.5851Z62.5° Wb (rms), Xs =6.4843 Wb, 
4 = 4.3916Z72.30 Wb (rms), Xr = 6.2107 Wb 

f) Vds= 267.99 V (rms), Vqs =1525.5 V (rms), Tm = -12978 N-m, 
Pm = -2.2163x10s W, verified. 

7-6. Repeat Problem 7-5 for a wind speed of 6 m/s, at which the generator operates at 
0.5 pu rotor speed. 

Answers: 

a) Tm =-4005.5 N-m, PmR =-3.0402xlO6 W, Pm =-380.03xlO3 W 

b) Ids = 161.65 A (rms), Iqs = -156.4 A (rms), 7, = 224.92Z00 A (rms) 
c) 0)s¡ = -0.6283 rad/s (-0.1 Hz), 0)s = 189.12 rad/s (30.1 Hz), s = -0.0033 
d) Zä=3.7936Z130.8°Q, * / s =0 .1479Q, X/r =0.1479 ft, 

Xm =5.1381 ft, Vs = 853.23Z130.8° V (rms) 

e) lr = 152Z-45.95° A (rms), Am = 4.3932Z42.5° Wb (rms), 
Xs = 4.5244Z41° Wb (rms), Xs = 6.3985 Wb, 
Är = 4.3916Z44.050 Wb (rms), Xr = 6.2107 Wb 

f) Vds = 48.3 V (rms), Vqs = 851.86 V (rms), Tm = -4005.5 N-m, 
Pm =-380.03xlO3 W, verified. 

Topic: Steady-State Analysis of SCIG WECS with DTC 

7-7 (Solved Problem). A 1.45 MW, 575 V, 50 Hz SCIG is used in a wind energy sys-
tem controlled by the DTC scheme. At a wind speed of 10.8 m/s, the generator oper-
ates at 0.9 pu rotor speed. The generator parameters are given in Table B-2 of Appen-
dix B. The stator flux As is kept at its rated value of 1.5033 Wb (peak) by the DTC 
controller. Calculate the following: 

a) The generator mechanical torque and power 
b) The dq-axis and rms stator current 
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c) The stator frequency and slip 
d) The rms stator voltage 
e) The magnetizing, stator, and rotor flux linkage values 
f) The ß^-axis rms stator voltages 

Solution: 

Refer to Table 7-6 in Chapter 7. 

a) The generator mechanical torque at 0.9 pu rotor speed: 

Tm=TmRx(comnut = -13944x0.92 =-11295 N-m 
m m,K ^ m,pu / 

The rated mechanical power: 

PmÄ=u)mÄxrmÄ = 1007.2x(2^)/60x(-13944) =-1.4707 x l 0 6 W 

The generator mechanical power at 0.9 pu rotor speed: 

P = ¿ ,
m R x ( c ü Y = -1.4707xl06x0.93 = -1.0722xl06W 

m m,ri \ m, pu / 

b) The g-axis stator current: 

_ 2Te _ 2x(-11295) 

' 9 S _ 3PA, 3x3x1.5033 
i,s =— e -— = i -̂ = -1669.6 A (peak) 

^=' ? 7^=- 1 1 8 0 - 6 A ( r m s ) 
The slip frequency tosl is determined by 

(rra)2a>l - (1 ~ a ^ r s cos¡ +1 = 0 -» 0 . 0 1 1 4 ^ + 0 . 5 7 7 6 ^ + 1 = 0 

where rr is the rotor time constant, defined by 

T, =LrIRr =1.8199xl0_3/l-39xl0"3 =1.3093 

and a is the total leakage factor, defined by 

a = l - i = l d -77016xl0-y , 
LL 1.8745 xl0- 3 xl .8199xl0 - 3 

from which 

f-1.7948 rad/sec ( - 0.2857 Hz) 
sl [-48.891 rad/sec (-7.7813 Hz) (omitted) 
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The d-axis stator current: 

_Xs+(oLsxra>sliqs) 

h 
_1.5033 + (0.0815xl.8745xlQ-3xl.3093x(-1.7948)x(-1669.6))_11^1 
— — i i¿, 1 .o A. 

1.8745x10"3 

= 1121.8 A (peak) 

Ids=ids/JÏ =793.26 A (rms) 

The stator current: 

is = yjil+iqs = Vi 121.82 + 1669.6^ = 2011.5A (peak) 

Is = is/y¡2Z0° = l4223Z0°A (rms) 

c) The stator frequency can be found from 

(or = (I007.2x0.9)x(2^/60)P = 284.78 rad/s (906.48 rpm) 

cos = cor+ (os, = 284.78 -1.7948 = 282.98 rad/s (45.0383 Hz) 

The slip: 

5 = ̂ - = -0.0063 

d) The equivalent impedance of SCIG: 

Z,=R, + jXb+jXJ/ 
s 

= 0.2104Z145.9°Q 

where X,s = o)^k = 2 x 3.1416 * 45.038 x 0.1044 x 10"3 = 0.0295 ft, Xlr = «/ , , . = 
0.0141 H andXm = WsZ,m = 0.5009 Í1 
The stator voltage: 

Ks=7sxZs = 1422.3Z0°x0.2104Z145.9°=^Zç>s = 299.2Z145.9° V (rms) 

e) The rotor current can be calculated by 

7 = i^JnL - = 1273Z-23.1°A(rms) 
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The magnetizing flux linkage can be expressed as 

\ = (Ts-Jr)Lm = 0.9879Z63.30 Wb (rms) 

Alternatively, Am = V^~I^+JX^ = 0.9789Z63.30 Wb (rms) 
M 

The stator flux linkage can be obtained by 

At = Am + Lh 7 = 1.063^56.1° Wb (rms) 

The peak value of stator flux: Â  = VÏAS = 1.5033 Wb 
The rotor flux linkage is then can be obtained by 

Är = Äm- Llr 7 = ArZ6x = 0.9859Z66.950 Wb (rms) 

The peak value of rotor flux, Ar = VlAr = 1.3942 Wb 

f) The torque angle: 

0T=ZA~s-Z.Är = Z.Äs-6{ = 56.1° -66.95° = -10.85° 

Cross Check: 

T =^A_n s i n 0 = 3 x 3 1.7702X1Q-3 

' 2 oLsLr
 s r T 2 0.0815xl.8745xl0"3xl.8199xl0-3 

xl.5033xl.3942xsin(-10.85°) =-1129.5 N-m, verified. 

R 1 39x10"3 

p = 3 / 2 ^ L ( i _ s ) = 3x l273 2 x^^——(1+0.0063)=-1 .0722 x10s W, verified. r s -0.0063 

7-8. Repeat Problem 7-7 for a wind speed of 6 m/s, at which the generator operates at 
0.5 pu rotor speed. 

Answers: 

a) rm=-3486N-m., Pm¡R =1.4707xlO6 W, Pm = -183.84xl03W 
b) Iqs = - 364.38 A (rms), msl = -0.5361 rad/s, Ids = 587.92 A (rms), 

Is =691.68Z0°A(rms) 
c) cos = 157.67 rad/s (501.89 rpm) (25.09Hz), s= -0.0034 

d) Zs =0.2416Z121.52°Q, Xls =0.0165 Q, Xlr = 0.0079 £2, 
Xm =0.2791 Q, Vs =167.12Z121.52°V(rms) 
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e) 7r=386.5Z-54.9°A(rms), Äm =1.0023Z33.96° Wb (rms), 
Äs = 1.063Z31.790 Wb (rms), Xs =1.5033 Wb 
Är = 1.0022Z35.1 ° Wb (rms), Xr =1.4173 Wb 

f) 0 r =-3 .28° , T = -3486 N-m, P =-183.84xl03 W, verified. 

7-9. Consider a 4.0 MW, 4000 V, 50 Hz SCIG wind energy system. At a wind speed of 
10.8 m/s, the generator operates at 0.9 pu rotor speed. The generator parameters are 
given in Table B-4 of Appendix B. The stator flux Às is kept at its rated value of 
10.4535 Wb (peak) by the DTC controller. Repeat Problem 7-7: 

Answers: 

a) Tm =-20794 N-m, PmR = 4.0606 xlO6 W, Pm =-2.9602 xlO6 W 
b) Iqs=- 468.85 A (rms), œsl =-1.7188 rad/s, lds =324.8 A (rms), 

7, =570.35Z0°A (rms) 

c) (Os = 283 rad/s (45.042 Hz), 5 = -0.0061 

d) ZS=3.6496Z145.1°Q, Xk = 0.4805 Q, Jffr =0.4805 ß , 
Xm =9.5081 Q, Vs =2081.5Z145.FV(rms) 

e) 7r=507.23Z-20.89°A(rms), Äm =6.8864Z61.9° Wb (rms), 
4 = 7.3917Z55.30 Wb (rms), Xs =10.4535 Wb, 
Ar = 6.8323 Z69.11 ° Wb (rms), Xr = 9.6624 Wb 

f) dT =-13.82°, T =-20794 N-m, P =-2.9602x 106 W, verified. 

7-10. Repeat Problem 7-9 for a wind speed of 6 m/s, at which the generator operates at 
0.5 pu rotor speed. 

Answers: 

a) Tm =-6417.8 N-m, PmR =-*.0606xl06 W, Pm =-507.58xl03 W 
b) Iqs =-144.71 A (rms), cosl = -0.5028 rad/s, / ^ =219.84 A (rms), 

Is = 263.2Z00 A (rms) 
c) 0)̂  = 157.68 rad/s (25.095 Hz), 5=-0.0032 

d) ZS=4.4162Z123.1°Q, Xk = 0.2677 Í2, Xlr =0.2677 Q, 
Xm =5.2975 Q, Vs =1162.3Z123.1° V (rms) 

e) lr = 152.4Z-52.530 A (rms), Am = 7.0227Z35.360 Wb (rms), 
Äs = 7.3917Z33.350 Wb (rms), Xs = 10.454 Wb, 
Ar = 7.018Z37.470 Wb (rms), Xr = 9.925 Wb 

f) dT=-4A2°, T =-6417.8 N-m, P =-507.58x 103 W, verified. 

Topic: Steady-State Analysis of PWM CSC Interfaced SCIG WECS 
with Direct FOC 

7-11 (Solved Problem). A 3.0 MW, 3000 V, 60 Hz current source converter is used in 
SCIG wind energy system operating with direct FOC. At a wind speed of 9.6 m/s, the 
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generator operates at 0.8 pu rotor speed with slip of -0.0053 and stator current of 
429.93 A (rms). The generator parameters are given in Table B-3 of Appendix B. The 
rotor flux Ar is kept at its rated value of 6.2107 Wb (peak) by the direct FOC controller. 
The rectifier filter capacitor value is 296.8 (xF. Neglecting rotational losses, determine 
the following: 

a) The generator mechanical torque and power 
b) The stator voltage and rotor current 
c) The magnetizing, stator, and rotor flux linkages 

d) The dq-axis stator currents and voltages 
e) The rms capacitor and rectifier PWM currents 
f) The rectifier and inverter firing angles 

Solution: 

a) The generator mechanical torque at 0.8 pu rotor speed: 

Tm = Tm , x(t» V - -16022X0.82 = -10254 N-m 
m m,K v m,pu ' 

The rated mechanical power: 

p
m,R =a>m,R*Tm,R =1812(2TZ: ) /60X( -16022) = - 3 . 0 4 0 2 X 1 0 6 W 

Generator mechanical power at 0.8 pu rotor speed: 

Pm = KR x(<»m„u)3 = -3.0402x10" xO.83 = -1.5566xlO6 W 
m m,n v m,pu ' 

b) Selecting the stator current as a reference phasor, the stator current is: ls = 429.93 Z 
0° A (rms) 
The equivalent impedance of SCIG: 

Zs=R+jXls+jXJ/ 
rR 

V s 
+ JXb 

= 3.1884Z1500 : for s = -0.0053 

where Xh = MJ.,, = 2 x 3.1416 x 48.064 x 0.782 x 10"3 = 0.2362 H, Xlr = (a^lr = 
0.2362 Ü and^fm = <aj.m = 8.2046 Ü 
The stator voltage: 

Vs =7 s xZ s = 429.93Z0°x3.1884Z150°=^Z(pj=1370.8Z150o V (rms) 

The rotor current can be calculated by 

JXJ, 

jXm+\^ + jX,^ 
:387.24Z-22.1°A (rms) 
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c) The magnetizing flux linkage can be expressed as 

Äm = (Ts-Tr)Lm = 4.4021Z63.97° Wb (rms) 

Alternatively, Am = V'~I^R>+JX^ = 4.4021Z63.970 Wb (rms) 
M 

The stator flux linkage can be obtained by 

Äs=Äm+ Lb 7s = 4.5596Z60.17° Wb (rms) 

The peak value of stator flux: \s = VlAs = 6.4483 Wb 
The rotor flux linkage is then can be obtained by 

Ar = An - Llr Tr - ArZ0t = 4.3916Z67.90 Wb (rms) 

The peak value of rotor flux, \r = VÏAr = 6.2107 Wb 
d) To find dq-axis stator currents and voltages, the dq axes are added to the phasor di-

agram with the ¿-axis aligned with the rotor flux phasor Ar as shown in Figure C-
13. The following angles are then defined: 

<ps—the stator power factor angle 
Ö)—the angle between Is and Ar 

62—the angle between Vs and Ar 

03—the angle between ls and lwr 

ar—the rectifier firing angle 

The dq-axis stator current can then be determined by 

\lds =/ scos0, = 429.93 cos(67.92°)= 161.65 A 

1/ ^ s i n o , =-429.93sin(67.92°)= -398.38 A ( r m s ) 

d-axis rf-axis 

(a) V&mà Vqs (b)/* and/, 

Figure C-13. Phasor diagram for the analysis. 
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The dq-axis stator voltages can be calculated by 

[Vds = Vscos02 = Vs c o s ( Z ^ - Z Ä r ) = 1370.8cos(82.11°)= 188.22 V 
1 _ _ (rms) 
|^îs = Ĵ  sin02 = Kf s in(Z^ - Z A r ) = 1370.8sin(82.11°)= 1357.8 V 

e) Method #1: 

The rms capacitor current can be calculated by 

lcr =(jcosCr)Vs =(y302x296.8xl(T6)(1370.8Z150o) = 122.87Z-119.98oA (rms) 

The rms rectifier PWM current can be found from 

7W = / , + / „ . =429.93Z0° + 122.87Z-119.98o = 383.6Z-16.H°A (rms) 

Method #2: 
The dq-axis currents of the rectifier-side capacitor Cr can be found from 

Icrd =-2nfsV¡ Cr = -2/rx40.064xl357.8x296.8xl0~6 = -121.7 A 
qs 

= ltr f V crq 

The rms capacitor current: 

/ =2nfsVdsCr =27rx40.064xl88.22x296.8xl(T6= 16.87 A 
(rms) 

/ 0 . = > / / ¿ r f + / ¿ , = 122.87 A (rms) 

The dq-axis PWM currents of the rectifier can be calculated by 

/ * , = / * + / , „ , =161.65-121.7 = 39.95 A 
(rms) 

V =Iqs+lcrq =-398.38 +16.87 = -381.51 A V 

The rms rectifier PWM current: 

Kr = -JtLr+Igwr = 383.6 A (rms) 

f) The firing angle for the rectifier: 

ar=ZÄr-Z7wr=67.92°-(-l6M0) =84.02° 

The rectifier firing angle can also be found from 

a = tan"1 - ^ = tan"1 = ^ ± = 84.02° 
1^ 39.95 

The active power delivered from the generator to the DC link circuit is 

pdc = 3 ^ 7
S cos<ps = 3x1370.8x429.93cos(150°) =-1.5315 xlO 6W 
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The DC current ltir- IS 

Idc = 4l lmX mr = V2 x383.6xl.O = 542.5 A 

where rectifier modulation index mr is set to its maximum value of 1.0. 
The rectifier-side DC voltage: 

vdcr=^f-
ldc 

-1.5315x10" 

542.5 
= -2823.1 V 

The rectifier-side DC voltage can also be calculated by 

Vdcr =jn2VLLmrcos(\<ps\ + \0i\ )=>/372x3000xl.0xcos(l50o + 16.1°)= -2823.1 V 

where 03 = ar - dx = 84.02° - 67.92° =16.1° 
Neglecting the winding resistance of the DC choke Ldc, the inverter-side DC volt-
age is 

VM=Vdcr =-2823.1 V 

The inverter firing angle: 

a, = cos 
del 

rhllmY, LL 
= cos 

-2823.1 

/3/2xl.08x3000 
= 135.35° 

where m¡ is the modulation index of the inverter with SHE scheme. 

Cross Check: 

3PL 3PL 
T - ( / X, ) = - ( / X ); ias and Ar are the peak values. 

3x2x27.168x10" 

2x27.95x10 

/ >
m = 3 / r

2 ^ ( l - 5 ) = 3x387.242x 

(-563.39 x6.2107)= -10204 N-rn, verified. 

18.152xl0"3 

-0.0053 
-(1+0.0053) 

= -1.5489 xlO6 W,verified. 

7-12. A 4.0 MW, 4000 V, 50 Hz SCIG is used in a variable-speed CSC wind energy 
system with indirect FOC. At a wind speed of 9.6 m/s, the generator operates at 0.8 pu 
rotor speed with slip of-0.0056 and stator current of 473.43 A (rms). The rotor flux Xr 

is kept at its rated value of 9.4914 Wb (peak) by the indirect field-oriented controller. 
The rectifier filter capacitor value is 289 u,F. Repeat Problem 7-11. 
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Answers: 

a) Tm = -16429 N-m, PmR =-4.061xl06 W, Pm =-2.079xl06 W 

b) Is = 473.43Z00 A (rms), Zs = 3.8059Z143.40 Q for s = -0.0056 
Xk = 0.4274 Q, Xlr = 0.4274 Q, Xm = 8.4557 £2 

Vs = 1801.8Z143.4°V(rms), lr = 408.57Z-24.96° A (rms) 
c) ^m=6.7472Z59.14°Wb(rms), 4 = 7.1927Z53.64° Wb (rms), 

Xs =10.172 Wb, Är= 6.7114Z65°Wb (rms), Xr =9.4914 Wb 

d) 1^ =199.7617 A (rms), Iqs =-429.22 A (rms), Vds = 362.45 V (rms), 
Vqs= 1765 V (rms) 

e) 7cr=131.1Z-126.6°A(rms), 7wr =409.13Z-14.91°A (rms) 
f) a , = 79.95°, *"*,. = Vdcr = -3552.6 V, a,- = 132.18°, 

Tm =-16453 N-m, Pm =-2.082xlO6 W, verified. 

Topic: Steady-State Analysis of PWM CSC WECS with Indirect FOC 

7-13 (Solved Problem). Consider a 3.0 MW, 3000 V, 60 Hz CSC interfaced SCIG 
wind energy system. At a wind speed of 12 m/s, the generator operates at 1.0 pu rotor 
speed. The generator parameters are given in Table B-3 of Appendix B. The rotor flux 
\r is kept at its rated value of 6.2107 Wb (peak) by the indirect FOC controller. The 
rectifier filter capacitor value is 296.8 |xF. Find the following: 

a) The generator mechanical torque and power 

b) The i/g-axis and rms stator current 
c) The slip and stator frequency 

d) The rms stator voltage 
e) The magnetizing, stator, and rotor flux linkage values, 
f) The dq-axis rms stator voltages, 
g) The rms capacitor and rectifier PWM currents 
h) The rectifier and inverter firing angles 

Solution: 

a) The generator mechanical torque at 1.0 pu rotor speed: 

Tm=TmRx(m DU f = -16022xl2 = -16022 N-m 

The rated mechanical power: 

PmR = comR xTmR = 1812x(2^)/60x(-16022) = -3.0402x106 W 

The generator mechanical power at 1.0 pu rotor speed: 

P =PmRx(o) „ ) 3= -3 .0402xl0 6 x l 3 = -3.0402xlO6 W 
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b) The d-axis stator current: 

6.2107 

27.168x10" 
= 228.6 A (peak) 

Ids=idsH2 =161.65 A (rms) 

The g-axis stator current: 

71 2L_ T. 2x27.95xl0"3 

i = 
IL T 

r e 
-16022 

KTXr 3PLm Xr 3x2x27.168xl0~3 6.2107 
= -884.67 A (peak) 

/
í , = ' „ / v 2 = -625.56 A (rms) 

The stator current: 

i, = y¡i2
ds+il = V228.62 +884.672 =913.73 A (peak) 

7, = i, I V2Z0° = 646.1Z0° A (rms) 

c) The slip frequency: 

RL . 16.623 xl0-3x27.168xl0~3 , _ _ . , „ 
ÛJ, = - ! - 2 L ! = 5 x (-884.67) 

" LrXr
 qs 27.95 xl0"3x 6.2107 

= -2.5133 rad/s (-12 rpm) (-0.4 Hz) 

The stator frequency can be found from 

cor = (l812xl.0)x(2;r/60)P = 379.5 rad/s (1812 rpm) (60.4 Hz) 
ms = cor + (osl = 379.5-2.5133 = 376.99 rad/s (1800 rpm) (60 Hz) 

The slip: 

s=^- = -0.0067 (negative slip) 

d) The equivalent impedance of SCIG: 

z,=R,+jXb+jXm// 
s 

:2.6807Z153.3°Í2 
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where Xls = WjLfa = 2x3 .1416x60x 0.782 x 10"3 = 0.2948 H, X,r = <a^lr = 0.2948 
ÎÎ, andXm = b¡^m = 10.2421 ÎÎ 

The stator voltage: 

F =Z"sxZs = 646.1Z0°x2.6807Z153.3°=FJZ(pj = 1732Z153.3° V (rms) 

e) The rotor current can be calculated by 

Jr= &¿± - = 608.05Z-14.5°A (rms) 

The magnetizing flux linkage can be expressed as 

Än ={Ts-Tr)Lm =4.4173Z69.3° Wb(rms) 

Alternatively, Ä = V^"I^Rs+JXis"> = 4.4173Z69.30 Wb(rms) 
M 

The stator flux linkage can be obtained by 

Ä, = Äm+ Lls Ts = 4.6198Z63.50 Wb (rms) 

The peak value of stator flux: As = VlAs = 6.5335 Wb 
The rotor flux linkage is then can be obtained by 

Är = Äm -Llr Tr = ArZ6{ = 4.3916Z75.50 Wb (rms) 

The peak value of rotor flux, Ar = V2Ar = 6.2107 Wb 

f) Referring to Figure C-13, the rms ú^-axis stator voltages can be calculated by 

\V = V cos(ZV -ZA) = 1732cos(77.78°) V = 366.36 V 

\Vqs = Vs sin(ZVs-ZAr) = 1732sin(77.78°) V = 1692.8 V 

g) Method #1: 
The rms capacitor current can be calculated by 

Icr=(jo)sCr)Vs =(;376.99x296.8xl0-6)(1732Z153.3o) = 193.8Z-116.7°A (rms) 

The rms rectifier PWM current can be found from 

/ w r = / ä + / c r = 6 4 6 . 1 Z 0 o + 193.8Z-116.7o = 585.2Z-17.2°A(rms) 
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Method #2: 
The dq-axis currents of the rectifier-side capacitor Cr can be found from 

\lcrd = -2nfsVqsCr =-2nx60 xl 692.2 x296.8xl(T6= -189.42 A 

[lcrq = 2K fsVjsC, =2nx60 x 366.36 x296.8xl0"6= 40.99 A 

The rms capacitor current: 

/cr =J/L+/ ' , - ,= 193.8 A (rms) 

The dq-axis PWM currents of the rectifier can be calculated by 

/ ^ = / * + / „ „ =161.65-189.42 = -27.77 A 
(rms) 

tqwr = tqs + hrq = -625.55 + 40.99 = -584.55 A 

The rms rectifier PWM current: 

I«r = jlL+I^r = 585.2 A (rms) 

h) The firing angle for the rectifier: 

ar = ZÄr-Zlwr = 75.5°-(-17.2°) = 92.7° 

The rectifier firing angle can also be found from 

a = tan"1 ^ = tan"1 ^ ^ = 92.7° 
Idwr -27.77 

The active power delivered from the generator to the DC link circuit is 

^ = 3 ^ /
s cos<p j =3xl732x646.1cos(153 .3 a )=-3xl0 6 W 

The DC current Idc is 

Idc = 7 2 / ^ , mr = 72x585.2x1.0 = 827.6 A 

where rectifier modulation index mr is set to its maximum value of 1.0. 
The rectifier-side DC voltage: 

V = Zk. = ~ 3 x l ° 6 = -3623.9 V 
dcr Idc 827.6 

The rectifier-side dc voltage can also be calculated by 
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Vdcr=JÏÏ2VLLmr cos(|«PS| + |03|)=N/372"X3OOOX1.OXCOS (153.3°+17.2°)= -3623.9 V 

where, 03 =ar -6] =92.7° -75.5° =17.2° 

Neglecting the winding resistance of the dc choke Ldc, the inverter-side DC voltage 
is 

V**=V*r =-3623.9 V 

The inverter firing angle: 

a¡ = cos 
f V ' 

"dci 

V 
BI2m!Vl LL 

cos 
•3623.9 

V 
/3/2xl.08x3000 

156.0° 

where m¡ is the modulation index of the inverter with SHE scheme. 

Cross Check: 

3PL 3PL 
Tm = -^-(ivK) = "^"i '*»^); '«.a n d A-are the Pe a k values-

3x2x27.168x10" 

2x27.95xl0"3 
(-884.67 x 6.2107)= -16022 N-m, verified. 

2 * r „ s i ™ n t l 18.152x10" Pm = 3 / ; -^ (1 - Í ) = 3 x 608.05z x 
s 

= -3.0402 x 106 W, verified. 

■0.0067 
-(1 + 0.0067) 

7-14. Repeat Problem 7-13 for a wind speed of 7.2 m/s, at which the generator oper-
ates at 0.6 pu rotor speed. 

Answers: 

a) T =-5767.9 N-m, Pm „ =-3.0402x106 W, Pm =-656.69xl03 W 
b) / ^ =161.65 A (rms), Iqs =-225.2 A (rms), 7, = 277.2Z00 A (rms) 
c) cos¡ = -0.9048 rad/s (-0.144 Hz), cu, = 226.79 rad/s (36.096 Hz), 5 =-0.004 
d) Zs = 3.6946Z139.770 Q, Xls = 0.1774 Q, X/r = 0.1774 Q, 

Xm =6.1616 Q, Fs =1024.2Z139.77° V (rms) 
e) lr = 218.9Z - 35.67° A (rms), Am = 4.3949Z52.1 ° Wb (rms), 

Äs =4.5313Z49.93° Wb (rms), As =6.4083 Wb, 
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Är = 4.3916Z54.330 Wb (rms), Xr = 6.2107 Wb 
f) ^ = 8 1 . 4 5 V (rms), Vqs = 1020.9 V (rms) 
g) lcr =114.6Z-130.23° A (rms), lwr = 221.23Z-23.3°A (rms) 
h) a r =77.63°, K^,-= Kdcr =-2078.4 V, «,=121.58° 

7-15. Consider a 4.0 MW, 4000 V, 50 Hz SCIG wind energy system. At a wind speed 
of 12 m/s, the generator operates at 1.0 pu rotor speed. The generator parameters are 
given in Table B-4 of Appendix B. The rotor flux Ar is kept at its rated value of 9.4914 
Wb (peak) by the indirect field-oriented controller. The rectifier filter capacitor value 
is 289 |JLF. Repeat Problem 7-13: 

Answers: 

a) 7, =-25671 N-m, / ^ = ^4.0606xl06 W, Pm =-4.0606xlO6 W 
b) Ids =199.76 A (rms), Iqs =-669.72 A (rms), ls = 698.88Z00 A (rms) 
c) 0)d =-2.1991 rad/s (-0.35 Hz), cos = 314.16rad/s (50 Hz), s=-0.007 

d) Zs = 3.3045Z145.70 Q, Xk = 0.5334 Q, Xlr = 0.5334 Q, 
Xm =10.5548 a, Vs = 2309.4Z145.7° V (rms) 

e) lr =637.5Z-16.61°A(rms), Äm =6.7981Z64.23° Wb (rms), 
4 = 7.3917Z55.920 Wb (rms), A, = 10.4535 Wb, 
\ = 6.7114Z73.390 Wb (rms), Xr = 9.4914 Wb 

f) Va = 701.74 V (rms), VQS = 2200.2 V (rms) 
g) Icr =209.68Z-124.3°A(rms), Iwr =606Z-16.61°A(rms) 
h) ar = 89.99°, Vdci = K ĉr = -4667.3 V, «,=151.9° 

7-16. Repeat Problem 7-15 for a wind speed of 7.2 m/s, at which the generator oper-
ates at 0.6 pu rotor speed. 

Answers: 

a) Tm =-9241.6 N-m, PmR =-4.0606xlO6 W, Pm =-877.09xl03 W 
b) 7^=199.76 A (rms), Igs =-241.1 A (rms), 7S =313.1Z0° A (rms) 
c) œsl = -0.7917 rad/s (-0.126 Hz), œs = 189.02 rad/s (30.084 Hz), 

i = -0 .0042 

d) Zs = 4.2686Z133.68° Q, Xls = 0.321 Í2, X,r = 0.321 Q, 
^ m =6.3506 £2, Vs =1336.5Z133.68° V (rms) 

e) lr = 229.5Z-39.64° A (rms), Am = 6.7227Z47.030 Wb (rms), 
4 = 7.0957Z43.890 Wb (rms), Xs = 10.035 Wb , 
Är=6.7114Z50.36°Wb(rms), Ar= 9.4914 Wb 

f) Vds= 155.5 V (rms), Vqs = 1327.4 V (rms) 

g) lcr =121.3Z-136.3°A (rms), lwr = 240.42Z-20.4° A (rms) 
h) ar = 70.75°, Vdci = Vdcr = -2549.8 V, «, = 118.81° 
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PROBLEMS AND ANSWERS FOR CHAPTER 8—DOUBLY FED 
INDUCTION GENERATOR BASED WECS 

Assumptions for all the problems in this chapter: 

1. Switching harmonics produced by power converters are neglected. 
2. Power converters are ideal without power losses. 

3. Core and rotational losses of the generator are neglected. 

Topic: Steady-State Equivalent Circuit of DFIG with Rotor-Side 
Converter 

8-1 (Solved Problem). A 1.0 MW, 575 V, 60 Hz, 2160 rpm DFIG is used in a vari-
able-speed wind energy conversion system. The parameters of the generator are given 
in Table B-6 of Appendix B. The generator operates with an MPPT scheme and its sta-
tor power factor is unity. Assuming that the DFIG operates at a supersynchronous 
speed of 2160 rpm, determine the following: 

a) The generator mechanical torque and power 

b) The rms stator current 
c) The rms magnetizing voltage and current 
d) The rms rotor current and voltage 
e) The equivalent resistance and reactance for the rotor side converter 
f) The maximum torque and the corresponding slip 

Solution: 

a) The rotor mechanical speed: 

com = 2160 x (2K 160) = 226.19 rad/sec 

The rotor electrical speed: 

û) = û) x P = 226.19 x 2 = 452.39 rad/sec 
r m 

The rated rotor mechanical speed: 

com R = 2160 x (2 n 160) = 226.19 rad/sec 

The stator frequency: 

cos = 2n x 60 = 376.99 rad/sec 

The pu rotor speed wmpu = coJù)mR = 226.19/226.19 = 1.0 pu 
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The generator mechanical torque at 1.0 pu rotor speed: 

Tm = Tm,R x(«m,pu)2 =-4421 x(1.0)2 = -4421 N-m 

The rated mechanical power: 

^ .* = «m,«x:rm,* = 226.19x(-4421) = -1000x l0 3 W 

The generator mechanical power at 1.0 pu rotor speed: 

/,
m=/>

m,A
x(û>m,pu)3 = -1000x103x(1- 0 ) 3 = - 1 0 0 0 x l ° 3 w 

b) The stator current from Equation (8.7): 

v±iV2_*M¿>L 

—— = -829.18 A (rms) (Is= 91.682x10 3A omitted) 
2Ä, 

where Vs = 575/V3 V, Tm = -4421 N-m, ws = 376.99 rad/sec, Rs = 3.654 mfi, and 
P = 2 

c) The magnetizing branch voltage: 

= 575/V3Z0°-829.18Z180°x(3.654xl0-3 + 7l20^x0.1304xl0-3) 

= 337.48Z6.94° V (rms) 

The magnetizing current can be calculated by 

7 = Vm =217.28Z-83.1° A(rms) 
s m 

d) The rotor current: 

lr = Js - J m = 829.18Z180°-217.28Z-83.1° = 882.19Z165.85° A (rms) 

The rotor voltage: 

Vr =sVm-ïr(Rr+js(OsLlr)=67.97Z-\65.83° V(rms) 

where s = (ws - wr)/<as = (376.99 - 452.39)/ 376.99 = -0.2 
e) The equivalent impedance for the rotor side converter is given by 

Zeq =VrIIr= 0.06782 + y'0.03656 Í2 

from which Req = 0.06782 ÎÎ and Xeq = 0.03656 ÎÎ 
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f) The slip at which the maximum torque occurs can be obtained from Equation 
(2.34): 

(Rr+Retl)
2+Xl 

Jrm* =± , p-T — -T =-0-8497 

(s = +0.8497 is omitted because of the supersynchronous mode of operation.) 

The maximum torque: 

1 3F2 

7L„ = -
*»,IP {xls+x,r)xr„ L „ __., _„ f. x ^+-v:r,,-j(^+^^> ^ + ^ 

= -16214 N-m (3.6675 pu) 

Cross Check: 

1 « . , _ „ . , 1 

1+ «7 

V 
(*, + * J 2 

-x37(Re a + Rr)/s 
(Os/P

 r eq 2 T T X 6 0 / 2 

x 3x 882.192(0.06782 + 3.569 x 10 ~) I (-0.2) = -4421 N- m, verified. 

Pm=lI:t
r(Req + Rr){\-s)ls = 3x882.192(0.06782 +3.569x10 _3) (1+0.2)/(-0.2) 

= -1000x l0 3 W, verified. 

8-2. Repeat Problem 8-1 when the DFIG operates at synchronous speed of 1800 rpm. 

Answers: 

a) Tm =-3070.1 N-m, />„, =-578.71 xlO3 W 

b) Is =-577.41 A (rms) 
c) Vm = 335.29Z4.86° V (rms), lm = 215.87Z-85.14° A(rms) 
d) lr =633.32Z160.15° A (rms), Vr = 2.26Z-19.85° V(rms) 
e) Req =-0.00357 Q, ^ = 0 Q 
f) r̂max = 0, Tmwi = -6752 N-m (1.5272 pu) 

8-3. Repeat Problem 8-1 when the DFIG operates at a subsynchronous speed of 1350 
rpm. 

Answers: 

a) Tm =-1726.9 N-m, Pm =-244.14xl03 W 

b) 7f=-325.69 A (rms) 
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c) Vm = 333.55Z2.75° V(rms), lm = 214.75Z-87.25° A(rms) 
d) lr = 398.63Z147.45° A(rms), Vr =81.2Z4.63° V(rms) 

e) Req =-0.17428 Q, Xeq =-0.13219 Q 
f) 5rmax =2.2873, rraax =-20542 N-m (4.6465 pu) 

8-4 (Solved Problem). Consider a 1.0 MW, 575 V, 60 Hz, 2160 rpm DFIG WECS. 
The parameters of the generator are given in Table B-6 of Appendix B. The genera-
tor operates with an MPPT scheme and its stator power factor is unity. At a given 
wind and generator speed, the equivalent resistance Req and reactance Xeq for the 
rotor side converter and the maximum torque to mechanical torque ratio Tmax/Tm 

are found to be 0.03778 Ü, 0.02165 il, and 4.4123 respectively. Calculate the fol-
lowing: 

a) The maximum torque and the corresponding slip 

b) The generator mechanical torque and power 
c) The rotor mechanical and electrical speeds and slip 
d) The rms stator current 
e) The rms rotor current and voltage 

Solution: 

a) The positive values for Req and Xeq indicate supersynchronous mode of operation. 
The negative values indicate subsynchronous operation. Zero value for Xeq indicate 
synchronous operation. 

The slip at which the maximum torque occurs can be obtained from Equation 
(8.34): 

T™ y¡Ri+(xls+xlr)
2 

(s = +0.4944 is omitted because of the supersynchronous mode of operation.) 

Tau 2û>. / P 

1 3V2 

R,^-*f^-kx^x,,? + K-y 
R +R 

r eq 

( X2 \ 

1 + 

V (K+Kr) 
= -16391 N-m (3.708 pu) 

b) The generator mechanical torque: 

T =—^— = — ^ - = -3714.8 N-m 
m Tm>jTm 4.4124 
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The generator mechanical torque can be related to pu rotor speed as 

T =T „x(a> )2 N-m 
m m,R V m,pu / 

from which pu rotor speed can be calculated by 

^ i = / : ^ Z ! ± 8 =o.9167 P \Tm<R V -4421 

The rated mechanical power: 

P„,R =C0»,RXT»,R =2160(2^)/60x(^421) = -1000xl03 W 

The generator mechanical power at 0.9167 pu rotor speed: 

pm ='pm,/îx(®m,pu)3 =-1000 x 103 x (0.9167)5 = -770.26X 103 W 

c) The rotor mechanical and electrical speeds: 

°>m =i»m,fixû>m,pu = 2160(2;z:)/60x0.9167 = 207.35rad/sec (1980rpm) 

œr =(u m xP = 207.35x2 = 414.7 rad/sec 

The slip can be obtained as: 

s = (ú)s-í»r)/u)i=(376.99-414.7)/376.99 = -0.1 

d) The stator current: 

v.±Av} 4R'T-m-
— = -697.74 A (rms) ( 7S =91.55 *103 A omitted) 

2RS 

where Vs = 575/V3 V, Tm = -3741.8 N-m, cos = 376.99 rad/sec, Rs = 3.654 mil, and 
P = 2 

e) From the steady-state equivalent circuit of DFIG with the rotor side converter as 
shown in Figure 8-4, the rotor current can be calculated by 

JX„ 

JXJ. 
R 

Ir = ■>- m s r- = 751.35¿163.34° A (rms) 
' » ^ (R„ X„ ^ + jXlr 

S 

eg . ; e1 

S S 

Alternatively, the rms rotor current can be found from the mechanical torque equa-
tion: 
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COjP 

from the above 

T = —!— x 3 / ' 2 (/? +Rr)/s N-m 

, r „ x ( f l , , / f ) = 7 5 1 3 5 A ( r m s ) 

V3(Ä,+Ä,) / i 

The equivalent impedance for the rotor side converter: 

2eq =Vrllr= 0.0378 + yO.02165 = 0.04354Z29.820 Q (given) 

The rotor voltage: 

Vr = ZeqxIr = 32.72Z-166.84° V(rms) 

Cross Check: 

œs/P
 r eq r 2 ^ x 6 0 / 2 

x3x751.352(0.0378 + 3.569xl0_V(-0-l) =-3714.87 N-m, verified. 

Pm=3I2
r(Req + Rr)(\-s)/s =3x751.352(0.0378 + 3.569xl0"3)(l+0.1)/(-0. 1)= 

-770.26X103 W, verified. 

8-5. Repeat Problem 8-4 if the Req, Xeq, and TmJTm are -0.0295 O, -0.0150 H, and 
6.227, respectively. 

Answers: 

a) sTma =0.3175, rmas =-17254 N-m (3.903 pu) 
b) r„ =-2770.8N-m, Pm =-496.18xlO3 W 
c) com= 179.07 rad/sec (1710 rpm), œr =358.14 rad/sec, s = 0.05 

d) / ,=-521.43 A (rms) 
e) 7r =579.9Z158.22° A(rms), Vr =19.18Z5.17° V(rms) 

8-6. Repeat Problem 8-4 if the Req, Xeq, and TmJTm are -0.0937 il, -0.05887 Ü, and 
8.322, respectively. 

Answers: 

a) sTtmx =1.14, rmax =-18459 N-m (4.1754 pu) 

b) Tm =-2218 N-m, Pm =-355.4xl03 W 
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c) com = 160.22 rad/sec (1530 rpm), cor = 320.44 rad/sec, 5 = 0.15 

d) Is =-417.9 A (nos) 
e) 7, =481.64Z153.5° A(rms), Vr = 53.28Z5.64° V(rms) 

Topic: Steady-State Analysis of DFIG WECS with PFS = 1 

8-7 (Solved Problem). A 5.0 MW, 950 V, 50 Hz, 1170 rpm DFIG is employed in a 
variable-speed WECS. The parameters of the generator are given in Table B-7 of Ap-
pendix B. The DFIG WECS is connected to a grid (line-line voltage VAB = 950 V, 50 
Hz). The generator operates with an MPPT scheme and its stator power factor is unity. 
The corresponding equivalent resistance and reactance for the rotor-side converter 
when the DFIG operates at subsynchronous speeds of 670 rpm are -0.13059 ft and 
-0.2624 ft, respectively. Calculate the following: 

a) The generator mechanical torque and power 
b) The rms stator and rotor currents 
c) The stator and rotor winding losses 

d) The stator and rotor active powers 
e) The net power delivered to the grid and efficiency of the DFIG 
f) The fundamental grid current 

Solution: 

a) The rotor mechanical speed: 

am = 670 x (2;r / 60) = 70.162 rad/sec 

The rotor electrical speed: 

0)r =amxP = 70.16x3 = 210.48 rad/sec 

The rated rotor mechanical speed: 

mmJt = 1170x (2^/60) = 122.52 rad/sec 

The stator frequency: 

(os = 2^x50 = 314.16 rad/sec 

The pu rotor speed £»mpu =(ûm/(ûmR =70.162/122.52 = 0.5727pu 
The generator mechanical torque at pu rotor speed: 

Tm = Tm,R x(ft)m,pu)
2 = -40809x(0.5727)2 = -13382.4 N-m 
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The rated mechanical power: 

p
mR =omRxTmR =-122.52x40809 = -5000xlO3 W 
m,n m,K m,K 

The generator mechanical power at pu rotor speed: 

pm =Pm,RX(®m,puf =-5000x103x(0.5727J =-938.94xl03 W 

b) The rms stator current using conventional expression: 

V+JK 
/ . = ■ 

rl *RSTm(Ds 

I?- = -849.64 A (rms) ( 7,35.43 *104 A omitted) 
2flr 

where Vs = 950/V3 V, Tm = -13382.4 N-m, ws = 314.16 rad/sec, Rs = 1.552 mil, 
and P = 3 
From the steady-state equivalent circuit of DFIG with the rotor-side converter as 
shown in Figure 8-4, the rotor current can be calculated by 

/ . 
JXmIs 

JXm + 
R r-+jx„ 

J V S S J 

:1092.55Z163.13°A(rms) 

where s = (cos-cor)lcos = (314.16-210.48)/314.16 = 0.33 
Alternatively, the rms rotor current can be found from the mechanical torque equa-
tion: 

T =-
1 

(O.I P 
x3I?(Req + Rr)ls N-m 

from which 

I 
Tmx(o)s/P) : 1092.55 A (rms) 

\3(R^+Rr)ls 

c) The stator and rotor winding losses: 

/J
c„,s=3(/s)

2fls=3x849.642xl.552xlO-3=3.361xl03 W 

pcu.r =3(/f)
2/?r =3xl092.552xl.446xl0"3=5.178xl03 W 

d) The stator and rotor active powers: 

Ps = 3VsIscos(ps = 3x950/^3 x849.64xcos(180°) =-1398xl0 3 W 

Pr = 3(1 r )
2R = 3x(1092.55)2x-0.13059 = -467.64 xlO 3 W 
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e) The net power delivered to the grid: 

Ip l̂ = |p | - | p | = 1398xl03 -467.64X103 =930.4xl03 W 

The difference between Pm and Pg is the losses on the stator and rotor windings, 
that is, 

| ^ , | - | ^ | = ^ + ^ =8-539X10J W 

The efficiency of the DFIG neglecting rotational and core losses is then 

Tj = Pg /\pm\ = 930.4/938.94 = 99.09% 

f) The fundamental grid current: 

. i \Pg\ 930.4X103 

/_ = -—L = j= = 565.44 A (rms) 
1 8l 3V. 3x950/V3 

Cross Check: 

Tm = —!— x3/r
2 (Reg +Rr)/s = -13382 N-m, verified. 

Pm = 3I?(Req + Rr)(l-s)/s =-938.9xlO3 W,verified 

8-8. Repeat Problem 8-7 when the DFIG operates at supersynchronous speed of 1050 
rpm. The corresponding equivalent resistance and reactance for the rotor-side convert-
er are given 0.00718 i l and 0.0349 il , respectively. 

Answers: 

a) Tm =-32867 N-m, Pm 

b) Is = -2079.5 A (rms), 
c) pcu,s =20.134xl03 W, 
d) Ps=-3421.71xl03 W, 

e) 
f) 

Pg =3564.96xlO3 W, 

Ig\ = 2166.6 A (rms) 

= -3613.9xl03 W 

Ir =2578.8 A (rms) 
Pcur =28.848xlO3 A 
Pr =143.24xl03 W 

17=98.65% 

8-9. Repeat Problem 8-7 when the DFIG operates at supersynchronous speed of 1170 
rpm (rated). The corresponding equivalent resistance and reactance for the rotor-side 
converter are given 0.02237 il and 0.11739 il, respectively. 

Answers: 

a) Tm = -40809 N-m, Pm = -5000x103 W 

b) / i = - 2 5 7 8 . 4 A (rms), Ir =3188.7 A (rms) 
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c) Pcu<s =30.95xl03 W, Pcur =44.109xl03 W 

d) Ps =-4242.5xlO3 W, Pr =682.4xl03 W 

e) 

f) 

p\ = 4924.9xlO3 W, 7] =98.5% 

/ . = 2993.1 A (rms) 

8-10 (Solved Problem). Consider a 5.0 MW, 950 V, 50 Hz, 1170 rpm DFIG WECS. 
The parameters of the generator are given in Table B-7 of Appendix B. The DFIG 
WECS is connected to a grid (line-line voltage VAB = 950 V, 50 Hz). The generator 
operates with an MPPT scheme. Neglect rotational and core losses. At a given wind 
and generator speed, the rms fundamental grid current Ig, and stator active power Ps 

are found to be 2016.08 A and -3261.6 kW, respectively. Calculate the following as-
suming unity power factor operation for the DFIG WECS: 

a) The rms stator current 

b) The generator mechanical torque and power 

c) The rotor mechanical and electrical speeds and slip 

d) The net power delivered to the grid and rotor active power 

e) The stator and rotor winding losses, and efficiency of the DFIG 

Solution: 

a) The stator can be calculated by 

/ J = P i / ( 3 F s ) = -3261.6xl03/(3x950/V3) =-1982.2 A(rms) 

b) The generator air-gap power can be given by 

^ = 3 ( ^ - / ^ ) 7 , 

from which the generator mechanical torque can be obtained as 

Tm =3(V-1sRs)Isx(P/a,s) =-31320.7 K-m 

The generator mechanical torque can be related to pu rotor speed as 

T =T Rx(û) )2N-m 
m m,K v m,pu ' 

from which pu rotor speed can be calculated by 

<ompu=U- = b l i l^7 = 0 8 7 6 1 
Ym,R V -40809 

The rated mechanical power: 

p
mR = œmRXT'™R = ! 170(2TT)/60x(-40809) = -5000xl03 W 
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The generator mechanical power at 0.8761 pu rotor speed: 

p
m =p

m,Rx(°>m,P»y =-5000xl03x(0.8761)? =-3361.9xlO3 W 

c) The rotor mechanical and electrical speeds: 

°>m =ûWXû>m)Pu =1170(2TT) /60X0 .8761 = 107.34rad/sec (1025 rpm) 

0)r =comxP = 107.34x3 = 322.02 rad/sec 

The slip can be calculated by: 

S = ( Û ) S - Û > , . ) / Î U J = ( 3 1 4 . 1 6 - 3 2 2 . 0 2 ) / 3 1 4 . 1 6 = - 0 . 0 2 5 

d) The net power delivered to the grid: 

|Pg| = 3Fg|/g | = 3x950/V3x2016.08=3317.3xl03 W 

The rotor active power: 

Pr = LpJ-|PJ = (3317.3-3261.6)xl03 =55.75xl03 W 
' | 6 | I ■* I v ' 

e) The stator winding loss: 

PCU,S=XIS)
2R

S = 3x 1982.22xl.552xl0"3=l8.29xlO3 W 

The difference between Pm and Pg is the losses on the stator and rotor windings, 
that is, 

Ip l - lpUp +p w 
| f\ g\ cu.s cu.r 

from which the rotor winding loss can be obtained as 

pcu,r =|/'m|-|/5g|-|/5
cu,s| = (3361.9-3317.3-18.294)xl03=26.25xl03 W 

The efficiency of the DFIG neglecting rotational and core losses is then 

r¡ = Pg /\Pm\ = 3317.3/3361.9 = 98.68% 

8-11. Repeat Problem 8-10 when the fundamental grid current Ig, and stator active 
power Ps are 1366.87 A and -2517.8 kW respectively. 

Answers: 

a) Is =-1530.2 A (rms) 

b) Tm =-24147 N-m, Pm =-2275.8xl03 W 
c) com = 94.25 rad/sec (900 rpm), mr = 282.75 rad/sec, s = 0.1 
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d) \Pg| = 2249.1 xlO3 W, Pr =-268.69xlO3 W 
e) pcu,s =10.902xl03 W, />„_,. =15.818xl03 W, 77 = 98.93% 

8-12. Repeat Problem 8-10 when the fundamental grid current Ig, and stator active 
power Ps are 792.42A and -1750.77 kW, respectively. 

Answers: 

a) Is =-1064 A (rms) 

b) Tm =-16769 N-m, Pm =-1317.0xl03 W 
c) ö)r = 78.54 rad/sec (750 rpm), cor = 235.62 rad/sec, s = 0.25 
d) 1̂ 1 =1303.9xlO3 W, />,.=-446.88 xlO3 W 
e) pcu,s =5.271xl03 W, Pc„, =7.873 xlO3 W, 77=99.0% 

Topic: Leading and Lagging Power Factor Operation 

8-13 (Solved Problem). A 1.0 MW, 575 V, 60 Hz, 2160 rpm DFIG is used in wind en-
ergy conversion system. The parameters of the generator are given in Table B-6 of Ap-
pendix B. The generator operates with an MPPT scheme and its stator power factor is 
0.95 leading. Determine the following when the DFIG operates at a supersynchronous 
speed of 2160 rpm: 

a) The generator mechanical torque and power 

b) The rms stator current using simplified expression 
c) The rms magnetizing voltage and current 
d) The rms rotor current and voltage 

e) The equivalent resistance and reactance for the rotor side converter 
f) The maximum torque and the corresponding slip 

Solution: 

a) The rotor mechanical speed: 

com = 2160 x {In 160) = 226.19 rad/sec 

The rotor electrical speed: 

mr =0)mxP = 226.195x2 = 452.39 rad/sec 

The rated rotor mechanical speed: 

mmR = 2160 x (27T7 60) = 226.19 rad/sec 

The stator frequency: 

(os = In x60 = 376.99 rad/sec 
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The pu rotor speed compu = com/comJi = 226.19/226.19 = l.Opu 
The generator mechanical torque at 1.0 pu rotor speed: 

Tm -TmtRx(mmpJ
2 =-4421x(l.O)2 = -4421 N-m 

The rated mechanical power: 

PmR =mmRxTmR =-226.19x4421 =-1000xl0 3 W 

The generator mechanical power at 1.0 pu rotor speed: 

Pm = ^ , « x K , p u ) 3 = -1000xl0 3 x( l .0 j =-1000xlO3 W 

b) The rms stator current using simplified expression: 

= K\a>slP = 4421x2^x60/2 = ^ A 

Ws cos (ps 3 x (575 / V3 ) x 0.95 

When the DFIG operates with a leading power factor, its stator power factor angle 
is in the range of 190° ^ <ps^ 270° as indicated in Figure 8-12. The stator power 
factor angle for 0.95 leading power factor can then be calculated by 

(ps =180° +cos"1 (0.95) = 180°+ 18.2° = 198.2° 

from which the stator current phasor is 

Is=IsZ-(ps =880.78Z-198.2° A (rms) 

c) The magnetizing branch voltage: 

Vm=Vs-lARs+J(»sLis) 
= 575/V3Z0°-880.78Z-198.2°x(3.654xl0"3+yi20^x0.1304xl0"3) 

= 350.86Z6.57° V(rms) 

The magnetizing current can be calculated by 

lm= Vm =225.9Z-83.43° A(rms) 

d) The rotor current: 

Ir =IS-Im =880.78Z-198.2°-225.9Z-83.43° = 996.74Z149.93° A(rms) 
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The rotor voltage: 

Vr =sVm-Ir(Rr+jscosL¡r)=73.29Z-\66.r V(rms) 

where s = (cos -cor)/o)s = (376.99-452.39)/376.99 =-0.2 

e) The equivalent impedance for the rotor side converter is given by 

2eq =Vrllr= 0.05292 + y0.05105 Q 

from which Req = 0.05292 il and Xeq = 0.05105 Ü 

f) The slip at which the maximum torque occurs can be obtained from Equation 
(8.34): 

S7max = ±A—7 T = " 0 . 8 0 6 6 

(s = +0.8066 is omitted because of the supersynchronous mode of operation.) 

The maximum torque: 

1 3F,2 

r = x-max 

2CÛjP R*+ij^~-kX>*+X>J+Rs> 1 + ^ ^ 

= -22876 N-m (5.17 pu) 

Cross Check: 

1 „., /„ „ \ , 1 
T = X3I2(R +R)/S = -

m ,« l P r V ei ' / 0)JP r V eq r/ 2 ^ x 6 0 / 2 

x3x996.742 (0.05292+3.569 xlO'3 ^ (-0.2)=-4466.12 N-m 

Pm=3/2(flf t?+/?,.)(l-s)/5 = 3x996.742^).05292 + 3.569xl0-3 )(l + 0.2y(-0.2} 

= -1010.2xl03 W 

8-14. Repeat Problem 8-13 when the DFIG operates at subsynchronous speed of 1350 
rpm and stator power factor of 0.95 lagging. 

Answers: 

a) Tm =-1726.9 N-m, Pm =-244.1xl03 W 
b) 7, =344.1Z-161.8° A(rms) 
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c) Vm =328.3Z2.87° V(rms), lm =211.37^-87.13° A(rms) 
d) Ir = 353.02Z162.92° A(rms), Vr = 84.69Z5.12° V(rms) 
e) Req =-0.2221 Q, Xeq =-0.0906 Q 
f) sTrmx = 2.5064, rmax = -14759 N-m (3.338 pu) 

8-15. Repeat Problem 8-13 when the DFIG operates at subsynchronous speed of 1780 
rpm and stator power factor of 0.9 lagging. 

Answers: 

a) Tm =-3002.3 N-m, Pm =-559.6xl03 W 
b) 7S=631.37Z-154.16° A(rms) 
c) Vm =321.83Z5.2° V(rms), Im = 207.2Z- 84.84° A(rms) 
d) Ir =590.89Z-173.3° A(rms), Vr =5.69Z8.72° V(rms) 

e) Req =-0.00962 Q, Xeq =-0.00034 Q 

f) sTmax = 0.0642, 7 _ = -10247 N-m (2.3178 pu) 

8-16 (Solved Problem). Consider a 1.5 MW, 690 V, 50 Hz, 1750 rpm DFIG WECS. 
The parameters of the generator are given in Table B-5 of Appendix B. The generator 
operates with an MPPT scheme. At a given wind and generator speed, the stator active 
power Ps is found to be -1008.616 kW. Calculate the following assuming 0.95 lagging 
power factor operation for the DFIG WECS: 

a) The rms stator current 

b) The generator mechanical torque and power 
c) The rotor mechanical and electrical speeds and slip 
d) The rms magnetizing voltage and current 
e) The rms rotor current and voltage 
f) The equivalent resistance and reactance for the rotor side converter 

Solution: 

a) The rms stator can be calculated by 

Is =|Jp|/(3Fjcos<ps) = 1008.6xl03/(3x690/ >/fx0.95 ) =888.37 A (rms ) 

When the DFIG operates with a lagging power factor, its stator power factor angle 
is in the range of 90° < (ps< 180° as indicated in Figure 8-12. The stator power fac-
tor angle for 0.95 lagging power factor can then be calculated by 

(ps =180o-cos"'(0.95)=180°-18.2° = 161.8° 

from which the stator current phasor is 

Ts=IsZ-<ps =888.37Z-161.8° A (rms) 
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b) The generator air-gap power can be given by 

?^- = 3VsIscos<ps = PS 

from which generator mechanical torque can be obtained as 

Tm = Ps x (PI ms ) = -6421.05 N-m 

The generator mechanical torque can be related to pu rotor speed as 

Tm=TmRx{(omnu)
2^-m 

from which pu rotor speed can be calculated by 

V*,R V -8185 

The rated mechanical power: 

Pm,R =®m,R x7L,R = 1750(2*)/ 60 x (-8185) = -1500 x 10 3W 

The generator mechanical power at 0.8857 pu rotor speed: 

p =p x(w „ )3=-1500xl03x(0.8857)3=-1042.24xlO3 W 
m m,K \ m,puJ V / 

c) The rotor mechanical and electrical speeds: 

w
m =û)m,Rxo)mpu = 1750x(2^)/60x0.8857 = 162.32 rad/sec (1550rpm) 

cor =comxP = 162.32x2 = 324.64 rad/sec 

The slip can be calculated as: 

j = (ú)í-©r)/ú)J=(314.16-324.64)/314.16 = -0.0333 

d) The magnetizing branch voltage: 

Vm=V,-I,Qts+jœsLb) 

= 690/V3Z0°-888.37Z-161.8°x(2.65xl0~3+./1007rx0.1687xl0~3) 

= 388.58Z6.72° V(rms) 

The magnetizing current can be calculated by 

M4, 
:225.92Z-83.28° A(rms) 
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e) The rotor current: 

Jr = Js - Jm = 888.37Z -161.8° -225 .92Z- 83.28° = 871.99Z-176.5° A(rms) 

The rotor voltage: 

Vr=sVm-lr(Rr + jscosLlr)= 10.82Z-166.1 ° V(rms) 

f) The equivalent impedance for the rotor side converter is given by 

Zeq =Vrllr= 0.01220 + ;0.00224 Q 

from which Req = 0.01220 Ü andXe¡? = 0.00224 Í1 

Cross Check: 

T =—^— x3I2(R +R)/s= l- x3x871.992(0.01220 + 2.63xl0-y 
coJP r eq rJ 2^x50/2 

(-0.0333) =-6461 N-m 

Pm=3I*(Req + Rr)(l-s)/s 

= 3x871.992(0.01220 + 2.63xlO_3)(1 +0.0333)/(-0 .0333)= - 1048.72x 103 W 

ps =3VJscos(ps =3x690/V3x888.37xcos(161.8°) 

= -1008.616xl03 W,verified. 

8-17. Repeat Problem 8-16 if the stator active power Ps is -1285.7 kW. Assume stator 
power factor as 0.95 leading. 

Answers: 

a) 7s=1132.4Z-198.2° A (rms) 

b) 7; =-8185 N-m, Pm =-1500xl03 W 
c) com = 183.26 rad/sec (1750 rpm), cor = 366.52 rad/sec, s = -0.1667 
d) Vm =423.7Z7.61° V(rms), Im =246.33Z-82.4° A (rms) 
e) Ir =1259.3Z151.7° A (rms), Vr =73.67Z-165.3° V(rms) 
0 Req =0.04277 Q, Xeq =0.03992 Q 

8-18. Repeat problem 8-16 if the stator active power Ps is -604.54 kW. Assume stator 
power factor as 0.8 leading. 
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Answers: 

a) 7, = 632.3Z- 216.87° A(rms) 

b) Tm =-3848.6 N-rn, Pm =-483.63xl03 W 
c) (0m = 125.66 rad/sec (1200 rpm), o)r = 251.32 rad/sec, s = 0.2 
d) Vm = 420.61Z3.52° V(rms), lm = 244.54Z-86.48° A(rms) 
e) lr = 812.4Z129.88° A(rms), Vr =90.92ZA.98° V(rms) 
f) Req =-0.06402 Q, Xeq =-0.09179 Q 

Topic: Stead-State Analysis of dq-axis Voltages and Currents 
Based on Phasor Diagram 

8-19 (Solved Problem). A variable-speed WECS employs a 6.0 MW, 4000 V, 50 Hz, 
1170 rpm DFIG. The parameters of the generator are given in Table B-8 of Appendix 
B. The generator operates with an MPPT scheme and its stator power factor is unity. 
Assuming that the DFIG operates at a supersynchronous speed of 1170 rpm, find the 
following: 

a) The rms and dq-axis stator current 

b) The rms magnetizing voltage and current 
c) The rms and dq-axis rotor currents 
d) The rms and dq-axis rotor voltages 
e) The equivalent resistance and reactance for the rotor side converter 

Solution: 

a) The rotor mechanical speed: 

com =1170x(2^/60) = 122.52 rad/sec 

The rotor electrical speed: 

(Or =comxP = 122.52x3 = 367.56 rad/sec 

The rated rotor mechanical speed: 

mmR = 1170x (2TT / 60) = 122.52 rad/sec 

The stator frequency: 

cos =2;rx50 = 314.16rad/sec 

The pu rotor speed compu =(Om/comJt = 122.52/122.52 = 1.0pu 
The generator mechanical torque at 1.0 pu rotor speed: 

?;=7;,Äx(iMmiPU)2=-48971x(1.0)2 = -4S91l N-m 
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The stator current from Equation (8.7): 

VMV. 
n 4 * s 7 > s 

Is = Ï — — = -733.93 A (rms) (/, = 86.71*10 3A omitted) 

where Vs = 4000/V3 V, Tm = -48971 N-m, <os = 314.16 rad/sec, Rs = 26.86 mii, and 
P = 3 
The stator current phasor is 

Ts = IsZ-<ps = 733.93Z1800 A (rms) 

The dq-axis stator currents can be given by 

1^ = Is cosZ/s = 733.93 xcos(180°) = -733.93 A (rms) 

/,, = Is sinZ/s = 733.93 xsin(l80°) = 0 A (rms) 

b) The magnetizing branch voltage: 

V =V -7 (R +jœL, ) 
m s s \ s J s is / 

= 4000/V3Z0o-733.93Z180ox(26.86xl0"3 + yi00^x0.23142xl0"3) 

= 2329.73Z1.3° V (rms) 

The magnetizing current can be calculated by 

I = -^— = 286.23Z - 88.69° A (rms) 

c) The rotor current: 

Tr = Ts -fm = 733.93Z180°-286.23Z-88.69o = 793.86Z158.87° A (rms ) 

The dq-axis rotor currents can be given by 

Idr = lr cosZIr = 793.86 xcos(158.87°) = -740.49 A (rms) 

Iqr=IrsinZIr = 793.86xsin(l58.87°) =286.16 A(rms) 

d) The rotor voltage: 

Vr =sVm -Jr(Rr +>iOsZ,/r)=381.05Z-176.23o V(rms) 

where s = (œs -cor)/co5 = -0.17 
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The dq-axis rotor voltages can be given by 

Vdr=VrcosZVr =381.05xcos(-176.23°) = -380.23 V(rms) 

Vqr=VrsmZVr =381.05xsin(-176.23°) = -25.1 V(rms) 

e) The equivalent impedance for the rotor side converter is given by 

Zeq =Vrllr= 0.43538 + ;'0.20211 Q. 

from which Req = 0.43538 il, and Xeq = 0.20211 il. 

Based on the above steady-state calculations, the phasor diagram superimposed 
with dq-axis is shown in Figure C-14. 

8-20. Repeat Problem 8-19 when the DFIG operates at synchronous speed of 1000 
rpm. 

Answers: 

a) Is = 537.37Z180° A(rms), Ids =-537.37 A(rms), Iqs =0 A(rms) 

b) Vm = 2324.2Z0.960 V(rms), Im = 285.55Z-89.04° A(rms) 
c) Ir = 612.75Z152.22° A(rms), Idr =-542.17 A(rms), 

Iqr =285.51 A(rms) 

d) Vr = 15.77Z-27.77° V(rms), Vdr =13.96 V(rms), 
e) Req= -0.02574 ÇI, Xeq=0£l 

v 
-7.35 V(rms) 

8-21. Repeat Problem 8-19 when the DFIG operates at subsynchronous speed of 800 rpm. 

Answers: 

a) 7S = 344.68Z180° A(rms), 1^ = -344.68 A(rms), / ? J = 0 A ( r m s ) 
b) Vm = 2318.8Z0.620 V (rms), 7m = 284.89Z - 89.38° A (rms) 

g-axis 

/, lar 

Vär 

kr 

-176.23° 

158.87° 

-^-88.69° 

t/-axis 

Vs 

I Im 
Supersynchronous operating mode 

Figure C-14. Phasor diagram of the DFIG superimposed with dq-axis. 
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c) lr = 449.5Z140.68° A(rms), Idr =-347.76 A(rms), 
Iqr =284.87 A(rms) 

d) Vr = 476.6Z0.29° V(rms), Vdr =476.6 V(rms), Vqr =2.45 V(rms) 

e) ^ =-0.81667 Q, Xeq =-0.67603 Q. 

Topic: Stator Voltage-Oriented Control (SVOC) of DFIG WECS 

8-22 (Solved Problem). A 6.0 MW, 4000 V, 50 Hz, 1170 rpm DFIG wind energy sys-
tem operates with stator voltage-oriented control (SVOC). The parameters of the gen-
erator are given in Table B-8 of Appendix B. The generator operates with an MPPT 
scheme and its stator power factor is 0.95 leading. At a wind speed of 9.23 m/s, the 
generator operates at 0.7692 pu rotor speed. The stator phase voltage Vs is kept at its 
rated value of 4000/V3 by the stator voltage oriented controller. The corresponding 
equivalent resistance Req and reactance Xeq for the rotor side converter are found to be 
-0.29334 il and -0.27413 il, respectively. Calculate the following: 

a) The generator mechanical torque and power 
b) The rms stator and rotor currents 
c) The dq-axis stator and rotor voltages 
d) The dq-axis stator and rotor currents 
e) The dq-axis stator flux linkages and electromagnetic torque of DFIG 
f) The stator active and reactive powers 

Solution: 

a) The rotor mechanical and electrical speeds: 

°>„ =œ
m,R*(°m,x,» = 1170X(2TT)/60x0.7692 =94.25 rad/sec (900 rpm) 

0)r =comxP = 94.25x3 = 282.75 rad/sec 

The slip can be calculated by: 

5 = (ß)J-iür)/ft)s=(314.16-282.75)/314.16 = 0.1 

The generator mechanical torque at 0.7692 pu rotor speed: 

Tm =TmRx(œm,pu)
2 = -48971 x(0.7692)2 = -28977 Nm 

The rated mechanical power: 

Pm.R = °>m.R xT.,R = u 7 0 ( 2 7 r ) ' 6 0 x (~48971) = "6000 x 103 W 

The generator mechanical power at 0.7692 pu rotor speed: 

Pm =PmRx(co f = -6000 x l 0 3 x (0.7692) 3 = -2731x10 3W 
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b) Selecting the stator voltage as a reference phasor, the stator voltage is: Vs = 
4000/V3Z00 = 2309.4Z00 V (rms). The equivalent impedance of SCIG based on 
Figure 8-4: 

Zs=Rs+jXh + jXJI 
R. R„. X. \ 
^ + j X l r + -2-+j-2- = 5.009Z- 161.8°Q. fors = 0.1 

The stator current can be calculated by 

/ = i l = 4 0 0 0 ' yj3Z0° = 461.03Z161.8° A = 461.03Z -198.2° A (rms) 
Zs 5.009Z-161.80 

Alternatively, the rms stator current using a simplified expression: 

\Tm\a>,/P 28977x2^x50/3 .„ nA k , , 
I = ' ' = j= =461.04 A(rms) 

3Vs cos <ps 3 x (4000 / V3) x0.95 

The rotor current can be calculated by 

T _ JXJ, 

JXm+\^ + jX¡r 

r, 

Vs s J 

r-= 616.54 Z135.7° A (rms) 

c) The equivalent impedance for the rotor-side converter: 

Zeq = Vr I Tr =-0.29334- y0.27413=0.4015 Z -136.94° Í2 (given) 

The rotor voltage: 

Vr = ZeqxTr = 247.54Z-1.22° V(rms) 

The dq-axis stator voltages can be given by 

Vds=Vs = 2309.4 V (rms) 

F? i=0V(rms) 

The dq-axis rotor voltages can be given by 

Vdr = Vr cosZVr = 247.54xcos(-1.22°) = 247.48 V (rms) 

V =VrsmZVr =247.54xsin(-1.22°) = -5.26 V(rms) 
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d) The dq-axis stator currents can be given by 

Ids =IscosZIs =461.04xcos(-198.2°) = -438 A(rms) 

Iqs =IssmZIs =461.04xsin(-198.2°) = 143.96 A(rms) 

The dq-axis rotor currents can be given by 

Idr = / , cosZIr =616.54xcos(135.7°) =-441.42 A(rms) 

Iqr =IrsinZIr = 616.54xsin(135.7°) = 430.43 A(rms) 

e) The dq-axis stator flux linkages can be calculated by 

A . = qs~ s qs =-0.0123 Wb(rms) 
CO. 

A =-V* ^ =-7.3885 Wb(rms) 

The electromagnetic torque developed by the DFIG can be given by 

3PL 
T =-T = —/' v 

2COsLs 

3x3x25.908xl0"3 , p- , AA, t^ pr 
T(V2x(-441.42)xV2x2309.4) 2 X 2 X 7 T X 5 0 X 2 6 . 1 3 9 X 1 0 

=28946 N-m 

f) The stator active and reactive power of the DFIG can be calculated by 

p, =~vJds = - x ^2 x2309.4x>/2 x(-438) = -3034.5 x l 0 3 W 

Qs =--vdsi
qs = - - x V2 x 2309.4X ^ x 143.96 = -997.38 xlO3 VAR 

Alternatively, the stator active and reactive power can be calculated by 

Ps =3VsIscos(ps =3x2309.4x438xcos(198.2°) =-3034.5x10 3W 

Qs =3VJS sin (ps = 3x2309.4x438xsin(198.2°) = -997.38 xlO3 VAR 

8-23. Repeat Problem 8-22 when the DFIG operates with 0.9188 pu rotor speed and 
stator power factor of 0.95 lagging. The corresponding equivalent resistance Req and 
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reactance Xeq for the rotor side converter are found to be 0.24398 V and 0.04478 V re-
spectively. 

Answers: 

a) Tm = -41341 N-m, Pm =-4653.9xlO3 W 
b) / s=657.76Z-161.8° A(rms), 7r =636Z172.9° A (rms) 

c) Vds = 2309.4 V (rms), ^ = 0 V (rms), Vir = -157.5 V (rms), 
Vqr = -9.09 V (rms) 

d) Ids = -624.87 A (rms), lq¡ = -205.39 A (rms), Idr = -631.13 A (rms), 
Iqr = 78.58 A (rms) 

e) Ads =0.0176 Wb(rms), Aqs = -7.4045 Wb (rms), Te = 41386 N-m 

f) Ps =-4329.2xl03W, Qs =1422.9xl03VAR 

8-24. Repeat Problem 8-22 when the DFIG operates with 0.9829 pu rotor speed and 
stator power factor of 0.9 leading. The corresponding equivalent resistance Req and re-
actance Xeq for the rotor side converter are found to be 0.24546 i l and 0.25844 O, re-
spectively. 

Answers: 

a) Tm =-47311 N-m, />„, =-5697x103 W 

b) Is =794.56Z-205.84° A(rms), lr = 960.63Z138.58° A(rms) 

c) Vds = 2309.4V(rms), K?s=0V(rms), Vdr = -341.06 V(rms), 
Vqr =-30.17 V(rms) 

d) lds =-715.1 A (rms), Iqs = 346.34 A (rms), Idr =-720.35 A (rms), 
Iqr =635.53 A (rms) 

e) Ads = -0.0296 Wb (rms), Aqs = -7.4122 Wb (rms), Te = 47236 N-m 
f) Ps =-4954xl03 W, Qs =-2399xl03 VAR 

8-25 (Solved Problem). Consider a 1.5 MW, 690 V, 50 Hz, 1750 rpm DFIG wind en-
ergy system operating with stator voltage-oriented control (SVOC). The parameters of 
the generator are given in Table B-5 of Appendix B. The generator operates with an 
MPPT scheme. The stator phase voltage Vs is kept at its rated value of 690/V3 by the 
stator voltage-oriented controller. At a given wind and generator speed, the stator ac-
tive and reactive powers Ps and Qs are found to be -507.98 kW and 246.02 kVAR re-
spectively. Calculate the following: 

a) The dq-ax\s and rms stator and rotor currents 
b) The £&7-axis stator flux linkages 
c) The generator mechanical torque and power 
d) The rotor mechanical and electrical speeds and slip 
e) The rms and i/^-axis stator and rotor voltages 

f) The equivalent resistance and reactance for the rotor-side converter 
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Solution: 

a) The stator active and reactive power of the DFIG can be calculated by 

ft=-7V,sVAR 

from which the peak dq-axis stator currents can be given by 

. Ps -507 .98X10 3 ~ 1 1 1 A , x 
ids = - — = ¡= ¡= = -601.11 A (rms) 

1.5xvdj 1.5xV2x690/V3 
vds 

>qs \.5xvds 1.5xV2x690/V3 

-Qs -246.02xl03 „„, ,., A , , 
*s - = - 2 9 1 . 1 3 A (rms) 

from which the rms dq-axis stator currents can be given by 

Ids = 'ds ! JÏ = ~ 4 2 5 -05 A (rms) 

/ „ = * „ / V 2 = - 2 0 5 . 8 6 A (rms) 

The stator current phasor can be calculated by 

Ï. = V* + ßv ) = 472.28Z -154.16° A (rms) 

The stator power factor angle is: 

(ps = ZVS -Zls =0°-(-154A6°) = 154.16° 

from which the stator power factor is 

PFS = cos(l 54.16°) = 0.9 lagging 

The dq-axis rotor currents can be given by 

2 1 . 2X5.6436X10-3
 X ( - S 0 7 . 9 8 1 x l 0 a ) = -619 .63 A (ims) 

3vdsLm
 s 2x563.38x5.4749x10 

2L, „ vd, 2x5.6436xl0"3 

— — Q, +—— = 
3va!sZ,m msLm 2x563 .38x5 .4749x10" 

/ = = = Î — 0 5 + — ^ - = r-x 246.027 xlO3 

563.38 „_ . , . . . 
= 27.45 A (rms) 1007rx5.4749xl0"3 
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from which the rms dq-axis rotor currents can be given by 

Idr = idr 14l = -438.15 A (rms) 

/ g r=/ ? r /V2=19.41A(rms) 

The rotor current phasor can be calculated by 

h = ihr + ßqr ) = 438.58Z177.50 A (rms) 

b) The dq-axis stator flux linkages can be calculated by 

Ads=
 qs~ s qs =0.00174 Wb(rms) 

A =-V*~RsJ* =-1.2716 Wb(rms) 

c) The electromagnetic torque developed by the DFIG can be given by 

3PL 
T=Tm= e-Lvj, = -3233.2 N-m 

e m /-» i dr os 
20}sLs 

The generator mechanical torque can be related to pu rotor speed as 

from which pu rotor speed can be calculated by ^ P U = J ^ = P ^ =0-6286 P \TmtR V -8185 

The rated mechanical power: 

p
m.R =<°m,RxT

m,R =1750(2^)/60x(-8185) = -1500xl03 W 

The generator mechanical power at 0.6286 pu rotor speed: 

/>
m='Pm,Ä

x(iUm,pu)3 = - 1 5 0 0 x l o 3 x ( 0 - 6 2 8 6 ) 3 = : - 3 7 2 - 5 2 > < l o 3 w 

d) The rotor mechanical and electrical speeds: 

On, =®m,Rx<»m,pu =1750(270/60x0.6286 = 115.19 rad/sec (HOOrpm) 

œr =mxP = 115.19x2 = 230.38 rad/sec 
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The slip can be calculated by: 

í = (ft)s-íor)/íws=(314.16-230.38)/314.16 = 0.2667 

e) The dq-&\\s stator voltages can be given by 

Vj, =VS = 398.37 V(rms) 

F? i=0V(rms) 

The magnetizing branch voltage: 

K=K-1(*, + Jca,Lb)= 389.27Z3.4° V(rms) 

The rotor voltage: 

Vr =sVm -lr (Rr + jscosL,r)= 105.57Z5.990 V (rms) 

The dq-axis rotor voltages can be given by 

Vdr=VrcosZVr = 105.57 xcos(5.99°) =104.99 V(rms) 

Vqr=VrsinZVr = 105.57 xsin(5.99°) =11.01 V(rms) 

f) The equivalent impedance for the rotor side converter is given by 

Zeq =VrlTr= -0.23805-y0.03567 Q. 

from which Req = -0.23805 Ü and Xeq = -0.03567 ÍX 

Cross Check: 

ps =3Vslscos(ps =3x398.37x472.28xcos(154.16°) =-507.992x10 3W 

Qs =3VsIssin<ps = 3x398.37x472.28xsin(154.16°) =246.011x10 3VA R 

8-26. Repeat Problem 8-25 if the stator active and reactive powers Ps and Qs are 
-822.85 kW and 270.46 WAR respectively. 

Answers: 

a) /^ =-688.51 A (rms), Iqs = -226.3 A (rms), 7, =724.75Z-161.8° A (rms), 
Idr =-709.72 A (rms), Iqr =-1.66 A (rms), lr =709.72Z-179.87° A (rms) 

b) Ads = 0.0019 Wb (rms), Aqs = -1.2739 Wb (rms) 

c) Tm =-5238.4 N-m, Pm =-767.99xlO3 W 
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d) com = 146.61 rad/sec (1400 rpm), (Or = 293.22 rad/sec, 5 = 0.0667 
e) Vj,. = 398.37 V (rms), Vqs = 0 V (rms), Vdr = 21.1 A V (rms), 

Vqr = 4.46 V (rms) 
f) Req =-0.03910 Q, Xeq =-0.00620 Q 

8-27. Repeat Problem 8-25 if the stator active and reactive powers Ps and Qs are 
-1213.28 kW and -587.62 kVAR respectively. 

Answers: 

a) I& =-1015.2 A (rms), Iqs =491.68 A (rms), 7, =1128Z-205.84° A (rms), 
Idr = -1046.48 A (rms), Iqr = 738.45 A (rms), Jr = 1280.7Z144.80 A (rms) 

b) A& = -0.00415 Wb (rms), Aqs = -1.2766 Wb (rms) 

c) Tm= -7723.97N.m, Pm =-1375.05xl03 W 
d) 0)m = 178.02 rad/sec (1700 rpm), cor = 356.04 rad/sec, 5 = -0.133 
e) V± = 398.37 V (rms), Vqs = 0 V (rms), Vdr = -58.33 V (rms), 

Vqr =-14.8 V(rms) 
f) R =0.03055 Q, X =0.03570 Q 

PROBLEMS AND ANSWERS FOR CHAPTER 9-VARIABLE-SPEED 
WIND ENERGY SYSTEMS WITH SYNCHRONOUS GENERATORS 

Assumptions for all the problems in this chapter: 

1. Switching harmonics produced by power converters are neglected. 
2. Power converters are ideal without power losses. 

3. Core and rotational losses of the generator are neglected. 

Topic: Zero d-Axis Current (ZDC) Control 

9-1 (Solved Problem). Consider a 2.0 MW, 690 V, 9.75 Hz nonsalient-pole PMSG 
wind energy conversion system. The parameters of the generator are given in Table B-
9 of Appendix B. The generator is controlled by MPPT and ZDC schemes. At a wind 
speed of 12.0 m/s, the generator operates at 1.0 pu rotor speed. Determine the follow-
ing: 

a) The generator mechanical torque and power 
b) The dq-ax\s and rms stator currents 

c) The dq-axis and rms stator voltages 
d) The stator winding loss and power factor 
e) The stator active and reactive powers, and generator efficiency. 
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Solution: 

a) The rotor mechanical speed: 

<°m =ft,m,ÄXiüm,pu = 22.5 x (27T / 60) x 1.0 = 2.356 rad/sec (22.5 rpm) 

The rotor electrical speed: 

(Or =comxP = 2.356x26 = 61.26rad/sec 

The generator mechanical torque at 1.0 pu rotor speed: 

Tm=Te =rmÄx(iümpu)2 = 848.83xl03x(1.0)2 = 848.83xl03N-m 

The rated mechanical power: 

P m R =« m Ä xr m Ä = 22.5x(27T/60)x(848.83xl03) = 2000xl03W 

The generator mechanical power at 1.0 pu rotor speed: 

^m =-PmS
 x ( « m „ J 3 = 2000xl03x(1.0)3 = 2000xl03 W 

b) The dq-axis stator currents of the generator with ZDC control: 

In steady-state operation, the electromagnetic torque Te is equal to the mechanical 
torque Tm. The q-axis stator current can then be calculated by 

T 848.83xl03 „ ^ , A K , , , 
i = '- = = 2461.4 A (peak) 
qs 1.5xPxAr 1.5x26x8.2398 

The rms stator current: 

Is = yjil + i2
qs IV2 = Vo2 + 2461.432 / -jl = 1867.8 A 

c) From the steady-state model of the generator, the dq-axis stator voltages can be cal-
culated by 

v A = - / d A + <ur£?i,s=-0+(61.26xl.5731xl<r3x2461.43) =254.55 V(peak) 

v„ = -'„A -®rLAs + » A = -(2461.43X 0.821 x 10"3)-(0) + (61.26X8.2398) : 

= 502.61 V (peak) 
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The rms stator voltage: 

Vs = ^v]s + v2
qs 172 = V254.552 + 502.612 / %/2~=398.38 V 

d) The stator winding loss: 

P<.üj=3(/J2Äi=3xl867.82x0.821xlO-3 = 8.592xl03 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

0V = tan"' * L = tan"' ^ 1 = 63.14° 
v* 254.55 

Ö, = t a n " ' ^ = t a n " ' ^ 1 ^ = 90° 
id, 0 

The stator power factor angle: 

<ps=0v- 0, = 63.14° - 90° = -26.86° 

The stator power factor of the generator: 

PFS =cosç>s =cos(-26.86°) = 0.8921 (leading) 

e) The stator active and reactive powers: 

Ps =3VsIscoscs =3x398.38xl867.8xcos(-26.86°) = 1991.4xl03 W 

Qs =3VsIssir\(ps =3x398.38xl867.8xsin(-26.86°) = -1008.6xl03 VAR 

Alternatively, 

Ps = 1 . 5 ( v ^ + V g j ) = 1.5(0 + 502.61x2641.4) = 1991.4xl03 W 

Qs = 1.5(v<?J/(/s-va,J/(?i) = 1.5(0-254.55x2641.4) = -1008.6xl03 VAR 

Alternatively, stator active power can be calculated by 

Ps = |Pm|- .Pa , J=(2000-8.592)xl03=1991.4xl03 W 

The efficiency of the PMSG is then 

r]=Ps l\p\ = 1991.4/2000 = 99.57% 
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Note: In the calculation of efficiency, only the stator winding losses are considered. 
The rotational and core losses of the generator are not included. 

9-2. Repeat Problem 9-1 when the PMSG operates at 0.8 pu rotor speed. 

Answers: 

a) Tm = 543.25 xlO3 N-m, Pm = 1024.0xlO3 W 

b) ¡A = 0 A, iqs = 1690.5 A (peak), Is = 1195.3 A (rms) 
c) vds=l 30.33 V (peak), vqs = 402.43 V (peak), Vs = 299.12 V (rms) 
d) pcu,s =3.519xl03 W, PFS =0.9514 (leading) 
e) Ps =1020.48xlO3 W, Qs =-330.49xl03 VAR, r¡ =99.66% 

9-3. Repeat Problem 9-1 when the PMSG operates at 0.5 pu rotor speed. 

Answers: 

a) Tm =212206 N-m, Pm =250.0xl03 W 

b) ij, = 0 A, iqs = 660.3 A (peak), Is = 466.9 A (rms) 
c) v^ = 31.82 V (peak), vqs = 251.85 V (peak), Vs = 179.5 V (rms) 
d) Pns =0.537xl03 W, PFS =0.992 (leading) 
e) Ps =249.46xl03 W, Qs =-31.518xl03 VAR, r¡=99.79% 

9-4 (Solved Problem). A 2.0 MW, 690 V, 9.75 Hz nonsalient pole PMSG is used a 
variable-speed WECS. The parameters of the generator are given in Table B-9 of 
Appendix B. The generator is controlled by MPPT and ZDC schemes. At a given 
wind and generator speed, the stator active power Ps, voltage Vs and power factor 
PFS are found to be 430.89 kW, 217.12 V, and 0.9838, respectively. Determine the 
following: 

a) The rms and dq-axis stator currents 
b) The generator mechanical torque and power 

c) The rotor mechanical and electrical speeds 
d) The dq-axis stator voltages 
e) The stator winding loss and generator efficiency 
f) The stator reactive power 

Solution: 

a) The rms stator current: 

Ps = 430.88X103 

s 3Vscos(ps 3x217.11x0.9838 
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The dq-axis stator currents of the generator with ZDC control: 

' * = 0 A 

iqs = Is x V2 = 950.95 A (peak) 

b) The generator mechanical torque: 

Te = 1 .SPlriqs = 1.5 x 26 x 8.2398 x950.95 = 305588 N-m 

The generator mechanical torque can be related to pu rotor speed as 

Tm=Te=TmRx(comiPU)2^-m 

from which pu rotor speed can be calculated by 

T 305588 n £ 

(0 = —— = J =0.6 
m'pu \ T

m,R V 848826 
The rated mechanical power: 

Pm.R = <°mjt x Tn,,R = 22.5 x (2^ / 60) x (848826) = 2000 x 103 W 

The generator mechanical power at 0.6 pu rotor speed: 

p
m = ^m.* x (i°m,p„ )3 = 2000 xl03x(0.6)3 = 432.0 x 10 3W 

c) The rotor mechanical speed: 

ffl„ =(OmR xft)mpu = 22.5x(In160)x0.6 = 1.414 rad/sec (13.5 rpm) 

The rotor electrical speed: 

tt) =co x P = l.414x26 = 36.76 rad/sec 
r m 

d) From the steady-state model of the generator, the dq-ax\s stator voltages are 

Vds = -ÍjsRs + ®rLjqt
 = ~ 0 + ( 3 6 - 7 6 X l - 5 7 3 ! X 1 0 _ 3 X 9 5 0 - 9 ) = 5 4 " V ( P e a k ) 

\s = -<qA - ®rL
dL + » A = -(950.95 x 0.821 x 10"3)- (0) + (36.76 x8.2398) = 

= 302.09 V (peak) 

Alternatively, 
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e) The stator winding loss: 

pcu,s =XhfRs =3x672.422x0.821 xlO"3 =1.1137xl03 W 

The rotor winding losses are zero for PMSG. The efficiency of the PMSG neglect-
ing rotational and core losses is then 

77 = ps I pm = 430.88 / 432.0 = 99.74% 

f) The angles of the stator voltage and current vectors: 

ft, = tan"' ^ = tan"' ^ ^ = 79.68° 

The stator 

Alternativi 

power 

sly, 

_ v 

0, = tan 

factor angle: 

<Ps=0v-

vds 

-1 ]qs_ 

'ds 

A = 

= tan 

79.68° 

54.98 

, 950.91 

0 

-90° = -

= 90° 

-10.32° 

çs = cos"1 (PFS ) = cos-1 (0.9838) = -10.32° 

The stator reactive power: 

Qs =WJssm<ps =3x217.11x672.42xsin(-10.32°) = -78.43xl03 VAR 

Alternatively, 

Qs =\.5{vqsids-vdsiqs) = 1.5(0-54.99x950.95) = -78.43xlO3 VAR 

Cross Check: 

Ps =3VsIscosçs = 3x217.11 x672.42xcos(-l0.32°) = 430.9x103 W 

Alternatively, 

Ps =1.5(v^s+v9 i / í , s ) = 1.5(0 + 302.09x950.95) = 430.9xl03 W 

Alternatively, stator active power can be calculated by 

P5=Pm-PCUiS =(432-1.1137)xl03=430.91xl03 W 
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9-5. Repeat Problem 9-4 when the stator active power Ps, voltage Vs and power factor 
PFS are 1452.36 kW, 345.85 V, and 0.9252, respectively. 

Answers: 

a) / , = 1512.9 A (rms), ids=0A, iqs = 2139.6 A (peak) 

b) Tm =687573 N-m, Pm = 1458 xlO3 W 
c) com = 2.121 rad/sec (20.25 rpm), cor = 55.14 rad/sec 
d) v^ = 185.58 V (peak), vqs = 452.6 V (peak) 

e) Pcu¡s=5.(>S%Y.\Q¡i W, 77=99.61% 
f) Qs= -595.6xlO3 

9-6. Repeat Problem 9-4 when the stator active power Ps, voltage Vs and power factor 
PFS are 683.93 kW, 256.63 V, and 0.9706, respectively. 

Answers: 

a) Is =915.2 A (rms), i d [ = 0 A ) iqs = 1294.3 A (peak) 

b) T =415938N-m, Pm =686.0xl03 W 
' m " m 

c) œm = 1.649 rad/sec (15.75 rpm), (Or = 42.88 rad/sec 

d) v^ = 87.32 V (peak), vqs = 352.29 V (peak) 
e) pcu,s =2.063xl03 W, r¡ =99.70% 
f) Qs =-169.52xl03 VAR 

9-7 (Solved Problem). A variable-speed wind energy system uses a 2.0 MW, 690 V, 
9.75 Hz nonsalient-pole PMSG. The parameters of the generator are given in Table B-
9 of Appendix B. The generator is controlled by MPPT and ZDC schemes. At a given 
wind and generator speed, the stator voltage Vs and power factor PFS are found to be 
142.992 V and 0.9968, respectively. Calculate the following: 

a) The stator power factor and angles of the stator voltage and current vectors 

b) The <&7-axis stator voltages 
c) The rotor electrical and mechanical speeds 

d) The generator mechanical torque and power 
e) The dq-ax\s and rms stator currents 
f) The stator active and reactive powers, and generator efficiency 

Solution: 

a) The stator power factor angle: 

(ps = cos'{ (PFS) = cos"1 (0.9968) = ^ .585° 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 9 429 

The angles of the stator voltage and current vectors: 

0,= t a n - 1 - ^ = 90° (ZDC) 

'ds 

ev=çs +6¡ =-4.585° + 90° = 85.415° 

b) The angle of the stator voltage vector: 

0 v = t a n - i Z i L 
vds 

from which 

v„ = tan 6V x Vds = 12.47 xvds 

The dq-axis stator voltages of the generator: 

v i+v ?
2

s = (K,xV2) 2 V 

= > 4 + (12.47 xV ( i s )
2=(KsxV2)2V 

(VsXy¡2) 202.22 , - , „ „ , , . 
^ V ^ = / , = ~ ^ T 7 = 1 6 - 1 7 V ( p e a k ) 

Vl + 12.472 V156.5 
=> vqs = 12.47X vds = 201.57 V (peak) 

c) The rotor electrical speed can be obtained from the ç-axis stator voltage of the gen-
erator as follows: 

K ~ Ldids 

Since stator resistance is negligibly small, the above equation can be approximated 
as 

vqs 201.57 
mr ~ - 2 - = = 24.464 rad/sec 

r Xr 8.2398 

The rotor mechanical speed: 

<jOm=a)r/P = 24.464 / 26 = 0.941 rad/sec (9 rpm) 

d) The pu rotor speed œ = (Om/comR =0.941/2.3562 = 0.399pu 
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The generator mechanical torque at 0.399 pu rotor speed: 

Tm =Te = TmRx(compu)
2 = 848826x(0.399)2 = 135359 N-m 

The rated mechanical power: 

Pm.R = w
m,R x L.R = 22.5 x {In 160) x (848826) = 2000 x 103 W 

The generator mechanical power at 0.4 pu rotor speed: 

Pm=/>m,sx(û>mpu)
3 = 2000xl03x(0.4)3 = 127.36xl03W 

e) The dq-axis stator currents of the generator with ZDC control: 

L = 0 A (peak) 

T 135359 
qs 1.5x/>xAr 1.5x26x8.2398 

The rms stator current: 

= 421.22 A (peak) 

Is = yjil + ¡l I yfï = Vo2 + 421.222 / %/2 = 297.85 A 

f) The stator winding loss: 

Pc u s=3(/J2^=3x297.852x0.821xl0"3 = 218.5 W 

The stator active power can be calculated by 

Ps = Pm - P c u i S = 127.36xlO3-218.5 = 127.1 xlO3 W 

The efficiency of the PMSG neglecting rotational and core losses is then 

ri = PsIPm =127.1/127.36 = 99.8% 

9-8. Repeat Problem 9-7 when the stator voltage Vs and power factor PFS are 236.57 V 
and 0.978, respectively. 

Answers: 

a) (ps =-12.07°, 0, =90°, 6V =77.93° 

b) Vds = 69.95 V (peak), vqs = 327.18 V (peak) 
c) (Or = 39.71 rad/sec, com = 1.527 rad/sec (14.584 rpm) 
d) Tm =356608 N-m, Pm =544.62xl03 W 
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e) ^ = 0 A, iqs = 1109.7 A (peak), / , = 784.69 A (rms) 
f) PJ=543.1xl03 W, Qs =-116.44xl03 VAR, 77=99.72% 

9-9. Repeat Problem 9-7 when the stator voltage Vs and power factor PFS are 321.86V 
and 0.939 respectively. 

Answers: 

a) <ps = -20.08°, 0, = 90°, 6V = 69.92° 
b) v^ = 156.3 V (peak), vqs = All.5 V (peak) 
c) cor = 51.88 rad/sec, com = 1.995 rad/sec (19.1 rpm) 
d) Tm =608.8 kN-m, />„, =1214.9xlO3 W 
e) ijs = 0 A, iqs = 1894.6 A (peak), / , = 1339.7 A (rms) 
f) Ps = 1210.52xl03 W, Qs =-444.18xl03 VAR, 77=99.64% 

Topic: Maximum Torque Per Unit Ampere (MTPA) Control 

9-10 (Solved Problem). Consider a 2.5 MW, 4000 V, 40 Hz salient-pole PMSG wind 
energy conversion system. The parameters of the generator are given in Table B-12 of 
Appendix B. The generator operates with an MPPT scheme. At a wind speed of 12.0 
m/s, the generator operates at 1.0 pu rotor speed. At a given wind and generator speed, 
the MTPA operation can be achieved with ^-axis current of 576.59 A (peak). Find the 
following: 

a) The generator mechanical torque and power 
b) The dcr-axis and rms stator currents 
c) The dq-axis and rms stator voltages 

d) The stator winding loss, optimal angle of stator current and power factor 
e) The stator active and reactive powers, and generator efficiency 

Solution: 

a) The rotor mechanical speed: 

<°m = œm,R x °VPu = 4 °0x (2^- / 60) x 1.0 = 41.888 rad/sec (400 rpm) 

The rotor electrical speed: 

cor =comxP = 4\. 888x6 = 251.327 rad/sec 

The generator mechanical torque at 1.0 pu rotor speed: 

Tm =Te = Tm R x (com,pu)
2= 59683 lx(1.0)2= 596831 N-m 

The rated mechanical power: 

Pm,R =a>m,RxTm,R = 41.888x596831 = 2500x 103 W 
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The generator mechanical power at 1.0 pu rotor speed: 

Pm=P .x(ß) rai)
3=2500xl03x(1.0)3=2500xl03 W 

m m,ti v m,pu ' *■ / 

b) The dq-axis stator currents of the generator with MTPA control: 

iqs =576.59 A (peak) (given) 

X \ A2" 
L = r- + "- +i]= 371.36 A (peak) 
* 2(Ld-Lq) \J4(Lq-Ld)

2 <* * 

The rms stator current: 

Is=T¡ids+i2
qs /V2=V371.3622+576.592/V2=485A 

c) From the steady-state model of the generator, the dq-axis stator voltages can be cal-
culated by 

vds=-idsRs+®rL<,i<P 

=-(371.36 x 24.25 xl0_: l) + (251.32x21.846x10"' x576.59) = 3156.8 V (peak) 

Vqs =-'qs
Rs - torpids +(0rK 

= -(576.59x24.25xl0"3)-(251.32x8.9995xl0"3x371.362) 

+ (251.32 x 6.7302) = 837.56 V (peak) 

The rms stator voltage: 

Vs = jvl + v2
qs 14l = V3156.82 + 837.562 / 4l = 2309.4 V 

d) The stator winding loss: 

/5
CUiS=3(/s)

2.Ks=3x4852x24.25xl0"3=17.11xl03 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

6V = tan"1 ̂ - = t a n " , ^ ^ = 14.86° 
vds 3156.8 

ö/. = tan"1 ^ = tan"1 ^ ^ = 57.216° 
id, 371.36 

The optimal angle of stator current with respect to ¿¡r-axis: 

Ö = 90° -57.216° = 32.784° 
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The stator power factor angle: 

(ps=6v- 0,-=14.86° -57.216° = -42.357° 

The stator power factor of the generator: 

PFS = cos <ps = cos(-42.357°) = 0.739 (leading) 

e) The stator active and reactive powers: 

Ps =WsIscoscs = 3x2309.4x485xcos(^2.357°) = 2482.9xl03 W 

Qs =WsIssm<ps =3x2309.4x485xsin(^12.357°) = -2263.75xl03 VAR 

Alternatively, 

Ps=l.5(vdsids+vqsiqs) = 1.5(3156.8x371.36 + 837.56x576.59) = 2482.9xlO3 W 

Qs = l.5(vqsids -vdsiqs) = 1.5(837.56x371.36-3156.8x576.59) 

= -2263.75xl03 VAR 

Alternatively, stator active power can be calculated by 

Ps=Pm-PCUiS =(2500-17.11)xl03=2482.9xl03 W 

The efficiency of the PMSG neglecting rotational and core losses is then 

r] = PsIPm= 2482.9/2500 = 99.32% 

9-11. Repeat Problem 9-10 when the PMSG operates at 0.7 pu rotor speed. At a given 
wind and generator speed, the MTPA can be achieved with g-axis current of 358.36 A 
(peak). 

Answers: 

a) Tm =29244 N-m, Pm = 857.5xlO3 W 

b) /^ =181.94 A (peak), Is = 284.19 A (rms) 
c) v^ = 1372.9 V (peak), vqs = 887.3 V (peak), Vs = 1155.9 V (rms) 
d) pcu,s =5.876xl03 W, 5 = 26.918°, PFS = 0.8642 (leading) 
e) FJ=851.6xl03 W, Qs =-495.8xl03 VAR, 77=99.32% 

9-12. Repeat Problem 9-10 when the PMSG operates at 0.5 pu rotor speed. At a given 
wind and generator speed, the MTPA can be achieved with «¿r-axis current of 214.82 A 
(peak). 
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Answers: 

a) Tm = 14921 N-m, Pm =312.5xl03 W 
b) i* = 76.82 A (peak), Is =161.32 A (rms) 

c) vds = 587.9 V (peak), vqs = 753.65 V (peak), Vs = 675.88 V (rms) 
d) pcu,s = 1.893xlO3 W, 5 = 19.68°, PFS = 0.9495 (leading) 
e) Ps =310.61xl03 W, Qs =-102.6xl03 VAR, 77=99.4% 

9-13 (Solved Problem). Consider a 2.0 MW, 690 V, 11.25 Hz salient-pole PMSG 
wind energy conversion system. The parameters of the generator are given in Table B-
11 of Appendix B. The generator operates with an MPPT scheme. At a given wind and 
generator speed, the rms stator current Is is found to be 716.62 A. With the generator 
controlled by the MTPA scheme, calculate the following: 

a) The dq-axis stator currents 

b) The generator mechanical torque and power 
c) The rotor mechanical and electrical speeds 
d) The dq-axis and rms stator voltages 
e) The stator winding loss and stator power factor 

f) The stator active and reactive powers and generator efficiency 

Solution: 

a) The dq-axis stator currents of the generator with MTPA control: 

•2 -2 -2 

qs 

X< - + fi + £=(716.62)2 

2{Lq-Ld) \4{Lq-Ldf " ̂  

Using numerical method to solve the above nonlinear equation, the g-axis current is 

/ „ = 1000.5 A 

The d-axis current can be calculated by follows: 

ids = ^is-'qs = Vl013.452 -1000.52 = 161.52 A (peak) 

b) The electromagnetic torque developed by the generator: 

Te=\p{Kiqs-^d-Lq)idsiqs) 

= - x 3 0 x (6.641 Xl00.5-(1.21xl0"3-2.31xl0"3)161.52xl000.5) 

1= 307000 N-m 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 9 435 

The generator mechanical torque can be related to pu rotor speed as 

T=T = r m Ä x ( £ ü ) 2 N - m 

from which pu rotor speed can be calculated by 

_ _ 7 ^ = 307000 
Û,'",PU \Tm,R \ 852770 

The rated mechanical power: 

Pm,R =a>m,RxTn,,R = 22.5 x(2;r / 60) x (852770) = 2009.3 xlO3 W 

The generator mechanical power at 0.6 pu rotor speed: 

Pm=P RX(Û> )3 = 2009.3xl03x(0.6)3= 434.01 xlO3 W 
m m,K *■ m,pu ' ^ y 

c) The rotor mechanical speed: 

(°m
 =(°m,RX(0

m,pu = 22.5 x(2rc/60) x 0.6 = 1.414 rad/sec (13.5 rpm) 

The rotor electrical speed: 

cor =o)mxP = 1.414x30 = 42.412 rad/sec 

d) From the steady-state model of the generator, the dq-axis stator voltages can be cal-
culated by 

vds=->ds
Rs+0>rLqi<,s 

=-(161.52x0.73051 xl0"J ) + (42.412x2.31xl0~Jxl000.5) = 97.9 V (peak) 

v
qs=-iqs

Rs-(0rLdids+(Orlr 

= -(1000.5x0.73051xl0"3)-(42.412xl.21xl0"3x 161.52) +(42.412x6.641) 

= 272.64 V (peak) 

The rms stator voltage: 

Vs = ijvl +v2
qsl4l= V97.92 + 272.642 / V2 = 204.84 V 

e) The stator winding loss: 

pcu,s =3 ( / J 2 Ä i =3x716.622x0.73051xl0-3 =1.125xl03 W 

The rotor winding losses are zero for PMSG. 
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The angles of the stator voltage and current vectors: 

Sv = tan"' *=- = tan"' ™** =70.25° 
Vds 97.9 

0l = tan- k = to-i 15921 = 80.83" 
k 161-52 

The optimal angle of stator current with respect to ̂ -axis: 

<5 = 90°-80.83° = 9.17° 

The stator power factor angle: 

(ps =0v-e¡ =70.25°-80.83° = -10.58° 

The stator power factor of the generator: 

PFS =cos(ps =cos(-10.58°) = 0.9830 (leading) 

f) The stator active and reactive powers: 

Ps =WJscos(ps =3x204.84x716.62xcos(-l0.58°) = 432.89xlO3 W 

Qs =3VsIssin(ps =3x204.84x716.62xsin(-10.58°) = -80.87xl03 VAR 

Alternatively, 

Ps = 1.50^/* +v9S/gj) = 1.5(97.9xl61.52 + 272.64xl000.5) = 432.89xl03 W 

Qs = 1 .5^ /^ -vá!;9S) = 1.5(272.64xl61.52-97.9xl000.5) = -80.87xl03 VAR 

Alternatively, stator active power can be calculated by 

Ps =Pm-PCUiS =(434.01-1.125)xl03 =432.89xl03 W 

The efficiency of the PMSG neglecting rotational and core losses is then 

r¡ = ps/pm =432.89/434.01 = 99.74% 

9-14. Repeat Problem 9-13 if the rms stator current Is is 1243.19 A. 

Answers: 

a) igs = 1702.1A (peak), i^ = 440.5 A (peak) 

b) Tm = 545775 N-m, Pm = 1028.8xlO3 W 

www.EngineeringEBooksPdf.com



PROBLEMS AND ANSWERS FOR CHAPTER 9 437 

c) ^m.pu =0-8, a>m = 1.885 rad/sec (18 rpm), cor - 56.55 rad/sec 
d) v^ = 220.02 V (peak), vqs = 344.17 V (peak), Fs = 289.6 V (rms) 
e) Pcus=3.387xl03 W, 5 = 14.51°, PFS = 0.9493 (leading) 
f) />5 =1025.38xl03 W, Qs = -339.42x 103 VAR, 77=99.67% 

9-15. Repeat Problem 9-13 if the rms stator current Is is 1704.34 A. 

Answers: 

a) iqs = 2295.2 A (peak), i^ = 735.91 A (peak) 
b) Tm =769535 N-m, Pm = 1722.4 xlO3 W 
c) «m.pu = °-95> œm = 2 - 2 3 8 rad/sec (21.37 rpm), (or =67.15 rad/sec 
d) v^ = 355.5 V (peak), vqs = 384.5 V (peak), Vs = 370.2 V (rms) 
e) ^ . ^ ^ ^ x 1 0 3 w - 5=17.78°, PFS = 0.9065 (leading) 
f) Ps =1716.05xl03 W, Qs =-799.43xlO3 VAR, 77 = 99.63% 

Topic: Unity Power Factor (UPF) Control 

9-16 (Solved Problem). Consider a 2.0 MW, 690 V, 11.25 Hz salient-pole PMSG wind 
energy conversion system. The parameters of the generator are given in Table B-11 of 
Appendix B. The generator is controlled by MPPT and UPF schemes. At a wind speed 
of 12.0 m/s, the generator operates at 1.0 pu rotor speed. Calculate the following: 

a) The generator mechanical torque and power 

b) The ify-axis and rms stator currents 
c) The dq-axis and rms stator voltages 
d) The stator winding loss and power factor 

e) The stator active and reactive powers, and generator efficiency 

Solution: 

a) The rotor mechanical speed: 

com = (amR x œmipu = 22.5 x (2TT / 60) x 1.0 = 2.356 rad/sec (22.5 rpm) 

The rotor electrical speed: 

cor =comxP = 2.356x30 = 70.686 rad/sec 

The generator mechanical torque at 1.0 pu rotor speed: 

Tm =Te = Tmj, x (com pu)2 = 852770x(1.0)2= 852770 N-m 

The rated mechanical power: 

Pm,R =0}m,RXTm,R = 22.5x(2^/60)x(852770) = 2009.3x 103 W 
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The generator mechanical power at 1.0 pu rotor speed: 

P = P V ( Û ) ) 3 = 2009.3xl03x(1.0)3 =2009.3xlO3 W 
m m,K \ /n,pu ' ^ * 

b) The dq-axis stator currents of the generator with UPF control: 

Ar 6.641 
iqs = . r = . = 1986.2 A (peak) 

yLdLg 2Vl.21xlO_3x2.31xlO-3 -qs 

Xr-^r-ALdLqi^s _6.641-A/6.6412-(4xl.21xl0-3x2.31xl0"3xl986.22) 
ds 2Ld 2xl.21xl0"3 

= 2744.3 A (peak) 

The rms stator current: 

Is = ^Jids + i]s 14l = Vl986.22 + 2744.32 / 4l = 2395.4 A 

c) From the steady-state model of the generator, the dq-axis stator voltages can be cal-
culated by 

-(2744.3 x 0.73051 xl0_ 3) +(70.686 x 2.31 x l0" 3 x 1986.2) = 322.3 V (peak) 

vds=-'dsR
S+<»rl<qi<ls 

-(2744.3x0.730 

vqs =-iqs
Rs -°>r

Ld>ds + £ t ) A 

= -(1986.2x0.73051 x 10"3)-(70.686 x 1.21 x 10"3 x 2744.3) + (70.686x6.641) 

= 233.27 V (peak) 

The rms stator voltage: 

K =^vds+vl /A/2 =V322.32+233.272 /y¡2= 281.33V 

d) The stator winding loss: 

Pcus =3(IS)
2RS = 3x2395.42x0.73051xl0'3 =12.575xl03 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

e tan->Z2L = t a n - i 233^7 = 3 5 9o 
vds 322.3 

B, = tan- i s tan"' 1 ^ = 35.9° 
ids 2744.3 
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The stator power factor angle: 

çs = ev -6i =35.9°- 35.9° = 0° 

The stator power factor of the generator: 

PFS =cos(ps = cos(0°) = 1.0 

e) The stator active power: 

Ps =Pm-Pcu,s =(2009.3-12.575)xl03 =1996.7xl03 W 

Qs = WSIS sin <ps = 0 VAR because of the UPF operation. 

The efficiency of the PMSG neglecting rotational and core losses is then 

rj = ps ¡pm =1996.7/2009.3 = 99.37% 

9-17. Repeat Problem 9-16 when the PMSG operates at 0.85 pu rotor speed. 

Answers: 

a) Tm =616126 N-m, P m =1234xl0 3 W 
b) iqs = 1986.2 A (peak), i^ = 2744.3 A (peak), Is = 2395.4 A (rms) 

c) v^ = 273.66 V (peak), vqs = 198.1 V (peak), Vs = 238.9 V(rms) 
d) Pcus =12.58xl03 W, PFS =1.0 
e) Ps =1221.38xl03 W, o f = 0 V A R , 77=98.98% 

9-18. Repeat Problem 9-16 when the PMSG operates at 0.45 pu rotor speed. 

Answers: 

a) Tm =172685 N-m, Pm = 183.1xl03 W 

b) iqs = 1986 A (peak), ids = 2144 A (peak), Is = 2395.4 A (rms) 
c) v^ = 143.93 V (peak), vqs = 104.17 V (peak), Vs = 125.64 V (rms) 
d) Pcus =12.58xl03 W, PFS =1.0 
e) Ps= 170.52xlO3 W, ß s = 0 V A R , TJ =93.13% 

Topic: Steady-State Analysis of CSC Interfaced SG WECS 

9-19 (Solved Problem). A 2.45 MW, 4000 V, 53.3 Hz nonsalient-pole PMSG is used 
in a CSC interfaced WECS. The parameters of the generator are given in Table B-10 
of Appendix B. The generator operates with an MPPT scheme. At a wind speed of 
10.8 m/s, the generator operates at 0.9 pu rotor speed. The rectifier and inverter filter 
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capacitor values are 149 |xF and 213 u>F, respectively. With the generator controlled 
by the ZDC scheme, find the following: 

a) The generator mechanical torque and power 

b) The dq-axis and rms stator currents 
c) The dq-axis and rms stator voltages 
d) The power factor and the stator active and reactive powers 
e) The rms capacitor and rectifier PWM currents 
f) The rectifier and inverter firing angles 

Solution: 

a) The mechanical rotor speed: 

ii)m = 0)mR xmm pu = 400x(2K 160)x0.9 = 37.7 rad/sec (360 rpm) 

The electrical rotor speed: 

0)r =o)mxP = 37.7x8 = 301.59 rad/sec 

The generator mechanical torque at 0.9 pu rotor speed: 

Tm =Te = Tm , x(a>m,pu)
2 = 58458.5 x(0.9)2 = 47351.4 N-m 

The rated mechanical power: 

Pm,R=<°m,RxTm,R = 400x(2;r/60)x(58458.5) = 2448.7x 103 W 

The generator mechanical power at 0.9 pu rotor speed: 

p =/> X(ÍO ni )
3= 2448.7xl03x(0.9)3= 1785.1 xlO3 W 

m m,ti \ m,pu ' v ' 

b) The fi?<7-axis stator currents of the generator with ZDC control: 

¿A = 0 A (peak) 

T 47351 4 
/„ = -^ = = 561.3 A (peak) 
qs \.5xPxXr 1.5x8x7.0301 

The rms stator current: 

!. = <J'l +il/J2 = yl02 + 56l32/j2 = 396.9 A 

c) From the steady-state model of the generator, the dq-axis stator voltages can be cal-
culated by 
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vds =-'dsRs +(°r
L

q'qs = - 0 + (301.59x9.816xl(T3x561.3) = 1661.7V(peak) 

vqs =-iqsRs -a>rLdids +œrXr =-(561.3x24.21 x 1CT3)-(0) +(301.59x7.0301) 

= 2106.6 V (peak) 

The rms stator voltage: 

Vs = ijvl +v2
qsl4l= Vl661.72 +2106.62 /V2 = 1897.24V 

d) The stator winding loss: 

Pc u j=3(/S)2^=3x396.92x24.21xl0"3=11.44xl03 W 

The rotor winding losses are zero for PMSG. 
The angles of the stator voltage and current vectors: 

O ^ t a n - ' ^ - ^ - * 2 1 5 ^ = 51.73» 
v* 1661.7 

0 t a n - i k = t a n - i 5 6 1 3 = 9 ( ) 0 

The stator power factor angle: 

(ps = 0v-0,.=51.73o-9O° = -38.27° 

The stator power factor of the generator: 

PFS =cos<ps =cos(-38.27°) = 0.7851 (leading) 

The stator active and reactive powers: 

^=3^7 ,0080 , =3x1897.2 x 396.9 xcos(-38.27°) =1773.7x10 3 W 

Qs =WJssin<ps = 3x1897.2 x 396.9xsin(-38.27°) =-1399.1x10 3 VA R 

The efficiency of the PMSG neglecting rotational and core losses is then 

/ j=P i / / >
m =1773.7/1785.1 = 99.36% 

e) The dq-axis currents of the rectifier-side capacitor Cr can be found from 

Ucrd =-0)rvqsCr =-301.59x2106.6xl49xl0_6=-94.67A 
l « (peak) 
[icrq =0)rvdsCr =301.59xl661.7xl49xl0-6 =74.67 A 
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The rms capacitor current: 

hr = yjicrd + ilrq f ^2 = V94.672 + 74.672 / 4l = 85.26 A (rms) 

The dg-ax\s PWM currents of the rectifier can be calculated by 

f'Ar = ids - icrd = 0 - (-94.67) = 94.67 A 

iqwr = V - iCrq = 561.3 - 74.67 = 486.63 A 
(peak) 

The rms rectifier PWM current: 

A«- = V'Ar + '?2w / ̂ 2 = V94.672 + 486.632 / 4l = 350.55 A (rms) 

f) The rectifier firing angle can be found as: 

_, 486.63 
ar = tan ' - ^ = tan :79° 

«Ar 94.67 

The active power delivered from the generator to the dc link circuit is 

rdc ■■-P, =-1773.7xlOJ W 

The DC-link current: 

Idc =4ïlwrXmr = 4l x 350.55x1.0 = 495.75 A 

where rectifier modulation index mr is set to its maximum value of 1.0. 
The rectifier-side DC voltage: 

"der 
Pdc _-1773.66xl03 

ldc 495.75 
=-3577.8 V 

Neglecting the winding resistance of the DC choke Ldc, the inverter-side DC volt-
age is 

V*t=V*r =-3577.8 V 

The inverter firing angle: 

a, = cos 
- i dci 

riiimy, LL 
= cos 

-3577.8 

/3/2xl.08x4000 
: 132.6° 

where m¡ is the modulation index of the inverter with SHE scheme. 

9-20. Repeat Problem 9-19 when the PMSG operates at 0.7 pu rotor speed. 
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Answers: 

a) Tm = 28644 N-rn, Pm = 839.9 x 103 W 
b) ij; = 0 A, iqs = 339.55 A (peak), Is = 240.1A (rms) 
c) vds = 781.84 V (peak), vqs = 1640.8 V (peak), Vs = 1285.2 V (rms) 
d) />„,,= 4.187 xlO3, PFS = 0.9028 (leading), Ps =835.7xlO3 W , 

Qs =-398.2xlO3 VAR, r\ =99.5% 
e) /„. = 44.92 A (rms), Iwr = 224.47 A (rms) 
f) ar = 79.6°, a, = 119.84° 

9-21. Repeat Problem 9-19 when the PMSG operates at 0.5 pu rotor speed. 

Answers: 

a) Tm = 14614 N-m, Pm = 306.1 xlO3 W 

b) ¡A = 0 A, iqs = 173.2 A (peak), Is = 122.5 A (rms) 
c) v<h = 284.9 V (peak), vgj = 1173.7 V (peak), Fs = 854.04 V (rms) 
d) Pcus =1.09xl03 W, PFS =0.9718 (leading), Ps =305.0xl03 W, 

Qs = -74.04x 103 VAR, 77 = 99.64% 
e) / „ = 21.32 A (rms), Iwr = 119.3 A (rms) 

f) ar = 80°, a,-=110° 

9-22 (Solved Problem), Consider a 2.45 MW, 4000 V, 53.33 Hz CSC interfaced non-
salient-pole PMSG WECS. The parameters of the generator are given in Table B-10 of 
Appendix B. The generator operates with an MPPT scheme. At a given wind and gen-
erator speed, the DC-link power Pdc, rectifier firing angle an and inverter firing angle 
a, are found to be -1246.6 kW, 79.39°, and 125.68°, respectively. The rectifier and in-
verter filter capacitor values are 149 u,F and 213 |JLF, respectively. With the generator 
controlled by the ZDC scheme, calculate the following: 

a) The rectifier-side DC voltage and DC-link current 

b) The dq-axis and rms rectifier and inverter PWM currents 
c) The rotor mechanical and electrical speeds 
d) The ¿?<7-axis and rms stator currents and voltages 

e) The ^-axis and rms currents of the rectifier-side capacitor 
f) The stator reactive power and power factor 

Solution: 

a) The inverter firing angle can be related to inverter-side DC voltage by 

a, = cos ' "dci 

lûïmyu. J 

=>Vda, = V3/2m,yucos(a,.) = V3/2xl.08x4000xcos(125.68°) =-3086.6 V 

where m¡ is the modulation index of the inverter with SHE scheme. 
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Neglecting the winding resistance of the DC choke Ldc, the inverter-side DC 
voltage is 

Vdcr=Vda:=-3086.6 V 

The DC-link current: 

/ t f c = ^ - 1 2 4 6 . 6 x l 0 3
= 4 0 3 8 7 A 

dc Vdcr -3086.6 

b) The DC-link current can be related to rms rectifier PWM current as, 

IwrX=Idcl42mr = 403.87/( A/2 x 1.0) = 285.58 A 

where rectifier modulation index mr is set to its maximum value of 1.0. 
The rectifier firing angle can be related to ¡ig-axis rectifier PWM currents by 

«r=tan""1(/?lvr//iAvr) 

from which 

/ = tanar x i^ = 5.302 x i^ 

/ « . = 1 / ( / A r ) 2 + ( w ) 2 / ^ 2 

=> (7W xV2)2=( /^ ) 2+ (5.302/^ f 

- W = ^ 4 = ̂  = 74.85A (peak) 
Vl + 5.3022 V29.ll 

=*iqwr = 5 .302x i^ =5.302x74.85 = 396.88 A (peak) 

The inverter firing angle can be related to dq-axis inverter PWM currents by 

a¡=tan~\i9V/l/idw¡) 

from which 

iqwi = tan a i x iM = -1.392 x i^ 

The rms rectifier PWM current Iwr is equal to rms inverter PWM current Iwi if the 
losses in the DC choke are neglected: 
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^ ( / w , x V 2 ) 2 =(idw¡)
2 + (1.392idW)2 

(7w,xV2) 403.87 „ „ ^ A , , . 
=* W = 2 = - 7 T ^ = 235.61 A (peak) 

Vl + 1.3922 V2.938 

=>Í?W, =-1.392X1^,. =-1.392x235.61 =-328.03A (peak) 

c) The generator mechanical power is equal to DC-link power if the stator winding 
losses are neglected. For simplicity, the losses are ignored. Therefore, 

Ps=Pm= Pdc = 1246.6X103 W 

The rated mechanical power: 

Pm,R =°>m,RxT
m,R =400x(2;r/60)x(58458.5) = 2448.7xl03 W 

The generator mechanical power can be related to pu rotor speed as follows 

m m,ri v m,pu J 

from which pu rotor speed can be calculated by 

"VPU = pm/PmJl = V1246.6/2448.7 = 0.7985 

The rotor mechanical speed: 

mm=®m,Rx°>mpa =400x(2^/60)x0.7985 = 33.45rad/sec (319.4rpm) 

The rotor electrical speed: 

cor =CûmxP = 33.45x8 = 267.57 rad/sec 

d) The d-axis rectifier PWM current can be related to ¿-axis rectifier-side capacitor 
current as 

dwr ds crd 

where ids = 0 A for ZDC control 

'crd = -'dm- = - 7 4 - 8 5 A (Peak) 

The ¿/-axis rectifier-side capacitor current icrd can be related to <jr-axis stator voltage 
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-ß>, v„„ C, 

vqs = icrd l(-(or Cr ) = -74.85 A-267.57x 149x 10"6) = 1877.4 V (peak) 

The q-axis stator current can be calculated by 

/„ =Ps/l.Svqs =1246.6xl03/( 1.5x1877.4) = 442.65 A (peak) 

The ¿-axis stator voltage can be calculated by 

vds =-idsRs+(°rLgi<¡s =-(0) + (267.57 x 9.816x10~3 x 442.65) = 1162.6 V (peak) 

The rms stator voltage: 

vs = ^vi +v2
qsl4l= Vl 162.62 +1877.42 / 4Ï = 1561.5 V 

The rms stator current: 

Is = ^ 4 + >qs lJÎ = Vo2 H-442.652 /A/2 = 313 A 

e) The dg-axis currents of the rectifier-side capacitor Cr can be calculated by 

icrd =-'dwr =-74.85 A (peak) 

icn? =û}rvdsCr =267.57x1162.6x149x10"6 =46.35A (peak) 

The rms capacitor current: 

hr = yj'crd + 4 , / V2" = V74.852 + 46.352 / 4l = 62.25 A (rms) 

f) The stator reactive power: 

Qs =1.5(v9i^ - v ^ ) = 1.5(0- 1162.62x442.65) = -771.95 xlO3 VAR 

The stator power factor of the generator: 

PFS = cosçs = Ps = 1246.6 = Q g 5 ( l e a d i n g ) 

T¡PS+Q2
S V1246.62+771.952 

9-23. Repeat Problem 9-22 when the DC-link power Pdc, rectifier firing angle an and 
inverter firing angle a, are -526.66 kW, 79.81°, and 114.67°, respectively. 

Answers: 

a) Vdcr = -2208.5 V, Idc = 238.47 A 
b) 7^=168.63A, idwr=42.\6A, z?vtr=234.72A, 

Iwi = 168.83 A, iM = 99.54 A, / = -216.7 A 
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c) (Om = 25.1 rad/sec (239.66 rpm), cor - 200.78 rad/sec 
d) vgs = 1409.4 V, v^ = 490.95 V, Vs = 1055.4 V, 

i ^ O A , i„=249.11A, / , = 176.15 A 

e) icrd = -42.16 A, icrq = 14.69 A, Icr = 31.57 A (rms) 
f) Qs =-183.45xlO3 VAR, PFS = 0.9443 (leading) 

9-24. Repeat Problem 9-22 when the DC-link power Pdc, rectifier firing angle an and 
inverter firing angle a, are -2431.26 kW, 78.60°, and 141.06°, respectively. 

Answers: 

a) Vdcr = -4115.2 V, Idc = 590.81 A 
b) 7^=417.76A, / ^ =116.79A, iqwr =579.15A, 

/„, =417.76 A, i ^=459 .52 A, i ^ =-371.34 A 
c) (Om = 41.79 rad/sec (399.05 rpm), (Or = 334.31 rad/sec 

d) vqs = 2344.6 V, v^ = 2268.6 V, V, = 2306.9 V, 
ids=0A, igs=69\.3\A, / ä=488.83A 

e) icrd = -116.79A, icrq = 113 A, Icr=\ 14.91 A (rms) 

f) Qs =-2352.42xlO3 VAR, PFS =0.7187 (leading) 
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abc/dq reference frame transformation, 51 
abc/aß transformation, 53 
AC voltage controllers (soft starters), 88 

Single-phase AC voltage controller, 89 
Three-phase AC voltage controller, 92 

Active stall control, 40 
Active state, 117, 134 
Active vector, 117, 135 
Aerodynamics, 37 
Aerodynamic power control, 12, 39 

Active stall control, 40 
Passive stall control, 39 
Pitch control, 41 

Air gap, 55, 73, 74 
Air gap flux orientation, 192 
Amplitude modulation index, 112 
Anemometer, 36 
Angle of attack, 28, 41 
Arbitrary frame, 52 

Back-to-back VSC, 289 
Back-to-back power converter, 163 
Blanking time, 114 
Boost converter, 97, 99, 103, 165, 303 

Multichannel boost converter, 164 
Multilevel boost converter, 164 

Brushless rotor, 50 
Buck converter, 166 
Bypass switch, 155, 174 

Carrier wave, 112 
CCM, see Continuous current mode 

Commutation, 131 
Continuous current mode (CCM), 99 
Control of current source converter (CSC) 

interfaced WECS, 223 
Steady-state analysis, 228 
Variable a with fixed m, 225 
Variable m with fixed a, 224 
Variable a and variable m, 225 

Control of synchronous generator (SG), 277 
Maximum torque per ampere (MTPA) 

control, 279, 285, 294, 299 
Unity power factor (UPF) control, 281, 287 
Zero ¿-axis current (ZDC) control, 277 

282,289,291,292 
Current source converter (CSC), 131, 163, 

223, 308 
Current source inverter (CSI), 132, 162, 

164, 167,223 
Current source rectifier (CSR), 140, 162, 

164,223 
Dwell time calculation, 136 
Selective harmonic elimination (SHE), 

132 
Space vector modulation, 133, 139 
Space vector, 135 
Switching sequence, 138 
Switching state, 133 

Current source converter (CSC) based SG 
wind energy system, 308 

Cut-in speed, 44 
Cut-out speed, 38, 45 
CSC, see Current source converter 
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CSI, see Current source inverter 
CSR, see Current source rectifier 

DC/DC converter, 164 
DC/DC boost converter interfaced SG wind 

energy system, 302 
DCM, see Discontinuous current mode 
Decoupled controller, 146 
Delay angle, 90, 92, 141 
DFIG, see Doubly fed induction generator, 

55,237 
DFIG WECS startup, 269 
Diode clamped inverter, 125 
Diode rectifier, 109, 164, 166, 169 
Direct drive turbine, 153 
Direct field oriented control (FOC), 192 

Field orientation, 192 
Rotor flux calculator, 195 

Direct grid connection of SCIG, 62 
Direct torque control (DTC), 210 

Stator flux calculator, 214 
Steady-state analysis of SCIG WECS with 

DTC, 217 
Switching logic, 211 
Torque calculator, 214 
Transient analysis of SCIG WECS with 

DTC, 215 
Discontinuous current mode (DCM), 99 
Distributed converter, 167 
Doubly fed induction generator (DFIG), 16, 

33, 49, 55, 237 
dq reference frame model, 58 
DTC, see Direct torque control 
dv/dt, 126, 140, 160 
Dwell time calculation, 120, 136 

Electromagnetic torque, 57, 59, 77, 219, 277, 
279 

Equivalent impedance, 66, 240, 244 
External rotor resistance, 157 

Fault ride through, 20 
Low voltage ride through, 20 
Phase controlled SCR rectifier, 141 

Field current, 75 
Field orientation, 192 

Air gap flux orientation, 192 
Rotor flux orientation, 192 
Stator flux orientation, 192 

Field winding, 71, 162,302 
Filter capacitor, 99, 102, 132, 140 
Firing angle control, 308 
Fixed-speed WECS, 13, 87, 154, 173 
Fixed-speed operation of SCIG, 177 

Single-speed WECS, 154 
Two-speed WECS, 155 
Two-speed operation, 179 

Flux producing current, 193, 227 
Flux producing component, 192 
Flux comparator, 212 
Flux linkage, 56, 59, 194, 210, 257, 278 
Four quadrant converter, 158 
Frequency modulation index, 112 
Full-capacity power converter, 15, 153, 160, 

163, 177, 191 
Fully pitched blade, 41 
Fully stalled blade, 41 

Gate signal arrangement, 127 
Generator control mode, 44 
Generator side control, 226 
Generator torque-speed characteristic, 68 
Grid code, 20 

Fault ride though, 20 
Reactive power control, 21 

Grid connected application, 3 
Grid connection with soft starter, 180 
Grid connected inverter, 142, 148 
Grid-side control, 228 
Grid-side converter (GSC), 158, 167, 191, 

238 
Grid-side MPPT control, 301 
Grid-tied inverter, 125, 142, 148 
GSC, see Grid-side converter 

Harmonic filter, 88, 159, 223, 237 
L filter, 159 
LC filter, 159 
LCL filter, 159 

High-speed SCIG, 156 
Horizontal-axis wind turbine, 10 

IG, see Induction generator 
Induction generator (IG), 49, 55 

Construction, 55 
Doubly fed induction generator (DFIG), 

55, 237 
dq reference frame model, 58 
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Power flow, 66 
Simulation model, 59 
Space vector model, 56 
Squirrel-cage induction generator (SCIG), 

55, 62, 69 
Steady-state equivalent circuit, 65 
Torque-slip curve, 69, 158 
Torque-speed characteristics, 68 
Transient characteristics, 61 

Indirect turbine drive, 153 
Indirect field oriented control (FOC), 204 
Initial angular position, 53 
Input current ripple, 104 
Inset magnet, 49, 74 
Interleaved boost converters, 97 

Multichannel interleaved boost converter, 
107 

Single-channel boost converter, 99, 165 
Three-channel boost converter, 109, 165 
Two-channel boost converter, 103, 108, 

165 

Lagging power factor operation of DFIG 
WECS, 252, 256 

Leading power factor operation of DFIG 
WECS, 252, 255 

Leakage reactance, 66, 246 
Low-speed SCIG, 156 
Low voltage ride through, 20 

Magnetizing inductance, 56, 75 
Magnetizing reactance, 66 
Maximum current ripple, 101 
Maximum power point tracking (MPPT) 

control, 43 
With optimal tip speed ratio, 46 
With optimal torque control, 46 
With turbine power profile, 45 

Maximum torque per ampere (MTPA) 
control, 279, 285, 294, 299 

Modulating wave, 112 
Modulation index, 121, 138, 142 
MPPT control, see Maximum power point 

tracking control 
MTPA control, see Maximum torque per 

ampere control 
Multichannel interleaved boost converter, 

107 
Multichannel boost converter, 164 

Multilevel boost converter, 164 
Multilevel inverter, 125 
Multiwinding generator, 167 

Nacelle frame, 26 
Neutral point clamped (NPC) inverter, 125 
Nonsalient SG WECS, 289, 291 
NPC inverter, see Neutral point clamped 

inverter 

Offline modulation, 133 
Offshore application, 4 
On-land application, 4 
Optimal tip speed ratio (TSR), 46 
Optimal torque control, 46, 289 
Output voltage ripple, 106 

Parking mode, 44 
Phasor diagram, 201, 209 
Passive stall control, 39 
Permanent magnet synchronous generator 

(PMSG), 50, 73, 108, 299 
Inset magnet, 49, 74 
Surface mounted magnet, 49, 74 

Pitch control, 41 
Pitch control mode, 44 
Pitch drive, 26 
PMSG, see Permanent magnet synchronous 

generator 
Power converter, 87 
Power factor, 72, 143, 185 
Power factor angle, 90, 143, 186 
Power flow, 66 

Reactive power compensation, 176, 184 
Reactive power control, 21, 148, 304, 312 
Reduced capacity converter, 14, 154 
Reference frame transformation, 50 

abc/dq transformation, 51 
abc/aß transformation, 53 

Reference vector, 119, 129, 136 
Renewable energy source, 1 
Rotating frame, 52 
Rotor-side converter (RSC), 158, 238 
Rotor converter, 16 
Rotor flux angle, 193,204 
Rotor flux calculator, 195 
Rotor flux controller, 194 
Rotor flux orientation, 192 
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Rotor hub, 26 
Rotor leakage inductance, 56 
Rotor self-inductance, 56 
Rotor speed feedback control, 294 
RSC, see Rotor-side converter 

Salient-pole SG WECS, 294, 296 
Sampling period, 120, 129, 137 
Seven segment, 123 
Simulation model, 59, 78 
Single-channel boost converter, 99, 165 
Single-phase AC voltage controller, 89 
Six-phase generator, 167 
Slip frequency, 58 
Slip ring fed rotor, 50 
Soft starter, 88, 174, 176, 180 
Solid state converter, 131 
Space vector modulation, 116, 124, 128, 133, 

139 
Space vector model, 56 
Space vector, 54, 117, 135 
Squirrel-cage induction generator (SCIG), 55, 

62, 69, 191 
Standalone application, 3, 77, 81 
Stationary frame, 51 
Stator flux calculator, 214 
Stator flux orientation, 192 
Stator leakage inductance, 56 
Stator self-inductance, 56 
Stator voltage oriented control (SVOC), 

254 
Steady-state equivalent circuit, 65, 80, 240 
Sub-synchronous operation, 238 
Super-synchronous operation, 238 
Surface mounted magnet, 49, 74 
SVOC, see Stator voltage oriented control 
Switching angle, 134 
Switching logic, 211 
Switching period, 99 
Switching sequence, 122, 138 
Switching state, 117, 127, 133 
Synchronous generator (SG), 49, 71 

Construction, 72 
Dynamic model, 75 
Permanent magnet synchronous generator 

(PMSG), 50, 73, 108,299 
Steady-state equivalent circuit, 80 
Wound rotor synchronous generator 

(WRSG), 72 

Tip speed ratio (TSR), 42 
THD profile, 131 
Three-channel boost converter, 109, 165 
Three-level boost converter, 166 
Three-level neutral point clamped (NPC) 

converter, 125, 161, 163 
Space vector modulation, 128 
Switching states, 127 

Three-phase AC voltage controller, 92 
Torque producing current, 193 
Torque producing component, 192 
Torque-slip curve, 69, 158 
Torque-slip characteristics of DFIG WEC, 

246, 255 
Torque angle, 210 
Torque calculator, 214 
Torque comparator, 212 
Torque-speed characteristics, 68 
Total leakage factor, 196 
Transient characteristics, 61 
TSR, see Tip speed ratio 
Turbine blade, 27 
Turbine power profile, 45 
Turbine size, 4 
Two-channel boost converter, 103, 108, 

165 
Two-level voltage source converter, 112, 160, 

163, 165 
Dwell time calculation, 120 
Harmonic analysis, 124 
Modulation index, 121 
Sampling period, 120, 129, 137 
Seven segment, 123 
Sinusoidal PWM, 112 
Space vector, 117 
Space vector modulation, 116 
Switching sequence, 122 
Switching state, 117 

Unity power factor (UPF) control, 281, 287 
Unity power factor operation of DFIG, 240 

Steady-state analysis, 249 
Steady-state equivalent circuit, 240 
Torque-slip characteristic, 246 

Variable rotor resistance, 15 
Variable-speed induction generator WECS, 

14, 17, 157 
Doubly fed induction generator, 16, 158 
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Wound rotor induction generator (WRIG), 
15, 157 

Variable-speed synchronous generator 
WECS, 162 

System configuration, 276 
Variable-speed turbine, 12 
Vertical-axis wind turbine, 10 
VOC, see Voltage oriented control 
Voltage oriented control (VOC), 144, 148 
Voltage source converter (VSC), 87, 112, 

131,169 
Voltage source inverter (VSI), 109, 160 
Voltage source rectifier (VSR), 160 
VSC, see Voltage source converter 
VSI, see Voltage source inverter 
VSR, see Voltage source rectifier 

WECS, see Wind energy conversion system 
Wind energy conversion system (WECS), 2, 

13,87,153,173,237,275 
Cost, 8 
Configurations, 13,88, 153 

Wind farm, 6 
Wind power capacity, 2 
Wind turbine, 7, 9, 26, 174 

Aerodynamics, 37 
Fixed-speed turbine, 12 
Foundation, 35 
Gearbox, 30, 175 
Generator, 33, 49, 175 
Horizontal-axis wind turbine, 10 
Large wind turbine, 3 

Offshore on-land wind turbine, 7 
On-land wind turbine, 7 
Pitch mechanism, 29 
Power characteristic, 38 
Power profile, 45 
Power-speed characteristic, 44, 239 
Power vs. wind speed curve, 40, 178, 181, 

203, 297 
Rotor mechanical brake, 32 
Small wind turbine, 3 
Tower, 4, 35 
Torque vs. speed curve, 203 
Turbine blade, 27 
Turbine size, 4 
Variable-speed turbine, 12 
Vertical-axis wind turbine, 10 
Wind sensor (anemometer), 36 
Yaw drive, 33 

Wind sensor (anemometer), 36 
Winding slot, 55, 73, 74 
Wound rotor induction generator (WRIG), 

15,49, 157,237 
Wound rotor synchronous generator 

(WRSG), 72 
WRIG, see Wound rotor induction generator 
WRSG, see Wound rotor synchronous 

generator 

Zero d-axis current (ZDC) control, 277 
Zero state, 117, 134 
Zero vector, 117, 135 

www.EngineeringEBooksPdf.com



www.EngineeringEBooksPdf.com



IEEE Press Series 
on Power Engineering 

1. Principles of Electric Machines with Power Electronic Applications, Second 
Edition 
M. E. El-Hawary 

2. Pulse Width Modulation for Power Converters: Principles and Practice 
D. Grahame Holmes and Thomas Lipo 

3. Analysis of Electric Machinery and Drive Systems, Second Edition 
Paul C. Krause, Oleg Wasynczuk, and Scott D. Sudhoff 

4. Risk Assessment of Power Systems: Models, Methods, and Applications 
Wenyuan Li 

5. Optimization Principles: Practical Applications to the Operations of Markets of 
the Electric Power Industry 
Narayan S. Rau 

6. Electric Economics: Regulation and Deregulation 
Geoffrey Rothwell and Tomas Gomez 

7. Electric Power Systems: Analysis and Control 
Fabio Saccomanno 

8. Electrical Insulation for Rotating Machines: Design, Evaluation, Aging, Testing, 
and Repair 
Greg Stone, Edward A. Boulter, Ian Culbert, and Hussein Dhirani 

9. Signal Processing of Power Quality Disturbances 
Math H. J. Bollen and Irene Y. H. Gu 

10. Instantaneous Power Theory and Applications to Power Conditioning 
Hirofumi Akagi, Edson H. Watanabe, and Mauricio Aredes 

11. Maintaining Mission Critical Systems in a 24/7 Environment, Second Edition 
Peter M. Curtis 

12. Elements of Tidal-Electric Engineering 
Robert H. Clark 

13. Handbook of Large Turbo-Generator Operation Maintenance, Second Edition 
Geoff Klempner and Isidor Kerszenbaum 

14. Introduction to Electrical Power Systems 
Mohamed E. El-Hawary 

15. Modeling and Control of Fuel Cells: Disturbed Generation Applications 
M. Hashem Nehrir and Caisheng Wang 

16. Power Distribution System Reliability: Practical Methods and Applications 
Ali A. Chowdhury and Don O. Koval 

Power Conversion and Control of Wind Energy Systems. By B. Wu, Y. Lang, N. Zargari, and S. Kouro
© 2011 the Institute of Electrical and Electronics Engineers, Inc. Published 2011 by John Wiley & Sons, Inc. 

www.EngineeringEBooksPdf.com



17. Introduction to FACTS Controllers: Theory, Modeling, and Applications 
Kalyan K. Sen and Mey Ling Sen 

18. Economic Market Design and Planning for Electric Power Systems 
James Momoh and Lamine Mili 

19. Operation and Control of Electric Energy Processing Systems 
James Momoh and Lamine Mili 

20. Restructured Electric Power Systems: Analysis of Electricity Markets with 
Equilibrium Models 
Xiao-Ping Zhang 

2\.An Introduction to Wavelet Modulated Inverters 
S.A. Saleh and M. Azizur Rahman 

22. Probabilistic Transmission System Planning 
Wenyuan Li 

23. Control of Electric Machine Drive Systems 
Seung-Ki Sul 

24. High Voltage and Electrical Insulation Engineering 
Ravindra Arora and Wolfgang Mosch 

25. Practical Lighting Design with LEDs 
Ron Lenk and Carol Lenk 

26. Electricity Power Generation: The Changing Dimensions 
Digambar M. Tagare 

27. Electric Distribution Systems 
Abdelhay A. Sallam and Om P. Malik 

28. Maintaining Mission Critical Systems in a 24/7 Environment, Second Edition 
Peter M. Curtis 

29. Power Conversion and Control of Wind Energy Systems 
Bin Wu, Yongqiang Lang, Navid Zargan, and Samir Kouro 

Forthcoming Titles 

Doubly Fed Induction Machine: Modeling and Control for Wind Energy Generation 
Applications 
Gonzalo Abad, Jesus Lopez, Miguel Rodriguez, Luis Marroyo, and Grzegorz 
Iwanski 

www.EngineeringEBooksPdf.com


	CONTENTS
	Preface
	List of Symbols
	Acronyms and Abbreviations
	1 Introduction
	1.1 Introduction
	1.2 Overview of Wind Energy Conversion Systems
	1.2.1 Installed Capacity and Growth Rate
	1.2.2 Small and Large Wind Turbines
	1.2.3 Stand-Alone and Grid-Connected Applications
	1.2.4 On-Land and Offshore Applications
	1.2.5 Costs of Wind Energy Conversion Systems

	1.3 Wind Turbine Technology
	1.3.1 Horizontal- and Vertical-Axis Wind Turbines
	1.3.2 Fixed-and Variable-Speed Turbines
	1.3.3 Stall and Pitch Aerodynamic Power Controls

	1.4 Wind Energy Conversion System Configurations
	1.4.1 Fixed-Speed WECS without Power Converter Interface
	1.4.2 Variable-Speed Systems with Reduced-Capacity Converters
	1.4.3 Variable-Speed Systems with Full-Capacity Power Converters

	1.5 Grid Code
	1.5.1 Fault Ride-Through Requirements
	1.5.2 Reactive Power Control

	1.6 Summary
	References.

	2 Fundamentals of Wind Energy Conversion System Control
	2.1 Introduction
	2.2 Wind Turbine Components
	2.2.1 Turbine Blade
	2.2.2 Pitch Mechanism
	2.2.3 Gearbox
	2.2.4 Rotor Mechanical Brake
	2.2.5 Generator
	2.2.6 Yaw Drive
	2.2.7 Tower and Foundation
	2.2.8 Wind Sensors (Anemometers)

	2.3 Wind Turbine Aerodynamics
	2.3.1 Power Characteristic of Wind Turbines
	2.3.2 Aerodynamic Power Control: Passive Stall, Active Stall, and Pitch Control
	2.3.3 Tip Speed Ratio

	2.4 Maximum Power Point Tracking (MPPT) Control
	2.4.1 MPPT with Turbine Power Profile
	2.4.2 MPPT with Optimal Tip Speed Ratio
	2.4.3 MPPT with Optimal Torque Control

	2.5 Summary
	References.

	3 Wind Generators and Modeling
	3.1 Introduction
	3.2 Reference Frame Transformation
	3.2.1 abcldq Reference Frame Transformation
	3.2.2 abclaß Reference Frame Transformation

	3.3 Induction Generator Models
	3.3.1 Construction
	3.3.2 Space-Vector Model
	3.3.3 dq Reference Frame Model
	3.3.4 Simulation Model
	3.3.5 Induction Generator Transient Characteristics
	3.3.6 Steady-State Equivalent Circuit

	3.4 Synchronous Generators
	3.4.1 Construction
	3.4.2 Dynamic Model of SG
	3.4.3 Steady-State Equivalent Circuits

	3.5 Summary
	References.

	4 Power Converters in Wind Energy Conversion Systems
	4.1 Introduction
	4.2 AC Voltage Controllers (Soft Starters)
	4.2.1 Single-Phase AC Voltage Controller
	4.2.2 Three-Phase AC Voltage Controller

	4.3 Interleaved Boost Converters
	4.3.1 Single-Channel Boost Converter
	4.3.2 Two-Channel Interleaved Boost Converter
	4.3.3 Multichannel Interleaved Boost Converters

	4.4 Two-Level Voltage-Source Converters
	4.4.1 Sinusoidal PWM
	4.4.2 Space Vector Modulation
	4.4.3 Harmonic Analysis

	4.5 Three-Level Neutral Point Clamped Converters
	4.5.1 Converter Configuration
	4.5.2 Space Vector Modulation

	4.6 PWM Current Source Converters
	4.6.1 Current Source Inverter Topology
	4.6.2 Selective Harmonic Elimination
	4.6.3 Space Vector Modulation
	4.6.4 PWM Current Source Rectifier

	4.7 Control of Grid-Connected Inverter
	4.7.1 Voltage Oriented Control (VOC)
	4.7.2 VOC with Decoupled Controller
	4.7.3 Operation of Grid-Connected Inverter with VOC and Reactive Power Control

	4.8 Summary
	References.

	5 Wind Energy System Configurations
	5.1 Introduction
	5.2 Fixed-Speed WECS
	5.2.1 Single-Speed WECS
	5.2.2 Two-Speed WECS

	5.3 Variable-Speed Induction Generator WECS
	5.3.1 Wound Rotor Induction Generator with External Rotor Resistance
	5.3.2 Doubly Fed Induction Generator WECS with Reduced-Capacity Power Converter
	5.3.3 SCIG Wind Energy System with Full-Capacity Power Converters

	5.4 Variable-Speed Synchronous Generator WECS
	5.4.1 Configuration with Full-Capacity Back-to-Back Power Converters
	5.4.2 Configuration with Diode Rectifier and dc/dc Converters
	5.4.3 Configuration with Distributed Converters for Multiwinding Generators

	5.5 Summary
	References.

	6 Fixed-Speed Induction Generator WECS
	6.1 Introduction
	6.2 Configuration of Fixed-Speed Wind Energy Systems
	6.2.1 Wind Turbine
	6.2.2 Gearbox
	6.2.3 Generator
	6.2.4 Soft Starter
	6.2.5 Reactive Power Compensation
	6.2.6 Main Features and Drawbacks

	6.3 Operation Principle
	6.3.1 Fixed-Speed Operation of SCIG
	6.3.2 Two-Speed Operation of Fixed-Speed WECS

	6.4 Grid Connection with Soft Starter
	6.5 Reactive Power Compensation
	6.6 Summary
	References.

	7 Variable-Speed Wind Energy Systems with Squirrel Cage Induction Generators
	7.1 Introduction
	7.2 Direct Field Oriented Control
	7.2.1 Field Orientation
	7.2.2 Direct FOC for SCIG Wind Energy Systems
	7.2.3 Rotor Flux Calculator
	7.2.4 Dynamic and Steady-State Analysis of Direct FOC WECS

	7.3 Indirect Field Oriented Control
	7.3.1 Principles of Operation of Indirect FOC
	7.3.2 Steady-State Analysis of Indirect FOC SCIG Wind Energy System

	7.4 Direct Torque Control
	7.4.1 Principle of Direct Torque Control
	7.4.2 Switching Logic
	7.4.3 Stator Flux and Torque Calculator
	7.4.4 Transient Analysis of SCIG WECS with DTC
	7.4.5 Steady-State Analysis of SCIG WECS with DTC

	7.5 Control of Current Source Converter Interfaced WECS
	7.5.1 Introduction
	7.5.2 Control ofCSC WECS with Variable a and Fixed m
	7.5.3 Steady-State Analysis of CSC WECS

	7.6 Summary
	References.

	8 Doubly Fed Induction Generator Based WECS
	8.1 Introduction
	8.2 Super-and Subsynchronous Operation of DFIG
	8.3 Unity Power Factor Operation of DFIG
	8.3.1 Steady-State Equivalent Circuit of DFIG with Rotor-Side Converter
	8.3.2 Torque-Slip Characteristics of DFIG WECS
	8.3.3 Steady-State Analysis of DFIG WECS with PFS = 1
	8.3.4 Simplified Calculations

	8.4 Leading and Lagging Power Factor Operation
	8.5 Stator Voltage Oriented Control of DFIG WECS
	8.5.1 Principle of Stator Voltage Oriented Control (SVOC)
	8.5.2 System Block Diagram
	8.5.3 Dynamic Performance of DFIG WECS
	8.5.4 Steady-State Performance of DFIG WECS

	8.6 DFIG WECS Start-Up and Experiments
	8.7 Summary
	References.

	9 Variable-Speed Wind Energy Systems with Synchronous Generators
	9.1 Introduction
	9.2 System Configuration
	9.3 Control of Synchronous Generators
	9.3.1 Zero ¿-Axis Current (ZDC) Control
	9.3.2 Maximum Torque Per Ampere (MTPA) Control
	9.3.3 Unity Power Factor (UPF) Control
	9.3.4 Comparison ofZDC, MTPA and UPF Controls

	9.4 SG Wind Energy System with Back-to-Back VSC
	9.4.1 Nonsalient SG WECS with ZDC and Optimal Torque Control
	9.4.2 Transient and Steady-State Analysis of Nonsalient SG WECS
	9.4.3 Salient-Pole SG WECS with MTPA and Rotor Speed Feedback Controls
	9.4.4 Transient and Steady-State Analysis of Salient-Pole SG WECS
	9.4.5 Grid-Side MPPT Control Scheme

	9.5 DC/DC Boost Converter Interfaced SG Wind Energy System
	9.6 Reactive Power Control of SG WECS
	9.7 Current Source Converter Based SG Wind Energy Systems
	9.7.1 CSC Wind Energy Systems with Firing Angle Control
	9.7.2 CSC Wind Energy System with Reactive Power Control

	9.8 Summary
	References.

	Appendix A. Per-Unit System
	Appendix B. Generator Parameters
	B.1 Squirrel Cage Induction Generators
	B.2 Doubly Fed Induction Generators
	B.3 Synchronous Generators

	Appendix C. Problems and Solutions
	Index
	IEEE Press Series on Power Engineering



